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One-sentence summary: Recursive generative model motif with most prior mass on
stationarity quantitatively explains hierarchical motion perception

Since motion can only be defined relative to a reference frame, which reference
frame guides perception? A century of psychophysical studies has produced
conflicting evidence: retinotopic, egocentric, world-centric, or even object-
centric. We introduce a hierarchical Bayesian model mapping retinal velocities
to perceived velocities. Our model mirrors the structure in the world, in which
visual elements move within causally connected reference frames. Friction
renders velocities in these reference frames mostly stationary, formalized by
an additional delta component (at zero) in the prior. Inverting this model au-
tomatically segments visual inputs into groups, groups into supergroups, etc.
and ”perceives” motion in the appropriate reference frame. Critical model
predictions are supported by two new experiments, and fitting our model to
the data allows us to infer the subjective set of references frames used by in-
dividual observers. Our model provides a quantitative normative justification
for key Gestalt principles providing inspiration for building better models of
visual processing in general.

Introduction
If motion can only be defined relative to a reference frame (1), what is the brain’s reference
frame for the perception of a moving object? A century of psychophysical studies has provided
us with evidence that motion is alternatively perceived in a retinotopic reference frame (2),
in allocentric (world) coordinates (3), or coordinate frames defined by other objects in a visual
scene (4–8). Interestingly, perceived motion can rarely be explained by a single reference frame.
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For instance, in the famous Johansson illusion (4), while the perceived velocity of the center
dot is clearly biased away from the observed retinal velocity, it is not vertical as predicted by a
reference frame defined by the flanker dots. Equally, the “flow-parsing” hypothesis (3) proposes
that the brain subtracts optic flow signals that are compatible with self-motion in order to make
us perceive object motion in allocentric coordinates; yet, the empirically observed subtraction
is rarely complete (9)

Importantly, our perception of motion appears to be closely linked to an observer’s percep-
tion of the “Gestalt” of a scene, its structure, or configuration (10). Recent work has made some
progress in mathematically formalizing this elusive concept of a Gestalt: first in information-
theoretic terms (5,11), and more recently in closely-related Bayesian terms (12–14). A Bayesian
formulation, compatible with the widely influential idea that the brain combines incoming sen-
sory information with prior expectations to form subjective beliefs about the outside world
(15,16), has the advantage that these priors can be justified by the statistics and structure of the
outside world. Yet, existing Bayesian accounts of motion perception are either formulated in a
purely retinotopic reference frame (17, 18) or use priors that are not justified by our knowledge
about the world but instead “put in the Gestalt law that we want to get out” (14). Furthermore,
quantitative empirical tests of these models are based on explicit questions like “Do you per-
ceive structure A or B?” (7, 19–21) which are known to be susceptible to decision biases (22).

On a mechanistic level, motion signals are processed locally in early visual areas, and the
brain needs to combine information across these local motion detectors to form a coherent
percept. A long line of research has modeled how these early areas detect local motion (2, 23)
and how, through a series of linear-nonlinear stages, this local motion can be combined into
a more global motion percept (2, 24). While integrating these local motion signals allows the
brain to solve the ‘aperture’ problem (25), it is not always useful for the brain to integrate
information. In fact, local motion differences are a powerful segmentation cue, and several
studies (6, 25) have shown how our brain contrasts local motions to perceive relative motion. It
is however unclear how the brain decides between these two opposing operations, integration
and segmentation.

A separate line of research (26) in multisensory integration has modeled how the brain
solves a similar problem of deciding when to combine information across cues in a Bayesian
framework (‘causal inference’ ). Given the general nature of this problem of deciding when
to combine information, causal inference has been proposed to be a universal computational
motif across the sensory cortex (27). In motion perception, causal inference has been used
to successfully explain biases in estimating heading direction from both visual and vestibular
cues (28, 29), but not the perception of moving objects.

Here we present a hierarchical causal inference model that overcomes all of the above chal-
lenges by performing joint inference over the hierarchical structure of a scene and the motion
of individual visual elements within it. Importantly, the motion priors in our model are justified
by motion in the real world, in which most objects are not merely slow, but exactly stationary
with respect to their canonical reference frame (16). We also present new data from two psy-
chophysical experiments in humans that probe the hierarchical perception of motion and that
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provide strong support for the key elements of our model, in particular its hierarchical structure,
novel prior, and approximate computations.

Results

Motion is perceived in dynamically inferred reference frames that reflect
the causal structure of the world
Much of the world consists of approximately rigid objects who in turn are made up of approxi-
mately rigid parts. During translation, all points on a rigid object move in the world at the same
speed. Consequently, a common velocity for multiple moving elements in a visual scene acts
as a strong cue that the elements belong to a single object. Not surprisingly, when we observe
a group of dots moving at the same speed (Figure 1A, top), our brain combines them into one
object that it perceives as moving (Figure 1A, bottom), rather than perceiving the individual
parts as moving independently (10, 30). This common velocity cue also allows the brain to
segment the scene into multiple moving objects. For example, when we observe the dots mov-
ing as shown in Figure 1B, top, we perceive two partially overlapping objects moving at their
respective velocities (Figure 1B, bottom).

Importantly, objects do not simply move independently in the world, but are related to each
other through hierarchical whole-part relationships. When a part moves differently from the
whole, the whole becomes a natural frame of reference in which to represent that part’s motion.
For example, the body is the natural frame of reference for the motion of an arm because of
the causal whole-part relationship between the two: any change in the motion of the body is
directly translated into a change in the motion of the arm.

Our key idea linking retinal observations to percepts in Figure 1A-D is that the brain dy-
namically constructs reference frames within which most of the visual elements it contains are
stationary. We formalize this aspect of the physical world by extending the traditional slow-
speed prior (18) over moving objects to include a mixture component consisting of a delta at
0. This is shown graphically in Figure 1E, where α denotes the prior probability that an ob-
ject is stationary. This prior acts on the relative velocities of the visual elements represented
in this reference frame. This brings us to the central motif in the generative model we propose
is used by the brain to perform inference (Figure 1F). The motif specifies how the velocity
of an object is the sum of the velocity of the reference frame and the velocity of the object
within that reference frame. This sum is probabilistic, allowing for computational imprecision
as quantified by σ2

∆. Inference within this generative model motif leads to a decomposition of
the observed velocities of visual elements into the velocity of a (shared) reference frame and
each element’s velocity relative to that reference frame. The degeneracy of this decomposition
is broken by the mixture prior over the relative velocities, which leads to an automatic “chunk-
ing” of moving elements into groups that are inferred to move together. We hypothesize that
the perceived velocity of a visual element moving in a reference frame is its relative velocity to
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the reference frame velocity if the relative velocity is non-zero and the reference frame velocity
otherwise. This is compactly illustrated in our model by adding a shaded gray box around the
candidate variables for perception in the generative model. Under this illustration, the percept
corresponds to the candidate velocity that is non-zero and lowest in the model hierarchy (closest
to the observations).

Recursively applying this motif leads to our proposed hierarchical causal inference model
describing velocity percepts in a scene consisting of dots moving according to hierarchical
causal relationships. Our model combines dots into groups, groups into supergroups, and so
on (Figure 1G). At the bottom of the model are the actually observed velocities in retinal co-
ordinates, o⃗, which are linked to the latent variables v⃗ by a Gaussian likelihood whose width
represents the observational noise. The top level of the hierarchy is the velocity corresponding
to the stationary objects in the world in the egocentric reference frame. For stationary observers
this is zero, but for moving observers it is equal to the optic flow velocity caused by self-motion.
This allows for a natural extension of this model to explain deviations in perceived velocities
due to self-motion (3).

Performing Bayesian inference in this generative model requires computing a posterior be-
lief over all possible structures in which the visual elements could be grouped, and over all the
velocities in each of the structures. Before empirically testing the quantitative predictions of
this model, we next explain the intuitive impact of its key elements using an increasing number
of moving dots, building up to explain the classic Johansson illusion.

Illustrating the causal inference model for dot stimuli consisting of 1-3 dots
We illustrate the key features of the model by applying it to very simple stimuli consisting of
two or three dots. The model infers full posteriors over all possible structures and the velocities
within each structure. For compactness, we focus on the most probable structures and show
the most likely inferred velocity using vectors instead of variables in the generative model, as
shown in Figure 2A for a simple stimulus in which a single dot is moving. We explicitly show
the variables for the rest of the structures in Figure S1.

When observing two dots that move with the same velocity, there are two primary structures
that can explain the observations: one in which both dots are moving independently, each rep-
resented in the egocentric coordinate system as an individual dot (Figure 2B, left structure), or a
structure in which each dot can be inferred to be stationary with respect to a group (an abstract
object), consisting of both dots, with the velocity of the group corresponding to the retinal ve-
locity of the dots (Figure 2B, right structure). The delta component of our mixture prior over the
relative velocities ensures that the latter hierarchical structure has the highest likelihood given
the data since it has the fewest non-zero relative velocities. Furthermore, since the observed
velocities for each dot will slightly deviate from each other due to observation noise, the group
velocity combines both observations to obtain a more reliable velocity percept of the group (31).
This combination of dots into a single group occurs for all dots in the scene that are inferred to
move with the same velocity.
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If a third dot is added to the scene that moves with a different velocity from the other two
dots, the two plausible structures to explain the observations are: (a) an object consisting of the
two coherently moving dots plus an independently moving third dot (Figure 2C, left) and (b)
a single object consisting of all three dots in which the differently moving dot is represented
as moving in the object’s reference frame (Figure 2C, right). The slow speed component in
our mixture prior favors the latter structure if the differently moving dot has a smaller speed
in the object’s reference frame than in the stationary egocentric reference frame. For instance,
in the Johansson illusion (Figure 2C), the third dot has a small relative velocity with respect to
the two coherently moving dots, and its perceived velocity is indeed biased towards its velocity
in the reference frame provided by the group made up of the two dots (dark green vertical
arrow in Figure 2C, right). However, it is important to recognize that even for as little as
three moving elements, there are 16 different structures, for instance one in which dots 2 & 3
move relative to dot 1 rather than the other way around, or where all dots move relative to a
reference frame defined by all of the dots together, moving at an intermediate velocity. So it
may not be surprising that structure (b) alone cannot explain human observers’ percepts which
sometimes correspond to the retinal velocity suggesting structure (a), sometimes correspond to
the relative velocity (structure (b)), and sometimes lie in between (32, 33), suggesting that the
brain performs inference over multiple, if not all, of these possible structures.

Furthermore, model predictions will depend on how perception is related to the posterior
over structures and velocities. Prior work (7) has suggested the mean for the most likely struc-
ture, but it could also correspond to the mean across structures as in other work on causal
inference (26), or posterior sampling (34, 35).

New empirical tests of model predictions
In order to quantitatively distinguish between our model and previous proposals, we designed
two motion estimation tasks that tested the key elements of our model: (i) the novel mixture
prior over relative velocity with a delta at zero, and (ii) the linking hypothesis mapping the
posterior distributions over velocities in the model to the distribution over perceived velocities.
Importantly, by using a motion estimation task, we test both causal inference over reference
frames, and the perception of motion within a reference frame.

Experiment 1: Test using stimuli with two potential levels of hierarchy

In order to test our model, and to constrain its parameters, Experiment 1 was designed to pre-
cisely measure human motion perception during the transition from integration to segmentation.
Observers used a dial to report their perceived motion direction of a patch of green dots, sur-
rounded by a variable number of patches of red dots (Figure 3A). Surround dots were either
stationary, or moving horizontally (direction 0 degrees). The number of surround patches was
randomly chosen every trial from {1, 2, 3, 5, 10}, while the center always consisted of a single
patch of dots. Additionally, the retinal center direction (direction on the screen) was randomly
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chosen on each trial from the set {0,±2.5,±5,±10,±20,±45}◦. The center and surround had
a common horizontal velocity (0◦), such that the direction of the center’s velocity relative to the
surround was ±90◦ depending on the sign of the center direction (more details in Methods). As
expected, reported directions lie along the identity line when the surround is stationary (Figure
3B).

When the surround is moving, observer responses systematically deviate from the identity
line (Figures 3C-G, S4). Specifically, responses are biased towards zero degrees (surround
direction) for small center directions, consistent with the observer integrating the center and
surround velocities and reporting the cue-combined velocity. The reported velocities are biased
towards 90◦ for larger center directions, consistent with the observer perceiving the relative
velocity between the center and surround.

The responses are in excellent agreement with our causal inference model predictions which
are overlaid as violin plots. The absolute goodness of fit was measured by variance explained
(VE) to be between 92-96% across observers. Also note the clear evidence of causal inference
– uncertainty whether to integrate or segment – in the form of bimodal responses (or increased
variability) for intermediate center directions around 5◦ visible in both empirical responses and
model fits. These characteristic deviations between retinal motion and perceptual reports de-
pend on the number of surround patches, also in agreement with the model fits (Figure S3 with
an average VE of 94%).

We also found clear quantitative empirical signatures of the shift from integration to seg-
mentation using a model-free analysis. To get an interpretable estimate of the effect of the
surround on the center, we mapped responses to a modulation index. This index lies between
−1 and +1, where −1 corresponds to complete integration (perceiving the surround direction),
0 corresponds to the surround having no effect, and +1 corresponds to complete segmentation
(perceiving the relative velocity between the center and surround; see Methods for details).

The mean modulation index, averaged across observers (Figure 3H) is negative indicating
integration, for 2.5◦ (p < 0.001 for the group, p < 0.05 individually for 4 out of 5 observers,
based on 5000 bootstrapped samples). For larger separations (greater than 10◦), the average and
individual mean modulation indices are positive indicating segmentation for larger separations
(p < 0.001). The standard deviation of modulation index, averaged across observers (Figure 3F)
is largest for intermediate separations (p < 0.01 for the difference in the standard deviations of
the modulation index at 5◦ and at 2.5◦ and 45◦) indicating a higher variability due to uncertainty
over causal structures, in agreement with our model predictions.

Insights from model fitting

We next fit the model to individual responses and obtained posterior distributions over the pa-
rameters for each observer (Methods). This allowed us to gain three key insights about the
model: (a) whether the mass in the delta component was required to explain the pattern of re-
sponses, (b) how observers map the inferred posteriors to responses on each trial, and, (c) how
the different causal structures contribute depending on center direction.
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Remarkably, for all observers, most of the prior mass was in the delta-component, indicating
the strength the brain’s expectation that relative motion in the world is exactly zero, rather than
merely slow (Figure 4A). We further confirmed the presence of a delta component in the mixture
prior by a formal model comparison (Figure 4B, leftmost column) and found strong evidence
against a model without as compared to models with mass in the delta component.

Our model comparison (Figure 4B) also revealed that observers’ responses are best de-
scribed as arising from approximate inference (posterior sampling) in the full Bayesian model.
We compared this to other previously proposed maps from posteriors to responses: (a) reporting
the posterior mean (model averaging) which is the optimal strategy for estimation tasks (36),
(b) reporting the conditional mean under the most probable structure (model selection) which
maximizes consistency (37) and minimizes the description length (38), and (c) reporting the
mean by sampling the structure (structure sampling) which is a more precise approximation
than posterior sampling (35) (Figure S7). For all observers, the model favored by the evidence
had different prior widths and different masses on the delta component for different velocity
variables (center, surround, group), performed joint inference over structure and motion, and
converted posteriors into responses by sampling.

Our model also allowed us to determine the causal structures underlying each observer’s
subjective percepts. We found that for all observers, only four out of 16 possible structures
were assigned a significant posterior mass (Figure 4C-F for 10 surround patches, and Figures
S5, S6 for all other conditions). Under structure 1, the observer integrates center and surround,
thus perceiving the cue-combined velocity (Figure 4C). As expected, the posterior probability
of this structure was highest when the center and surround moved with the same velocity and
decreased with an increase in separation between center and surround velocities (Figure 4G).
The bias in the perceived center velocity towards the surround was determined by the weight
given to the surround (Figure 4K), which we quantified using the modulation index (as in the
previous section). Under structure 2, center motion is perceived in the reference frame defined
by the surround – the canonical structure typically assumed for center-surround motion segmen-
tation (Figure 4D,H, L). Unexpectedly, this structure is dominant for only 1 out of 5 observers,
plays a transient role for intermediate differences between center and surround motion direc-
tions for just 2 observers, and only plays a very minor role for the remaining observers. The
same is true for structure 3, under which the surround is perceived in the reference frame of the
center, and perception of center motion mostly coincides with retinal motion (Figure 4E,I,M).
Finally, structure 4 implies that both center and surround motion are perceived with respect to a
reference that moves at a velocity intermediate to both center and surround (Figure 4F,J,N). This
is the structure that carries primary responsibility for intermediate percepts (i.e. the apparently
incomplete subtraction of the surround from center velocity) at large differences between center
and surround motion directions. Surprisingly, none of the observers places any mass on the pos-
sibility that center and surround might belong to different causal structures (the 99th percentile
of mass on this structure is below 1% for all observers) – an alternative potential explanation for
intermediate percepts. However, one prediction of such a structure would have been to find a
substantial fraction of responses along the identity line (given that responses are best explained
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by posterior matching overall), something that we did not observe (Figure 3C-G). The reason
that structure 4 has higher posterior mass than structures 2 and 3 for large separations is the
Gaussian slow speed component in the prior: the smaller relative velocities under structure 4
overpower the mass in the delta component of the prior.

As predicted by the model, we also find that both the integration effect (quantified by the
model predicted modulation index at 0◦) and segmentation effect (quantified by the model
predicted modulation index at 45◦) become stronger with increase in the number of surround
patches (Figure S8B and S8C respectively).

Experiment 2: Test using stimuli with three potential levels of hierarchy

Next, we added a second surround of moving dots to test three key qualitative behavioral pre-
dictions of the hierarchical replication of our causal inference motif (possible structures shown
in Figure S9). First, motion perception during segmentation is local, i.e. the perceived motion
of an element inferred to be moving relative to a group is independent of other motion in the
visual scene. Second, if a visual element is integrated with a group, then it inherits the reference
frame of that group. Third, the retinal velocity of a group, and not the velocity with which the
group is perceived, determines the reference frame velocity for the elements that are part of that
group (compare the alternative model in Figure S10 to Figure 1G).

As in Experiment 1, observers reported the direction of the center patchmoving in the pres-
ence of a surround but in Experiment 2, the surround consisted of inner and outer rings of dots
(Figure 5A). The inner and outer ring velocities were on opposite sides of the center patch ve-
locity with the inner ring moving at {0◦,−3◦,−10◦,−30◦,−45◦} counter-clockwise from the
center. The outer ring moved at 60◦ counter-clockwise from the center when the inner ring
moved at 0◦ and the outer ring’s velocity was adjusted to maintain a constant relative velocity
between outer and inner rings as the direction of inner ring was varied.

The data clearly confirms our model predictions: when the center and inner ring are inte-
grated to form a group, this group is perceived in the reference frame formed with the outer ring
(significant biases towards −90◦, Figure 5B magenta box, p<0.01 for all observers). However,
when the center is segmented from the inner ring (when its velocity is very different than that
of the inner ring), then the center is perceived as moving in the reference frame formed with
the inner ring, ignoring the outer ring (reports are biased towards 90◦, Figure 5B orange box,
significant for 7/9 observers with p<0.01).

Our data also supports our model’s prediction that the retinal velocity of the inferred group
determines the group’s reference frame velocity (Figures 5C and 5D respectively). Specifically,
as the center is perceived relative to the inner ring when they move differently, the outer ring
should have no effect on the percept. Consistent with this, we found no significant difference
in reported center directions for different outer ring directions, for inner ring directions of −30◦

and −45◦ (p> 0.05 evaluated through bootstrapping with 1/9 observers showing significant
difference for both inner ring directions). For these inner ring directions, the observers pre-
dominantly segment the center and inner rings (Figure 5B, orange box). The individual trial
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responses are shown in Figure S11.
In addition to the conditions shown in Figure 5B, we also test how: (a) the observers perceive

the inner ring in the presence of the center and/or surround, (b) how the center ring percept is
biased by just the inner ring moving coherently (similar to Experiment 1) and just the outer
ring moving coherently. Responses in these conditions also agree with predictions of the causal
inference model (Figure S12C-J).

Discussion
We have presented a new model of complex motion perception, and new data to support this
model. The key normative ingredients, reflecting the structure of the physical world, are that
the motion of visual elements should be represented in reference frames that they are causally
connected to, that due to friction forces, the velocity in such a reference frame is mostly zero,
and that the world is compositional and hierarchically organized. We designed two experiments
in order to test all key elements of our model, to constrain its parameters, and to generate new
insights for motion perception in scenes with a richer motion structure than earlier experiments.

Our work advances the large body of work trying to understand sensory processing in terms
of natural input statistics (39–42). Whereas prior work started with the input statistics at the
sensory periphery, our model explicitly incorporates causal relationships (moving the whole
will move the part) and the importance of friction (the relative velocity is zero for most objects
that are touching each other) for giving rise to these statistics. Strikingly, fitting our model to
perceptual reports revealed that most prior mass is in fact at zero for all of our human observers
(Figure 4A).

The richness of our our psychophysical data, together with formal model comparison, also
allowed us to answer the important question of how the often-complex posterior distributions of
a Bayesian observer are related to our deterministic-appearing percept (43, 44). In prior work,
inference over motion structures and velocities within each structure are treated as separate
problems in which either the most likely structure is inferred (7) or the structure is assumed
to be known or learned over longer time scales (20). Our experiments and analyses provide
overwhelming evidence that, at least in the context of motion processing, the brain performs
joint inference over both structure and motion, and that perceptual reports are best described by
samples from this joint distribution (Figure 4B).

Approximate joint inference in our model can also explain why effect sizes in prior studies
usually deviated from previously proposed theories like (Bayesian) Vector Analysis (4, 33) or
flow-parsing (3): a range of different causal explanations are all consistent with the presented
impoverished psychophysical stimuli. We confirmed a closely related prediction of our model
– the increase in integration and segmentation effect sizes with the number of dots, i.e. the
uncertainty in the surround (45) of our experiment 1 (Figure S8).

Fitting our model to individual responses revealed unexpected variability in the causal struc-
tures inferred by different observers. We had expected that partial segmentation for large dif-
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ferences in motion direction between center and surround was best explained by observers’
lack of confidence that center and surround were indeed part of the same object. However, our
quantitative analysis showed this not to be true: partial segmentation was actually explained
by observers perceiving both center and surround to be slowly moving with respect to an ab-
stract reference frame moving with an intermediate velocity. A corollary to this result is that
the larger the integration bias (i.e. the more the reference frame velocity aligns with the sur-
round), the larger is the segmentation bias, in agreement with earlier work (8). This result also
demonstrated the importance of the ‘slow-speed’ component of the prior on relative motion –
in contrast to the otherwise analogous spike and slab prior (46) common in machine learning.

Earlier work on the influence of context on perception found this influence to be a function
of the percept of the context, not the direct sensory input defining the context – both for temporal
context effects (47), and during binocular rivalry (48). Our data from Experiment 2 differs from
these findings, confirming that our percepts reflect inference in a model based on the physical
laws of motion and suggesting differences between the causal models underlying the ventral
and the dorsal processing streams.

While it has long been recognized that both integration and segmentation are key operations
underlying motion perception (25), our model shows that there are in fact two qualitatively dif-
ferent kinds of segmentation: (1) do two visual elements belong to the same causal structure,
and, if the answer is yes, (2) is a visual element moving with respect to its reference frame?
While our model answers both questions using the framework of ‘causal inference’ from multi-
sensory integration (26), which has been proposed as a ‘universal computation’ for cortex (27),
only the first question corresponds to a question about causality as statistically defined (49).

Our model also lends itself to making predictions for neurophysiological data. We leave
for future work the tantalizing possibility that the two kinds of variables in our model (corre-
sponding to the left and right sides of Figure 1G) are represented by the two major classes of
neurons who have been reported (50) in cortical motion area MT (surround-suppressed and not
surround-suppressed).

Bayesian causal inference has recently been proposed as a unifying theory for neuroscience
(27). Our model extends the simple ‘same’ or ’different’ scenarios in previous causal inference
work to hierarchical whole-part relationships reflecting the compositionality of the world (51).
The computations at the lowest level of our model in fact resembles a recent probabilistic model
of neural responses in primary visual cortex (52), and the hierarchical architecture of our model
directly suggests an equivalent one for the ventral stream, potentially allowing us to understand
both dorsal and ventral stream as performing inference in closely related generative models.
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8. X. Wu, M. Spering, PLOS ONE 17, e0275324 (2022).

9. D. C. Niehorster, L. Li, i-Perception 8, 204166951770820 (2017).

10. M. Wertheimer, Zeitschrift fur psychologie 61, 161 (1912).

11. J. R. Pomerantz, M. Kubovy (1986).

12. V. Froyen, J. Feldman, M. Singh, Psychological Review 122, 575 (2015).

13. J. Feldman, Psychological review 116, 875 (2009). Publisher: American Psychological
Association.
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Figure 1: Causal inference model for hierarchical motion perception. (A-D) Illustration of
four different dot patterns that are observed to move as shown in the top row with the arrows
indicating retinal velocity vectors. The bottom row shows our predicted motion percept where
the brain uses common velocity information to combine dots into objects and group objects into
a hierarchical structure. (E) Prior that consists of a mixture of a delta distribution at 0 and a
Gaussian distribution centered at zero, reflecting the knowledge that elements are either exactly
stationary in an appropriate reference frame or are likely to move with a slow speed. (F) Gen-
erative model motif in which the object’s observed retinal velocity is the sum of the reference
frame velocity (v⃗ reference) and its velocity with respect to the reference frame (v⃗ object

reference). (G)
Hierarchical causal inference model obtained by repeatedly applying the motif in F. Inference
in this model leads to hierarchical grouping of dots, and representing dot motion in reference
frames defined by the groups they belong to. The percept is determined by the non-zero relative
variable lowest in the hierarchy.

15



A B

mixture prior favors stationarity

C

shorthand notation for motion structures

1

2

1

candidate models

retinal 
observations

model

retinal 
observations

Two Dot Display

slow speed prior favors slow relative speeds

retinal 
observations

Three Dot Display

candidate models

One Dot Display

<latexit sha1_base64="/rYVglT1nLg/AsEU6j4OXqMlyx0=">AAACBHicbVDLSsNAFJ34rPUVddnNYBFclJKIr2XBjcsK9gFNLZPpTTt0Mgkzk0IJWbjxV9y4UMStH+HOv3HaZqGtBwYO59zLnXP8mDOlHefbWlldW9/YLGwVt3d29/btg8OmihJJoUEjHsm2TxRwJqChmebQjiWQ0OfQ8kc3U781BqlYJO71JIZuSAaCBYwSbaSeXfLGQNNx9pB6ldSTIZYQgARBIct6dtmpOjPgZeLmpIxy1Hv2l9ePaBKC0JQTpTquE+tuSqRmlENW9BIFMaEjMoCOoYKEoLrpLESGT4zSx0EkzRMaz9TfGykJlZqEvpkMiR6qRW8q/ud1Eh1cd1Mm4kSbXPNDQcKxjvC0EdxnEqjmE0MIlcz8FdMhkYRq01vRlOAuRl4mzbOqe1m9uDsv1yp5HQVUQsfoFLnoCtXQLaqjBqLoET2jV/RmPVkv1rv1MR9dsfKdI/QH1ucPfbCYlQ==</latexit>

~v reference

<latexit sha1_base64="AqZ2wmSNhVpJiSCKxpRlaTzukRg=">AAACE3icbVDLSgMxFM3UV62vUZdugkUQKWVGfC0LblxWsA/ojCWT3rahmQdJZqAM8w9u/BU3LhRx68adf2PajqCtBwIn55xLco8XcSaVZX0ZhaXlldW14nppY3Nre8fc3WvKMBYUGjTkoWh7RAJnATQUUxzakQDiexxa3uh64rcSEJKFwZ0aR+D6ZBCwPqNEaalrnjgJ0DTJ7lOnkjrCx71QVews6/7cBXAdTUBLZtmqWlPgRWLnpIxy1Lvmp9MLaexDoCgnUnZsK1JuSoRilENWcmIJEaEjMoCOpgHxQbrpdKcMH2mlh/uh0CdQeKr+nkiJL+XY93TSJ2oo572J+J/XiVX/yk1ZEMUKAjp7qB9zrEI8KQj3mACq+FgTQgXTf8V0SAShStdY0iXY8ysvkuZp1b6ont+elWuVvI4iOkCH6BjZ6BLV0A2qowai6AE9oRf0ajwaz8ab8T6LFox8Zh/9gfHxDckbnq4=</latexit>

~v dot,1
relative

<latexit sha1_base64="wTP5mvJoDYrS99xn3NzVFeljYFI=">AAACAHicbVDLSsNAFJ3UV62vqAsXbgaL4KKURHwtC25cVrAPaGKZTCbt0JlMmJkUSsjGX3HjQhG3foY7/8Zpm4W2HrhwOOde7r0nSBhV2nG+rdLK6tr6RnmzsrW9s7tn7x+0lUglJi0smJDdACnCaExammpGuokkiAeMdILR7dTvjIlUVMQPepIQn6NBTCOKkTZS3z7yxgRn4/wx82qZJzkMha65ed63q07dmQEuE7cgVVCg2be/vFDglJNYY4aU6rlOov0MSU0xI3nFSxVJEB6hAekZGiNOlJ/NHsjhqVFCGAlpKtZwpv6eyBBXasID08mRHqpFbyr+5/VSHd34GY2TVJMYzxdFKYNawGkaMKSSYM0mhiAsqbkV4iGSCGuTWcWE4C6+vEza53X3qn55f1Ft1Io4yuAYnIAz4IJr0AB3oAlaAIMcPINX8GY9WS/Wu/Uxby1Zxcwh+APr8wen+ZZi</latexit>

~v dot,1

<latexit sha1_base64="xm1ObtrVXrvaQdhKHg8Cx0dahQQ=">AAACAHicbVDLSsNAFJ3UV62vqAsXbgaL4KKURHwtC25cVrAPaGKZTCbt0JlMmJkUSsjGX3HjQhG3foY7/8Zpm4W2HrhwOOde7r0nSBhV2nG+rdLK6tr6RnmzsrW9s7tn7x+0lUglJi0smJDdACnCaExammpGuokkiAeMdILR7dTvjIlUVMQPepIQn6NBTCOKkTZS3z7yxgRnIn/MvFrmSQ5DoWtunvftqlN3ZoDLxC1IFRRo9u0vLxQ45STWmCGleq6TaD9DUlPMSF7xUkUShEdoQHqGxogT5WezB3J4apQQRkKaijWcqb8nMsSVmvDAdHKkh2rRm4r/eb1URzd+RuMk1STG80VRyqAWcJoGDKkkWLOJIQhLam6FeIgkwtpkVjEhuIsvL5P2ed29ql/eX1QbtSKOMjgGJ+AMuOAaNMAdaIIWwCAHz+AVvFlP1ov1bn3MW0tWMXMI/sD6/AGc5pZb</latexit>

~o dot,1
<latexit sha1_base64="gSd8OnIVBOOyFRQDjElzWLKwSCk=">AAACAHicbVDLSsNAFJ34rPUVdeHCzWARXJSSFF/LghuXFewDmlgmk0k7dCYTZiaFErLxV9y4UMStn+HOv3HaZqGtBy4czrmXe+8JEkaVdpxva2V1bX1js7RV3t7Z3du3Dw7bSqQSkxYWTMhugBRhNCYtTTUj3UQSxANGOsHodup3xkQqKuIHPUmIz9EgphHFSBupbx97Y4IzkT9mXjXzJIeh0NV6nvftilNzZoDLxC1IBRRo9u0vLxQ45STWmCGleq6TaD9DUlPMSF72UkUShEdoQHqGxogT5WezB3J4ZpQQRkKaijWcqb8nMsSVmvDAdHKkh2rRm4r/eb1URzd+RuMk1STG80VRyqAWcJoGDKkkWLOJIQhLam6FeIgkwtpkVjYhuIsvL5N2veZe1S7vLyqNahFHCZyAU3AOXHANGuAONEELYJCDZ/AK3qwn68V6tz7mrStWMXME/sD6/AGebJZc</latexit>

~o dot,2

<latexit sha1_base64="ONQc+lRzCjWRtzOdLKWMdb3WkfU=">AAACAHicbVDLSsNAFJ3UV62vqAsXbgaL4KKUxPey4MZlBdsKTSyTyaQdOpMJM5NCCdn4K25cKOLWz3Dn3zhts9DWAxcO59zLvfcECaNKO863VVpaXlldK69XNja3tnfs3b22EqnEpIUFE/IhQIowGpOWppqRh0QSxANGOsHwZuJ3RkQqKuJ7PU6Iz1E/phHFSBupZx94I4IzkT9mXi3zJIeh0LWzPO/ZVafuTAEXiVuQKijQ7NlfXihwykmsMUNKdV0n0X6GpKaYkbzipYokCA9Rn3QNjREnys+mD+Tw2CghjIQ0FWs4VX9PZIgrNeaB6eRID9S8NxH/87qpjq79jMZJqkmMZ4uilEEt4CQNGFJJsGZjQxCW1NwK8QBJhLXJrGJCcOdfXiTt07p7Wb+4O682akUcZXAIjsAJcMEVaIBb0AQtgEEOnsEreLOerBfr3fqYtZasYmYf/IH1+QOf8pZd</latexit>

~o dot,3

<latexit sha1_base64="xm1ObtrVXrvaQdhKHg8Cx0dahQQ=">AAACAHicbVDLSsNAFJ3UV62vqAsXbgaL4KKURHwtC25cVrAPaGKZTCbt0JlMmJkUSsjGX3HjQhG3foY7/8Zpm4W2HrhwOOde7r0nSBhV2nG+rdLK6tr6RnmzsrW9s7tn7x+0lUglJi0smJDdACnCaExammpGuokkiAeMdILR7dTvjIlUVMQPepIQn6NBTCOKkTZS3z7yxgRnIn/MvFrmSQ5DoWtunvftqlN3ZoDLxC1IFRRo9u0vLxQ45STWmCGleq6TaD9DUlPMSF7xUkUShEdoQHqGxogT5WezB3J4apQQRkKaijWcqb8nMsSVmvDAdHKkh2rRm4r/eb1URzd+RuMk1STG80VRyqAWcJoGDKkkWLOJIQhLam6FeIgkwtpkVjEhuIsvL5P2ed29ql/eX1QbtSKOMjgGJ+AMuOAaNMAdaIIWwCAHz+AVvFlP1ov1bn3MW0tWMXMI/sD6/AGc5pZb</latexit>

~o dot,1
<latexit sha1_base64="xm1ObtrVXrvaQdhKHg8Cx0dahQQ=">AAACAHicbVDLSsNAFJ3UV62vqAsXbgaL4KKURHwtC25cVrAPaGKZTCbt0JlMmJkUSsjGX3HjQhG3foY7/8Zpm4W2HrhwOOde7r0nSBhV2nG+rdLK6tr6RnmzsrW9s7tn7x+0lUglJi0smJDdACnCaExammpGuokkiAeMdILR7dTvjIlUVMQPepIQn6NBTCOKkTZS3z7yxgRnIn/MvFrmSQ5DoWtunvftqlN3ZoDLxC1IFRRo9u0vLxQ45STWmCGleq6TaD9DUlPMSF7xUkUShEdoQHqGxogT5WezB3J4apQQRkKaijWcqb8nMsSVmvDAdHKkh2rRm4r/eb1URzd+RuMk1STG80VRyqAWcJoGDKkkWLOJIQhLam6FeIgkwtpkVjEhuIsvL5P2ed29ql/eX1QbtSKOMjgGJ+AMuOAaNMAdaIIWwCAHz+AVvFlP1ov1bn3MW0tWMXMI/sD6/AGc5pZb</latexit>

~o dot,1
<latexit sha1_base64="xm1ObtrVXrvaQdhKHg8Cx0dahQQ=">AAACAHicbVDLSsNAFJ3UV62vqAsXbgaL4KKURHwtC25cVrAPaGKZTCbt0JlMmJkUSsjGX3HjQhG3foY7/8Zpm4W2HrhwOOde7r0nSBhV2nG+rdLK6tr6RnmzsrW9s7tn7x+0lUglJi0smJDdACnCaExammpGuokkiAeMdILR7dTvjIlUVMQPepIQn6NBTCOKkTZS3z7yxgRnIn/MvFrmSQ5DoWtunvftqlN3ZoDLxC1IFRRo9u0vLxQ45STWmCGleq6TaD9DUlPMSF7xUkUShEdoQHqGxogT5WezB3J4apQQRkKaijWcqb8nMsSVmvDAdHKkh2rRm4r/eb1URzd+RuMk1STG80VRyqAWcJoGDKkkWLOJIQhLam6FeIgkwtpkVjEhuIsvL5P2ed29ql/eX1QbtSKOMjgGJ+AMuOAaNMAdaIIWwCAHz+AVvFlP1ov1bn3MW0tWMXMI/sD6/AGc5pZb</latexit>

~o dot,1
<latexit sha1_base64="gSd8OnIVBOOyFRQDjElzWLKwSCk=">AAACAHicbVDLSsNAFJ34rPUVdeHCzWARXJSSFF/LghuXFewDmlgmk0k7dCYTZiaFErLxV9y4UMStn+HOv3HaZqGtBy4czrmXe+8JEkaVdpxva2V1bX1js7RV3t7Z3du3Dw7bSqQSkxYWTMhugBRhNCYtTTUj3UQSxANGOsHodup3xkQqKuIHPUmIz9EgphHFSBupbx97Y4IzkT9mXjXzJIeh0NV6nvftilNzZoDLxC1IBRRo9u0vLxQ45STWmCGleq6TaD9DUlPMSF72UkUShEdoQHqGxogT5WezB3J4ZpQQRkKaijWcqb8nMsSVmvDAdHKkh2rRm4r/eb1URzd+RuMk1STG80VRyqAWcJoGDKkkWLOJIQhLam6FeIgkwtpkVjYhuIsvL5N2veZe1S7vLyqNahFHCZyAU3AOXHANGuAONEELYJCDZ/AK3qwn68V6tz7mrStWMXME/sD6/AGebJZc</latexit>

~o dot,2

<latexit sha1_base64="gSd8OnIVBOOyFRQDjElzWLKwSCk=">AAACAHicbVDLSsNAFJ34rPUVdeHCzWARXJSSFF/LghuXFewDmlgmk0k7dCYTZiaFErLxV9y4UMStn+HOv3HaZqGtBy4czrmXe+8JEkaVdpxva2V1bX1js7RV3t7Z3du3Dw7bSqQSkxYWTMhugBRhNCYtTTUj3UQSxANGOsHodup3xkQqKuIHPUmIz9EgphHFSBupbx97Y4IzkT9mXjXzJIeh0NV6nvftilNzZoDLxC1IBRRo9u0vLxQ45STWmCGleq6TaD9DUlPMSF72UkUShEdoQHqGxogT5WezB3J4ZpQQRkKaijWcqb8nMsSVmvDAdHKkh2rRm4r/eb1URzd+RuMk1STG80VRyqAWcJoGDKkkWLOJIQhLam6FeIgkwtpkVjYhuIsvL5N2veZe1S7vLyqNahFHCZyAU3AOXHANGuAONEELYJCDZ/AK3qwn68V6tz7mrStWMXME/sD6/AGebJZc</latexit>

~o dot,2
<latexit sha1_base64="xm1ObtrVXrvaQdhKHg8Cx0dahQQ=">AAACAHicbVDLSsNAFJ3UV62vqAsXbgaL4KKURHwtC25cVrAPaGKZTCbt0JlMmJkUSsjGX3HjQhG3foY7/8Zpm4W2HrhwOOde7r0nSBhV2nG+rdLK6tr6RnmzsrW9s7tn7x+0lUglJi0smJDdACnCaExammpGuokkiAeMdILR7dTvjIlUVMQPepIQn6NBTCOKkTZS3z7yxgRnIn/MvFrmSQ5DoWtunvftqlN3ZoDLxC1IFRRo9u0vLxQ45STWmCGleq6TaD9DUlPMSF7xUkUShEdoQHqGxogT5WezB3J4apQQRkKaijWcqb8nMsSVmvDAdHKkh2rRm4r/eb1URzd+RuMk1STG80VRyqAWcJoGDKkkWLOJIQhLam6FeIgkwtpkVjEhuIsvL5P2ed29ql/eX1QbtSKOMjgGJ+AMuOAaNMAdaIIWwCAHz+AVvFlP1ov1bn3MW0tWMXMI/sD6/AGc5pZb</latexit>

~o dot,1
<latexit sha1_base64="ONQc+lRzCjWRtzOdLKWMdb3WkfU=">AAACAHicbVDLSsNAFJ3UV62vqAsXbgaL4KKUxPey4MZlBdsKTSyTyaQdOpMJM5NCCdn4K25cKOLWz3Dn3zhts9DWAxcO59zLvfcECaNKO863VVpaXlldK69XNja3tnfs3b22EqnEpIUFE/IhQIowGpOWppqRh0QSxANGOsHwZuJ3RkQqKuJ7PU6Iz1E/phHFSBupZx94I4IzkT9mXi3zJIeh0LWzPO/ZVafuTAEXiVuQKijQ7NlfXihwykmsMUNKdV0n0X6GpKaYkbzipYokCA9Rn3QNjREnys+mD+Tw2CghjIQ0FWs4VX9PZIgrNeaB6eRID9S8NxH/87qpjq79jMZJqkmMZ4uilEEt4CQNGFJJsGZjQxCW1NwK8QBJhLXJrGJCcOdfXiTt07p7Wb+4O682akUcZXAIjsAJcMEVaIBb0AQtgEEOnsEreLOerBfr3fqYtZasYmYf/IH1+QOf8pZd</latexit>

~o dot,3
<latexit sha1_base64="gSd8OnIVBOOyFRQDjElzWLKwSCk=">AAACAHicbVDLSsNAFJ34rPUVdeHCzWARXJSSFF/LghuXFewDmlgmk0k7dCYTZiaFErLxV9y4UMStn+HOv3HaZqGtBy4czrmXe+8JEkaVdpxva2V1bX1js7RV3t7Z3du3Dw7bSqQSkxYWTMhugBRhNCYtTTUj3UQSxANGOsHodup3xkQqKuIHPUmIz9EgphHFSBupbx97Y4IzkT9mXjXzJIeh0NV6nvftilNzZoDLxC1IBRRo9u0vLxQ45STWmCGleq6TaD9DUlPMSF72UkUShEdoQHqGxogT5WezB3J4ZpQQRkKaijWcqb8nMsSVmvDAdHKkh2rRm4r/eb1URzd+RuMk1STG80VRyqAWcJoGDKkkWLOJIQhLam6FeIgkwtpkVjYhuIsvL5N2veZe1S7vLyqNahFHCZyAU3AOXHANGuAONEELYJCDZ/AK3qwn68V6tz7mrStWMXME/sD6/AGebJZc</latexit>

~o dot,2
<latexit sha1_base64="xm1ObtrVXrvaQdhKHg8Cx0dahQQ=">AAACAHicbVDLSsNAFJ3UV62vqAsXbgaL4KKURHwtC25cVrAPaGKZTCbt0JlMmJkUSsjGX3HjQhG3foY7/8Zpm4W2HrhwOOde7r0nSBhV2nG+rdLK6tr6RnmzsrW9s7tn7x+0lUglJi0smJDdACnCaExammpGuokkiAeMdILR7dTvjIlUVMQPepIQn6NBTCOKkTZS3z7yxgRnIn/MvFrmSQ5DoWtunvftqlN3ZoDLxC1IFRRo9u0vLxQ45STWmCGleq6TaD9DUlPMSF7xUkUShEdoQHqGxogT5WezB3J4apQQRkKaijWcqb8nMsSVmvDAdHKkh2rRm4r/eb1URzd+RuMk1STG80VRyqAWcJoGDKkkWLOJIQhLam6FeIgkwtpkVjEhuIsvL5P2ed29ql/eX1QbtSKOMjgGJ+AMuOAaNMAdaIIWwCAHz+AVvFlP1ov1bn3MW0tWMXMI/sD6/AGc5pZb</latexit>

~o dot,1

<latexit sha1_base64="xm1ObtrVXrvaQdhKHg8Cx0dahQQ=">AAACAHicbVDLSsNAFJ3UV62vqAsXbgaL4KKURHwtC25cVrAPaGKZTCbt0JlMmJkUSsjGX3HjQhG3foY7/8Zpm4W2HrhwOOde7r0nSBhV2nG+rdLK6tr6RnmzsrW9s7tn7x+0lUglJi0smJDdACnCaExammpGuokkiAeMdILR7dTvjIlUVMQPepIQn6NBTCOKkTZS3z7yxgRnIn/MvFrmSQ5DoWtunvftqlN3ZoDLxC1IFRRo9u0vLxQ45STWmCGleq6TaD9DUlPMSF7xUkUShEdoQHqGxogT5WezB3J4apQQRkKaijWcqb8nMsSVmvDAdHKkh2rRm4r/eb1URzd+RuMk1STG80VRyqAWcJoGDKkkWLOJIQhLam6FeIgkwtpkVjEhuIsvL5P2ed29ql/eX1QbtSKOMjgGJ+AMuOAaNMAdaIIWwCAHz+AVvFlP1ov1bn3MW0tWMXMI/sD6/AGc5pZb</latexit>

~o dot,1

<latexit sha1_base64="xm1ObtrVXrvaQdhKHg8Cx0dahQQ=">AAACAHicbVDLSsNAFJ3UV62vqAsXbgaL4KKURHwtC25cVrAPaGKZTCbt0JlMmJkUSsjGX3HjQhG3foY7/8Zpm4W2HrhwOOde7r0nSBhV2nG+rdLK6tr6RnmzsrW9s7tn7x+0lUglJi0smJDdACnCaExammpGuokkiAeMdILR7dTvjIlUVMQPepIQn6NBTCOKkTZS3z7yxgRnIn/MvFrmSQ5DoWtunvftqlN3ZoDLxC1IFRRo9u0vLxQ45STWmCGleq6TaD9DUlPMSF7xUkUShEdoQHqGxogT5WezB3J4apQQRkKaijWcqb8nMsSVmvDAdHKkh2rRm4r/eb1URzd+RuMk1STG80VRyqAWcJoGDKkkWLOJIQhLam6FeIgkwtpkVjEhuIsvL5P2ed29ql/eX1QbtSKOMjgGJ+AMuOAaNMAdaIIWwCAHz+AVvFlP1ov1bn3MW0tWMXMI/sD6/AGc5pZb</latexit>

~o dot,1

<latexit sha1_base64="gSd8OnIVBOOyFRQDjElzWLKwSCk=">AAACAHicbVDLSsNAFJ34rPUVdeHCzWARXJSSFF/LghuXFewDmlgmk0k7dCYTZiaFErLxV9y4UMStn+HOv3HaZqGtBy4czrmXe+8JEkaVdpxva2V1bX1js7RV3t7Z3du3Dw7bSqQSkxYWTMhugBRhNCYtTTUj3UQSxANGOsHodup3xkQqKuIHPUmIz9EgphHFSBupbx97Y4IzkT9mXjXzJIeh0NV6nvftilNzZoDLxC1IBRRo9u0vLxQ45STWmCGleq6TaD9DUlPMSF72UkUShEdoQHqGxogT5WezB3J4ZpQQRkKaijWcqb8nMsSVmvDAdHKkh2rRm4r/eb1URzd+RuMk1STG80VRyqAWcJoGDKkkWLOJIQhLam6FeIgkwtpkVjYhuIsvL5N2veZe1S7vLyqNahFHCZyAU3AOXHANGuAONEELYJCDZ/AK3qwn68V6tz7mrStWMXME/sD6/AGebJZc</latexit>

~o dot,2

2

1

3
<latexit sha1_base64="ONQc+lRzCjWRtzOdLKWMdb3WkfU=">AAACAHicbVDLSsNAFJ3UV62vqAsXbgaL4KKUxPey4MZlBdsKTSyTyaQdOpMJM5NCCdn4K25cKOLWz3Dn3zhts9DWAxcO59zLvfcECaNKO863VVpaXlldK69XNja3tnfs3b22EqnEpIUFE/IhQIowGpOWppqRh0QSxANGOsHwZuJ3RkQqKuJ7PU6Iz1E/phHFSBupZx94I4IzkT9mXi3zJIeh0LWzPO/ZVafuTAEXiVuQKijQ7NlfXihwykmsMUNKdV0n0X6GpKaYkbzipYokCA9Rn3QNjREnys+mD+Tw2CghjIQ0FWs4VX9PZIgrNeaB6eRID9S8NxH/87qpjq79jMZJqkmMZ4uilEEt4CQNGFJJsGZjQxCW1NwK8QBJhLXJrGJCcOdfXiTt07p7Wb+4O682akUcZXAIjsAJcMEVaIBb0AQtgEEOnsEreLOerBfr3fqYtZasYmYf/IH1+QOf8pZd</latexit>

~o dot,3
<latexit sha1_base64="xm1ObtrVXrvaQdhKHg8Cx0dahQQ=">AAACAHicbVDLSsNAFJ3UV62vqAsXbgaL4KKURHwtC25cVrAPaGKZTCbt0JlMmJkUSsjGX3HjQhG3foY7/8Zpm4W2HrhwOOde7r0nSBhV2nG+rdLK6tr6RnmzsrW9s7tn7x+0lUglJi0smJDdACnCaExammpGuokkiAeMdILR7dTvjIlUVMQPepIQn6NBTCOKkTZS3z7yxgRnIn/MvFrmSQ5DoWtunvftqlN3ZoDLxC1IFRRo9u0vLxQ45STWmCGleq6TaD9DUlPMSF7xUkUShEdoQHqGxogT5WezB3J4apQQRkKaijWcqb8nMsSVmvDAdHKkh2rRm4r/eb1URzd+RuMk1STG80VRyqAWcJoGDKkkWLOJIQhLam6FeIgkwtpkVjEhuIsvL5P2ed29ql/eX1QbtSKOMjgGJ+AMuOAaNMAdaIIWwCAHz+AVvFlP1ov1bn3MW0tWMXMI/sD6/AGc5pZb</latexit>

~o dot,1

<latexit sha1_base64="gSd8OnIVBOOyFRQDjElzWLKwSCk=">AAACAHicbVDLSsNAFJ34rPUVdeHCzWARXJSSFF/LghuXFewDmlgmk0k7dCYTZiaFErLxV9y4UMStn+HOv3HaZqGtBy4czrmXe+8JEkaVdpxva2V1bX1js7RV3t7Z3du3Dw7bSqQSkxYWTMhugBRhNCYtTTUj3UQSxANGOsHodup3xkQqKuIHPUmIz9EgphHFSBupbx97Y4IzkT9mXjXzJIeh0NV6nvftilNzZoDLxC1IBRRo9u0vLxQ45STWmCGleq6TaD9DUlPMSF72UkUShEdoQHqGxogT5WezB3J4ZpQQRkKaijWcqb8nMsSVmvDAdHKkh2rRm4r/eb1URzd+RuMk1STG80VRyqAWcJoGDKkkWLOJIQhLam6FeIgkwtpkVjYhuIsvL5N2veZe1S7vLyqNahFHCZyAU3AOXHANGuAONEELYJCDZ/AK3qwn68V6tz7mrStWMXME/sD6/AGebJZc</latexit>

~o dot,2

Figure 2: Model predictions for simple dot stimuli. (A) The motion of a single dot is inferred
in the reference frame of a stationary world. In our shorthand notation, velocity variables have
been replaced by their most likely value shown as a motion vector. Darker shades are used to
indicate relative velocities and filled circles indicate zero velocity. (B) Two moving dots are
explainable by two possible structures (left and right). If they move coherently, such that both
are stationary with respect to a moving group, the delta component in the prior implies that most
posterior mass lies on the combined structure (right). As a result we perceive a moving object
consisting of both dots. (C) If a third dot is added to the display in (B), the observations are
explainable by 8 different structures (Methods, Figure S9), two of which are shown here. On
the left, the green dot is perceived as independent of, and unaffected by the motion of the red
dots. On the right, the green dot is part of the same structure as the red dots, and perceived in
a reference frame defined by a group in which two out of the three dots are stationary (favored
by the delta component in the prior). The Gaussian component of the prior favors the right
structure over the left one since the velocity of the green dot in the reference frame defined by
the red dots is smaller than its velocity with respect to the stationary world. This explains the
Johansson illusion (4).
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Figure 3: Experiment 1 – design and results. (A) During fixation, two groups of dots (red
and green) appear and move back and forth three times for 4.5 seconds before disappearing.
During the last phase of the movement, the fixation dot turned green. The observers adjusted a
dial to report their perceived direction of the green dots during the last movement phase. The
red (surround) dots were either stationary or moved horizontally (0◦), while the green (center)
dots varied in direction from trial to trial while keeping the horizontal component of their ve-
locity matched with the surround. (B) Responses of all five observers overlaid for the condition
where the surround is stationary. Each dot represents a single trial. All responses lie around
the identity line (warped due to non-linear spacing of the x−axis). Responses were flipped
for negative center directions to match the positive directions after verifying that the responses
were symmetric. (C-G) Responses for each observer when the surround is moving. The hori-
zontal lines at 0◦ and 90◦ indicate the predicted reports for complete integration (perceiving the
surround) and complete segmentation, i.e., perceiving the relative velocity, respectively. (B-G)
The overlaid violin plots show the model predictions (not data distributions). One model was
fit jointly on all data for each observer. (H,I) Mean and standard deviation in modulation index
(68% confidence intervals) defined such that −1 corresponds to pure integration, +1 to pure
segmentation, and 0 to retinal motion. Different colors indicate different observers; black line
denotes the average across observers.
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Figure 4: Model fitting insights from experiment 1.(A) Fitted mass on the delta component
in the prior for center and surround. Each colored line show the mean and 95% CI for each
observer. (B) Model comparison. For each model, the difference in AIC score to the posterior
sampling model is show. We find strong evidence against all alternative models as compared to
the posterior sampling model. (C-F) The four causal structures that have a non-zero probability
in our model fits. (See main text for description.) (G-J) The posterior probability assigned to
each structure by each of the observers as a function of center direction. All observers integrate
the center and surround for center directions close to zero (C+G) and segments the center and
surround otherwise. However, they differ to what degree they rely on each of the three different
reference frames implied by D, E, and F. (K-N) As in Figure 3E, the modulation index predicted
under each structure quantifies the influence of the surround on the perceived center direction.
The modulation index for a structure is independent of the probability assigned to that structure.
Together, they determine the influence of the surround on the center.
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~⌫ center

Figure 5: Design and results of Experiment 2 (three moving groups). (A) The observer per-
forms an estimation task in which they have to report the direction of green dots (center) using
a dial. While center dot directions are randomized from 0 to 360◦, results are combined after
rotating all velocities such that v⃗ center moves horizontally (0◦). (B) Our model predicts that we
will perceive the center dots in the inner ring’s reference frame if both move in noticably differ-
ent directions (segmentation, orange box) and cue combine the center and the inner ring motion
if they are sufficiently similar (integration, magenta box). In the latter case, our percept would
be the cue-combined center and inner ring’s velocity in the outer ring’s reference frame. The
observer responses support these model predictions. (C) The causal inference model predicts
that during segmentation, the percept of center motion should only depend on the retinal inner
ring motion, not the perceived inner ring motion. The data clearly supports this prediction since
the outer ring motion as no influence on the reported center directions (even though it influences
the inner ring percepts, see Figure S11). (D) Same as (C) but for conditions where the inner
ring moves at −45◦ and the outer ring moves at either 11◦ or 36◦. We consider the two inner
velocities that are most different from the center in our experiment to minimize the probability
that the observer integrates the center and the inner ring velocities.

21



Methods

Observers
Five naive observers participated in Experiment 1, and 10 naive observers participated in Ex-
periment 2. Observers provided written informed consent, and were financially compensated
for their time. Experiments were approved by the Office for Human Subject Protection (OHSP)
at the University of Rochester (IRB number 0003909). 1/10 observers in Experiment 2 was
excluded based on their large response variability (standard deviation greater than 30deg) in the
control condition and their data was omitted from further analysis.

Experiment 1 details: two moving elements
The stimulus consisted of a ‘center patch’ of green dots, presented at 5 degree eccentricity.
Dots were 0.1 degree in diameter and distributed uniformly within the patch with a density of
6.88 dots/degree2. The center patch had a radius of 0.68 degrees and was surrounded by a
ring of radius 2.72 degrees, consisting of a variable number of patches of red dots (Figure 3A).
Each surround patch had a radius of 0.54 degrees and a dot density of 10.91 dots/degree2. Dot
displays were viewed binocularly, and no disparity cues were added, such thatall the dots moved
in the plane of the display. The stimuli were presented on a 27-inch monitor with a refresh rate
of 60 Hz and a resolution of 1920×1080 at a viewing distance of 105 cm. Eye movements were
tracked using an Eyelink 1000 system and trials were discarded in which eyes moved within 1
degree of the center patch.

The stimuli were presented at an eccentricity of 5 degrees in the periphery. The number of
dots in a patch was fixed to 10. There was one center patch and the number of surround patches
was chosen in every trial from the set [1,2,3,5,10]. The center retinal direction was chosen from
the set [0,±2.5,±5,±10,±20,±45] and the surround was either stationary (stationary surround
always had 5 patches) or moved at 0 degrees (horizontally rightwards) at a speed of 1 deg/sec.

After a fixation period of 0.5s, the stimulus appeared and moved back and forth for 1.5
cycles. The patch envelopes moved at a constant velocity and reversed their velocity after 1.5
seconds (square wave velocity profile with a time period of 3 seconds). The back-and-forth
movement ensured that the envelopes stayed within a fixed area of the screen. In the last half
cycle, the fixation dot turned green indicating that the observer had to report the direction during
the last half cycle.

After stimulus offset, an arrow appeared at the location of the center patch, and observers
used a dial to adjust the arrow direction to match their motion direction percept. The stationary
surround condition served as a control. Observers who had a response standard deviation larger
than 30 degrees in this condition were removed from subsequent analysis. The fixation period
and stimulus had a total duration of 5 seconds following which the observers could make a
response at any time to proceed to the next trial. Each observer participated in three sessions to
get 22 trials per condition on average for a total of 1446 trials per observer on average.
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Experiment 2 details: three moving elements
In experiment 2, the stimulus consisted of a center patch, an inner ring, and an outer ring, all
arranged concentrically centered at 5 degrees eccentricity (Figure 5A) separated by 0.5 degrees.
On every trial, either the center dots, or the inner ring dots, were colored green, indicating
whose direction had to be reported. The other parts of the stimulus contained red and blue dots,
respectively, with the color assignment randomly drawn every trial. The number of dots in the
center was 10 (density of 3.2 dots/degrees2 with a center patch radius of 1 degree), the inner
ring contained 50 dots (density of 4 dots/degrees2 with a inner ring width of 1 degree) and the
outer ring contained 250 dots(density of 11.4 dots/degrees2 with a outer ring width of 1 degree).
The viewing distance, eye recording details, and the criteria for discarding trials due to fixation
breaks and control condition response variability were the same as in experiment 1.

Each trial started with a 0.5 s fixation period during which only the fixation dot was shown
on the screen. This was followed by the random-dot stimulus which moved for 2 seconds within
an aperture at a constant velocity. Unlike for Experiment 1, the moving dots were presented in-
side fixed apertures, and the stimulus direction was not reversed. The center moved with a speed
of 0.5 degrees/sec and the center direction was randomized across trials, within a range of 360◦,
to minimize the effect of reporting biases. The inner ring’s retinal direction was chosen from
the set [0,−3,−10,−30,−45] relative to the center where negative angles indicate clockwise
rotations. The outer ring moved in a counter-clockwise direction chosen such that the same
relative velocity was maintained between the outer and inner rings across different inner ring
directions. Furthermore, the speeds of inner and outer ring were chosen such that the relative
velocity between either ring and center was perpendicular to the center direction.

Different conditions were interleaved across trials in which the inner and outer rings could
either move randomly or coherently and the observer had to report the direction of the center or
inner ring. As in experiment 1, the observer made their responses by adjusting the direction of
the arrow that appeared at the location of the center or inner ring after the stimulus offset with
its size matched to the size of the corresponding target. Each observer performed three sessions
to get 46 trials per condition on average for a total of 2239 trials per observer on average.

Modulation index to summarize observer responses in Experiment 1
We defined the modulation index, wMI, such that the percept of the center patch (v⃗ center

percept) pre-
dicted for a given wMI is given by

v⃗ center
percept =

{
o⃗ center − wMIo⃗

surround wMI ≥ 0

(1 + wMI)o⃗
center − wMIo⃗

surround wMI ≤ 0
(1)

where o⃗ center and o⃗ surround are the observed center and surround velocities from the brain’s per-
spective for a given trial. This definition incorporates partial subtraction of the surround (case
wMI ≥ 0) for relative velocities when the effect on perception is repulsive (53) and cue com-
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bination (31) when the effect is attractive (case wMI ≤ 0). Under the simplifying assumption
that o⃗ center and o⃗ surround correspond to the experimenter-controlled velocities on the screen (ig-
noring observation noise), and that the perceptual reports exactly reflect the perceived variable
v⃗ center
percept (ignoring motor noise), one could estimate a per-trial modulation index to obtain a dis-

tribution over wMI for each separation of center and surround in order to estimate means and
standard deviations which unfortunately would be biased. In order to obtain the unbiased esti-
mates reported in Figures 3H and I, we therefore modeled observation noise, motor noise, and
motor bias explicitly which allowed us to infer the distribution over wMI from the distribution
over perceptual reports (see supplementary section S1 for details).

Causal inference model for hierarchical motion perception
Generative model in a scene with two moving elements

The observed retinal velocities, o⃗ center and o⃗ surround, were modeled as the true retinal velocities,
v⃗ center and v⃗ surround corrupted by additive Gaussian noise with variance σ2

center and σ2
surround,

respectively (I refers to a 2× 2 identity matrix) :

o⃗ center ∼ N (v⃗ center, σ2
center I) and o⃗ surround ∼ N (v⃗ surround, σ2

surround I). (2)

The velocities were parameterized as two dimensional vectors reflecting the x and y compo-
nents. In order to model the inference over the different causal structures (here, whether center
and surround are part of the same moving group), we follow (26) in introducing a binary (logi-
cal) variable Scenter,surround ∈ {0, 1} (corresponding to the left and right side of Figures 2B and
S2B). This allows us to write the conditional probabilities compactly as:

v⃗ center ∼ N (Scenter,surroundv⃗ group + v⃗ center
relative + (1− Scenter,surround)v⃗ world, σ2

∆ I) and (3)

v⃗ surround ∼ N (Scenter,surroundv⃗ group + v⃗ surround
relative + (1− Scenter,surround)v⃗ world, σ2

∆ I). (4)

where σ2
∆ models the uncertainty in the velocity composition, e.g. due to computational noise.

The prior over Scenter,surround is given by βcenter,surround which represents the prior probability
that center and surround belong to a common structure (based on prior experience, or other
non-motion cues). In a scene with only two moving elements, the group velocity is inferred in
the stationary world reference frame with v⃗ world = 0 (Figure 1G):

v⃗ group ∼ N (v⃗ group
relative + v⃗ world, σ2

∆ I). (5)

The prior over each of the relative velocities is a mixture prior of a delta function at zero and a
normal distribution centered at zero

v⃗
center/ surround/ group
relative ∼ α δ(0) + (1− α)N (0, σ2

prior I) (6)

where α represents the expectation that the (relative) motion is exactly zero (Figure 1E,F).

3



Mapping inferred latent variables to percepts

Our model predicts that if the center is inferred to be part of the same group a the surround,
then the perceived center motion corresponds to the center’s relative velocity if it is inferred to
be nonzero, and to the group velocity if the center’s relative velocity is inferred to be zero. If
the center is not inferred to be part of the same group as the surround, then its motion relative to
stationary world is perceived. By defining C(···) ∈ {0, 1} to denote whether the velocity v⃗

(···)
relative

is zero (C(···) = 0) or not (C(···) = 1), we can compactly write the percept as:

v⃗ center
percept = Ccenterv⃗ center

relative + (1− Ccenter)Scenter,surroundCgroupv⃗ group
relative. (7)

Therefore, the distribution over the observer’s percept is a mixture distribution with the mixture
weights corresponding to the posterior probability of the different causal structures (character-
ized by possible S) and the different nested structures within each causal structure (character-
ized by possible C):

p(v⃗ center
percept|o⃗) =

∑

c1={0,1}

∑

c2={0,1}

∑

c3={0,1}

∑

c4={0,1}

p(Ccenter = c1, C
surround = c2, C

group = c3, S
center,surround = c4|o⃗)

p(v⃗ center
percept|o⃗, Ccenter = c1, C

surround = c2, C
group = c3, S

center,surround = c4).

(8)

where for compactness we define o⃗ ≡ (o⃗ center, o⃗ surround). For any number of moving elements,
this posterior has the general form:

p(v⃗ center
percept|o⃗) =

N∑

i

wi(o⃗j)N (v⃗ center
percept; µ⃗i(o⃗j), σ

2
i I) (9)

where wi, µi, and σ2
i correspond to the probability, mean and variance associated with each

causal structure, respectively. For n moving elements, the total number of mixture components
in the posterior is N = #S(n) 2#C(n) where #S(n) is the number of possible causal structures
and #C(n) is the maximum possible number of relative velocities (each of which could be zero
or not thereby resulting in 2#C(n) nested structures). #S(n) satisfies the recurrence relation
given by #S(n) = 2+

∑N−1
k=2

(
n
k

)
#S(n−k+1) as in addition to all elements being independent

or part of the same group, grouping k elements results in n− k + 1 moving groups. #C(n) =
n(n+1)

2
as at each hierarchical level i, we can have n− i moving elements where i ∈ {0, N −1}.

The expressions for the terms in Eq. 9 are derived in supplementary section S2.
The distribution over perceived velocity can be mapped onto the distribution over the per-

ceived center direction, θ center
percept, by mapping each velocity to its corresponding direction:

p(θ center
percept|o⃗) =

∫

v⃗ center
percept

p(θ|v⃗ center
percept)p(v⃗

center
percept|o⃗). (10)
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Inserting Eq. (9) into (10), we can approximate the integral to get:

p(θ center
percept|o⃗j) =

N∑

i=1

wi(o⃗)Ncircular{θ; θ̂i(o⃗), κi}. (11)

Ncircular represents the von Mises distribution pdf with mean parameter
θ̂i(o⃗) = arctan(µ⃗i,y, µ⃗i,x) and concentration parameter κi = T2(σ

2
i /||µ⃗i||22) which can be com-

puted numerically. We allow for lapses in responses by adding another component to the dis-
tribution over the center direction that is a von Mises distribution characterized by µlapse and
κlapse.

p(θ center
percept|o⃗) = λNcircular(θ;µ

lapse, κlapse) + (1− λ)
N∑

i=1

wi(o⃗)Ncircular{θ; θ̂i(o⃗), κi}. (12)

Perceptual estimation

We consider the following four, previously proposed (26, 35), ways in which the brain may
convert the posterior p(θ center

percept|o⃗) into a perceptual point estimate, θ center
estimate:

Model averaging: θ center
estimate is the mean of the joint posterior over all structures: θ center

estimate =∑N
i=0w

′
iµ

′
i(o⃗).

Model selection: θ center
estimate is the posterior mean over direction for the most likely structure:

θ center
estimate = µ′

i∗(o⃗) where i∗ = argmaxw′
i.

Structure sampling: θ center
estimate is the posterior mean over direction for a single structure sam-

pled from the posterior over structures: θ center
estimate = µ′

i(o⃗) where probability of µ′
i(o⃗) ∝ w′

i(o⃗).

Posterior Sampling: θ center
estimate is a direction sampled from the joint posterior over all structures

and directions: θ center
estimate ∼ p(θ center

percept|o⃗).

Predicted distribution over observer responses

The distribution over observer reports, R, for a set of experimenter-defined directions ν⃗ ≡
(ν⃗ center

retina , ν⃗ surround
retina ) can be obtained by marginalizing out all possible sensory observations (26,

54) :

p(R|ν⃗) =
∫

o⃗

p(R|o⃗)p(o⃗|ν⃗). (13)
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We model the distribution over observer reports, R, as a von Mises distribution centered on
θ center
estimate allowing for a reporting bias b and a motor noise κm:

p(R|ν) =
∫

o⃗

Ncircular(R; θ center
estimate + b, κm)p(o⃗|ν⃗). (14)

Since this integral is intractable to evaluate analytically, we approximate this using Gaussian
quadratures evaluated at points o⃗j with weights wquad

j :

p(R|ν) =
∑

j

wquad
j Ncircular(R; θ center

estimate + b, κm). (15)

The distribution over observer responses for different perceptual estimates described in the
previous section are give in supplementary section S3.

Model fitting details

We obtained the maximum a posteriori (MAP; for initializing the sampler) and maximum like-
lihood estimate (MLE; to compute AIC) for the model parameters under weakly informative
priors (details in Table S1) using a quasi-newton Broyden-Fletcher-Goldfarb-Shanno (BFGS)
unconstrained optimization procedure (fminunc in MATLAB). We obtained full posteriors over
all model parameters using generalized elliptical slice sampling (55) which allowed us to get
uncertainty estimates for all parameter estimates. We used 144 chains with 25000 samples per
chain to estimate the posterior distribution over the parameters (average R̂ ≤ 1.1).

To evaluate the absolute goodness of fit of the model, for each combination of center and
surround velocities, we compared the empirical CDF from the reported directions with the
corresponding model prediction. We quantified the overall match as variance explained across
all conditions.

Supplementary Text

S1 Estimating the distribution over modulation indices
In this section we present the details of the procedure to compute the distribution of modulation
indices described in the main text. The predicted distribution over reports across trials for
a given combination of veridical center and surround velocities can be expanded for a given
modulation index wMI assuming Gaussian observation noise:
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p(R|ν⃗ center, ν⃗ surround, wMI) =





N (R; b+ ν⃗ center − wMIν⃗
surround,

σ2
motor + σ2

center + w2
MIσ

2
surround) wMI ≥ 0

N (R; b+ (1 + wMI)ν⃗
center − wMIν⃗

surround,

σ2
motor + (1 + wMI)

2σ2
center + w2

MIσ
2
surround) wMI ≤ 0

(1)

with the corresponding CDF

CDF(R|ν⃗ center, ν⃗ surround, wMI) =





Φ(R; b+ ν⃗ center − wMIν⃗
surround,

σ2
motor + σ2

center + w2
MIσ

2
surround) wMI ≥ 0

Φ(R; b+ (1 + wMI)ν⃗
center − wMIν⃗

surround,

σ2
motor + (1 + wMI)

2σ2
center + w2

MIσ
2
surround) wMI ≤ 0

(2)
where Φ denotes the normal CDF. The variance over reports in the stationary surround

condition, given by Var(R stationary) = σ2
motor + σ2

center is an upper bound on the σ2
center (as

σ2
motor ≥ 0). This allowed us to parameterize σ2

center = Var(R stationary)c center and σ2
surround =

Var(R stationary)c surround where 0 ≤ c center, c surround ≤ 1. In order to estimate c center, c surround,
and πi

MI, we minimized the L2 norm between the predicted CDF over the reported directions
and the empirically estimated CDF in the moving surround condition. The predicted CDF can
be expanded as a mixture of the CDF predicted for each wMI weighted by the corresponding
probability:

CDF(R|ν⃗ center, ν⃗ surround) =
33∑

i=1

CDF(R|ν⃗ center, ν⃗ surround, wi
MI)π

i
MI∆wMI. (3)

wi
MI are the bin centers separated by ∆wMI. We assumed a weakly informative lognormal

prior over σ2
center and σ2

surround (with logarithmic mean −3.75 and standard deviation 1.15). We
also added two costs on πi

MI as regularization to ensure convergence: (a) L1 regularization pe-
nalizing the sum of absolute values of πi

MI that ensured that πi
MI corresponding to non-required

regions of wi
MI went to zero, and (b) regularization on the curvature (second derivative) to en-

sure smooth distributions over wi
MI. The regularization constants λ1 and λ2 corresponding to

the two terms of the regularization were estimated by cross validation on synthetic ground truth
data.

S2 Inference in the hierarchical causal inference model
In this section, we derive the expressions for posteriors over the inferred latents in our causal
inference model. Eq. 9 in the main text can be expanded in the context of our model as
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p(v⃗ center
percept|o⃗) =

∑

c1={0,1}

∑

c2={0,1}

∑

c3={0,1}

∑

c4={0,1}

p(Ccenter = c1, C
surround = c2, C

group = c3, S
center,surround = c4|o⃗)

p(v⃗ center
percept|o⃗, Ccenter = c1, C

surround = c2, C
group = c3, S

center,surround = c4).

(4)

where wi(o⃗j) = p(Ccenter = c1, C
surround = c2, C

group = c3, S
center,surround = c4|o⃗),

µi(o⃗j) and σ2
i are the mean and variance of p(v⃗ center

percept|o⃗, Ccenter = c1, C
surround = c2, C

group =
c3, S

center,surround = c4) respectively.
To get the required expression for Eq. 4, it is sufficient to derive expressions for

p(C center, Scenter,surround, Cgroup, C surround|o⃗ center, o⃗ surround) (5)

p(v⃗ group
relative|o⃗ center, o⃗ surround, C center, Scenter,surround, Cgroup, C surround) (6)

p(v⃗ center
relative|o⃗ center, o⃗ surround, C center, Scenter,surround, Cgroup, C surround) (7)

as

p(v⃗ center
percept|o⃗ center, o⃗ surround, C center = 0, Scenter,surround = 1, Cgroup = 1, C surround ∈ {0, 1}) =

p(v⃗ group
relative|o⃗ center, o⃗ surround, C center = 0, Scenter,surround = 1, Cgroup = 1, C surround ∈ {0, 1})

(8)

p(v⃗ center
percept|o⃗ center, o⃗ surround, C center = 1, Scenter,surround ∈ {0, 1}, Cgroup ∈ {0, 1}, C surround ∈ {0, 1}) =

p(v⃗ center
relative|o⃗ center, o⃗ surround, C center = 1, Scenter,surround ∈ {0, 1}, Cgroup ∈ {0, 1}, C surround ∈ {0, 1})

(9)

The joint distribution over the latents and observations for a given structure can be expanded
in terms of their definitions (main text)
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p(o⃗ center, o⃗ surround, v⃗ group
relative, v⃗

center
relative, v⃗

surround
relative , v⃗ group|C center, Scenter,surround, Cgroup, C surround) =

N (o⃗ center − v⃗ center
relative;S

center,surroundv⃗ group, σ2
center + σ2

∆)

N (o⃗ surround − v⃗ surround
relative ;Scenter,surroundv⃗ group, σ2

surround + σ2
∆)

N (v⃗ group; v⃗ group
relative, σ

2
∆)N (v⃗ group

relative; 0, C
groupσ2

prior)

N (v⃗ center
relative; 0, C

centerσ2
prior)N (v⃗ surround

relative ; 0, C surroundσ2
prior)

(10)

We have assumed the inferred v⃗ world = 0 since our stimuli in the experiment are local
moving patches and are unlikely to introduce non-zero self motion velocities. Marginalizing
out the center and surround velocities

p(o⃗ center, o⃗ surround, v⃗ group
relative, v⃗

group|C center, Scenter,surround, Cgroup, C surround) =

N (o⃗ center;Scenter,surroundv⃗ group, σ2
center + σ2

∆ + C centerσ2
prior)

N (o⃗ surround;Scenter,surroundv⃗ group, σ2
surround + σ2

∆ + C surroundσ2
prior)

N (v⃗ group; v⃗ group
relative, σ

2
∆)N (v⃗ group

relative; 0, C
groupσ2

prior)

(11)

By defining

σ2
5 = σ2

center + σ2
surround + 2σ2

∆ + C centerσ2
prior + C surroundσ2

prior (12)

γ5 =
σ2

surround + σ2
∆ + C surroundσ2

prior

σ2
5

(13)

we can apply the formula for product of Gaussian pdf to get

p(o⃗ center, o⃗ surround, v⃗ group
relative|C center, Scenter,surround, Cgroup, C surround) = N (o⃗ center; o⃗ surround, σ2

5)

N (o⃗ centerγ5 + o⃗ surround(1− γ5);S
center,surroundv⃗ group

relative, σ
2
5γ5(1− γ5) + Scenter,surroundσ2

∆)

N (v⃗ group
relative; 0, C

groupσ2
prior)

(14)

Similarly by defining

σ2
6 = σ2

5γ5(1− γ5) + Scenter,surround(σ2
∆ + Cgroupσ2

prior) (15)

9



γ6 =
Scenter,surroundCgroupσ2

prior

σ2
6

(16)

we can apply the product of Gaussian pdf to get

p(o⃗ center, o⃗ surround, v⃗ group
relative|C center, Scenter,surround, Cgroup, C surround) =

N (o⃗ center; o⃗ surround, σ2
5)N (o⃗ centerγ5 + o⃗ surround(1− γ5); 0, σ

2
6)

N (v⃗ group
relative; o⃗

centerγ5γ6 + o⃗ surround(1− γ5)γ6, C
groupσ2

prior(1− Scenter,surroundγ6))

(17)

We can substitute the above equation into the likelihood for the posterior over the group
relative velocity. By marginalizing the group relative velocity, we can also substitute the above
equation to the posterior over the different causal structures

p(v⃗ group
relative|o⃗ center, o⃗ surround, C center, Scenter,surround, Cgroup, C surround) =

N (v⃗ group
relative; o⃗

centerγ5γ6 + o⃗ surround(1− γ5)γ6, C
groupσ2

prior(1− Scenter,surroundγ6))

(18)

p(C center, Scenter,surround, Cgroup, C surround|o⃗ center, o⃗ surround) =

N (o⃗ center; o⃗ surround, σ2
5)N (o⃗ centerγ5 + o⃗ surround(1− γ5); 0, σ

2
6)

(1−α)(C
center+Cgroup+C surround)(α)(3−C center−Cgroup−C surround)βScenter,surround

gr (1−βgr)
(1−Scenter,surround)

(19)

To get the posterior over the center relative velocity, we start with joint distributions over the
latents for each causal structures and repeatedly apply the Gaussian pdf products and marginal-
ize out the variables other than v⃗ center

relative

10



p(o⃗ center, o⃗ surround, v⃗ group
relative, v⃗

center
relative, v⃗

surround
relative , v⃗ group|C center, Scenter,surround, Cgroup, C surround) =

N (o⃗ center − v⃗ center
relative;S

center,surroundv⃗ group, σ2
center + σ2

∆)

N (o⃗ surround − v⃗ surround
relative ;Scenter,surroundv⃗ group, σ2

surround + σ2
∆)

N (v⃗ group; v⃗ group
relative, σ

2
∆)N (v⃗ group

relative; 0, C
groupσ2

prior)N (v⃗ center
relative; 0, C

centerσ2
prior)N (v⃗ surround

relative ; 0, C surroundσ2
prior)

(20)

By defining

σ2
1 = σ2

surround + σ2
center + 2σ2

∆ (21)

γ1 =
σ2

surround + σ2
∆

σ2
1

(22)

we can apply the formula for product of Gaussian pdf to get

p(o⃗ center, o⃗ surround, v⃗ group
relative, v⃗

center
relative, v⃗

surround
relative |C center, Scenter,surround, Cgroup, C surround) =

N (o⃗ center − v⃗ center
relative; o⃗

surround − v⃗ surround
relative , σ2

1)

N (Scenter,surroundv⃗ group
relative; (o⃗

center−v⃗ center
relative)γ1+(o⃗ surround−v⃗ surround

relative )(1−γ1), σ
2
1γ1(1−γ1)+Scenter,surroundσ2

∆)

N (v⃗ group
relative; 0, C

groupσ2
prior)N (v⃗ center

relative; 0, C
centerσ2

prior)N (v⃗ surround
relative ; 0, C surroundσ2

prior)

(23)

By marginalizing the group relative velocity

p(o⃗ center, o⃗ surround, v⃗ center
relative, v⃗

surround
relative |C center, Scenter,surround, Cgroup, C surround) =

N (o⃗ center − v⃗ center
relative; o⃗

surround − v⃗ surround
relative , σ2

1)

N (0; (o⃗ center−v⃗ center
relative)γ1+(o⃗ surround−v⃗ surround

relative )(1−γ1), σ
2
1γ1(1−γ1)+Scenter,surround(σ2

∆+Cgroupσ2
prior))

N (v⃗ center
relative; 0, C

centerσ2
prior)N (v⃗ surround

relative ; 0, C surroundσ2
prior)

(24)

Rearraging the different terms

11



p(o⃗ center, o⃗ surround, v⃗ center
relative, v⃗

surround
relative |C center, Scenter,surround, Cgroup, C surround) =

N (v⃗ surround
relative ; o⃗ surround − o⃗ center + v⃗ center

relative, σ
2
1)

N ((1−γ1)v⃗
surround
relative ; (o⃗ center−v⃗ center

relative)γ1+o⃗ surround(1−γ1), σ
2
1γ1(1−γ1)+Scenter,surround(σ2

∆+Cgroupσ2
prior))

N (v⃗ center
relative; 0, C

centerσ2
prior)N (v⃗ surround

relative ; 0, C surroundσ2
prior)

(25)

p(o⃗ center, o⃗ surround, v⃗ center
relative, v⃗

surround
relative |C center, Scenter,surround, Cgroup, C surround) =

N (v⃗ surround
relative ; o⃗ surround − o⃗ center + v⃗ center

relative, σ
2
1)

1

(1− γ1)2

N (v⃗ surround
relative ; (o⃗ center−v⃗ center

relative)
γ1

(1− γ1)
+o⃗ surround,

σ2
1γ1(1− γ1) + Scenter,surround(σ2

∆ + Cgroupσ2
prior)

(1− γ1)2
)

N (v⃗ center
relative; 0, C

centerσ2
prior)N (v⃗ surround

relative ; 0, C surroundσ2
prior)

(26)

By defining

σ2
2 = σ2

1 +
σ2
1γ1(1− γ1) + Scenter,surround(σ2

∆ + Cgroupσ2
prior)

(1− γ1)2
(27)

γ2 = 1− σ2
1

σ2
2

(28)

we can apply the formula for product of Gaussian pdf and marginalizing the surround rela-
tive velocity to get

p(o⃗ center, o⃗ surround, v⃗ center
relative|C center, Scenter,surround, Cgroup, C surround) =

1

(1− γ1)2
N ((o⃗ center − v⃗ center

relative)
γ1

(1− γ1)
+ o⃗ surround; o⃗ surround − o⃗ center + v⃗ center

relative, σ
2
2)

N (0; (o⃗ surround−o⃗ center+v⃗ center
relative)γ2+((o⃗ center−v⃗ center

relative)
γ1

(1− γ1)
+o⃗ surround)(1−γ2), σ

2
2γ2(1−γ2)+C surroundσ2

prior)

N (v⃗ center
relative; 0, C

centerσ2
prior)

(29)

By rearranging terms
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p(o⃗ center, o⃗ surround, v⃗ center
relative|C center, Scenter,surround, Cgroup, C surround) =

(1−γ1)
2N (o⃗ centerγ1−v⃗ center

relativeγ1+o⃗ surround(1−γ1); o⃗
surround(1−γ1)−o⃗ center(1−γ1)+v⃗ center

relative(1−γ1), σ
2
2(1−γ1)

2)

N (0; (o⃗ surround−o⃗ center+v⃗ center
relative)γ2(1−γ1)+(o⃗ centerγ1−v⃗ center

relativeγ1+o⃗ surround(1−γ1))(1−γ2), . . .

σ2
1γ2(1− γ1)

2 + C surroundσ2
prior(1− γ1)

2)

N (v⃗ center
relative; 0, C

centerσ2
prior)

(30)

p(o⃗ center, o⃗ surround, v⃗ center
relative|C center, Scenter,surround, Cgroup, C surround) =

(1− γ1)
2N (v⃗ center

relative; o⃗
center, σ2

2(1− γ1)
2)

N ((γ1−γ2)v⃗
center
relative; (γ1−γ2)o⃗

center+o⃗ surround(1−γ1), σ
2
1γ2(1−γ1)

2+C surroundσ2
prior(1−γ1)

2)

N (v⃗ center
relative; 0, C

centerσ2
prior)

(31)

p(o⃗ center, o⃗ surround, v⃗ center
relative|C center, Scenter,surround, Cgroup, C surround) =

(1−γ1)
2N ((γ1−γ2)v⃗

center
relative; (γ1−γ2)o⃗

center+o⃗ surround(1−γ1), σ
2
1γ2(1−γ1)

2+C surroundσ2
prior(1−γ1)

2)

N (v⃗ center
relative; o⃗

center, σ2
2(1− γ1)

2)N (v⃗ center
relative; 0, C

centerσ2
prior)

(32)

p(o⃗ center, o⃗ surround, v⃗ center
relative|C center, Scenter,surround, Cgroup, C surround) =

(1− γ1)
2

(γ1 − γ2)2

N (v⃗ center
relative; o⃗

center + o⃗ surround (1− γ1)

(γ1 − γ2)
, σ2

1γ2
(1− γ1)

2

(γ1 − γ2)2
+ C surroundσ2

prior

(1− γ1)
2

(γ1 − γ2)2
)

N (v⃗ center
relative; o⃗

center, σ2
2(1− γ1)

2)N (v⃗ center
relative; 0, C

centerσ2
prior)

(33)

By defining

σ2
3 = (σ2

1γ2 + C surroundσ2
prior + σ2

2(γ1 − γ2)
2)(1− γ1)

2 (34)

13



γ3 =
σ2
2(1− γ1)

2(γ1 − γ2)
2

σ2
3

(35)

we can apply the formula for product of Gaussian pdf

p(o⃗ center, o⃗ surround, v⃗ center
relative|C center, Scenter,surround, Cgroup, C surround) =

(1− γ1)
2

(γ1 − γ2)2
N (o⃗ center; o⃗ center + o⃗ surround (1− γ1)

(γ1 − γ2)
,

σ2
3

(γ1 − γ2)2
)

N (v⃗ center
relative; o⃗

center + o⃗ surround (1− γ1)

(γ1 − γ2)
Scenter,surroundγ3, σ

2
2(1− γ1)

2(1− Scenter,surroundγ3))

N (v⃗ center
relative; 0, C

centerσ2
prior)

(36)

By rearranging terms

p(o⃗ center, o⃗ surround, v⃗ center
relative|C center, Scenter,surround, Cgroup, C surround) =

(1− γ1)
2N ((γ1 − γ2)o⃗

center + o⃗ surround(1− γ1); (γ1 − γ2)o⃗
center, σ2

3)

N (v⃗ center
relative; o⃗

center + o⃗ surround (1− γ1)

(γ1 − γ2)
Scenter,surroundγ3, σ

2
2(1− γ1)

2(1− Scenter,surroundγ3))

N (v⃗ center
relative; 0, C

centerσ2
prior)

(37)

We can expand and simplify some of the terms in the pdf to define a gain g

σ2
2 =

σ2
1

(1− γ1)
+

Scenter,surround(σ2
∆ + Cgroupσ2

prior)

(1− γ1)2
(38)

σ2
2 =

σ2
1(1− γ1) + Scenter,surround(σ2

∆ + Cgroupσ2
prior)

(1− γ1)2
(39)

σ2
2 − σ2

1 =
σ2
1(1− γ1)γ1 + Scenter,surround(σ2

∆ + Cgroupσ2
prior)

(1− γ1)2
(40)

γ2 =
σ2
1γ1(1− γ1) + Scenter,surround(σ2

∆ + Cgroupσ2
prior)

σ2
1(1− γ1) + Scenter,surround(σ2

∆ + Cgroupσ2
prior)

(41)

γ1 − γ2 = γ1 −
σ2
1γ1(1− γ1) + Scenter,surround(σ2

∆ + Cgroupσ2
prior)

σ2
1(1− γ1) + Scenter,surround(σ2

∆ + Cgroupσ2
prior)

(42)
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γ1 − γ2 =
Scenter,surroundγ1(σ

2
∆ + Cgroupσ2

prior)− Scenter,surround(σ2
∆ + Cgroupσ2

prior)

σ2
1(1− γ1) + Scenter,surround(σ2

∆ + Cgroupσ2
prior)

(43)

γ1 − γ2 = − Scenter,surround(σ2
∆ + Cgroupσ2

prior)(1− γ1)

σ2
1(1− γ1) + Scenter,surround(σ2

∆ + Cgroupσ2
prior)

(44)

(γ1 − γ2)
2 =

Scenter,surround(σ2
∆ + Cgroupσ2

prior)
2(1− γ1)

2

[σ2
1(1− γ1) + Scenter,surround(σ2

∆ + Cgroupσ2
prior)]

2
(45)

σ2
2(γ1 − γ2)

2 =
Scenter,surround(σ2

∆ + Cgroupσ2
prior)

2

[σ2
1(1− γ1) + Scenter,surround(σ2

∆ + Cgroupσ2
prior)]

(46)

1

(σ2
1γ2 + C surroundσ2

prior + σ2
2(γ1 − γ2)2)

=
(1− γ1)

2

σ2
3

(47)

γ3 =
σ2
2(1− γ1)

2(γ1 − γ2)
2

σ2
3

(48)

γ3 =
Scenter,surround(σ2

∆ + Cgroupσ2
prior)

2

[(σ2
1γ2 + C surroundσ2

prior + σ2
2(γ1 − γ2)2)]

(49)

γ3 = − Scenter,surround(σ2
∆ + Cgroupσ2

prior)g

[σ2
∆ + σ2

g + Scenter,surround(σ2
∆ + Cgroupσ2

prior)]
(50)

(1− γ1)

(γ1 − γ2)
γ3 = − Scenter,surround(σ2

∆ + Cgroupσ2
prior)

(σ2
1γ2 + C surroundσ2

prior + σ2
2(γ1 − γ2)2)

(51)

g =
(1− γ1)

(γ1 − γ2)
γ3 (52)

g = − Scenter,surround(σ2
∆ + Cgroupσ2

prior)

σ2
∆ + σ2

r + C surroundσ2
prior + Scenter,surround(σ2

∆ + Cgroupσ2
prior)

(53)

Substituting in the original expression

p(o⃗ center, o⃗ surround, v⃗ center
relative|C center, Scenter,surround, Cgroup, C surround) =

(1−γ1)
2N (o⃗ surround(1−γ1); 0, σ

2
3)N (v⃗ center

relative; o⃗
center+o⃗ surroundg, σ2

2(1−γ1)
2(1−Scenter,surroundγ3))

N (v⃗ center
relative; 0, C

centerσ2
prior)

(54)
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By defining

σ2
4 = σ2

2(1− γ1)
2(1− Scenter,surroundγ3) + C centerσ2

prior (55)

γ4 =
C centerσ2

prior

σ2
4

(56)

We can apply the rule for multiplying Gaussians and substitute the expression in the defini-
tion of the posterior of relative center velocity to get

p(v⃗ center
relative|o⃗ center, o⃗ surround, C center, Scenter,surround, Cgroup, C surround) =

N (v⃗ center
relative; (o⃗

center + o⃗ surroundg)γ4, σ
2
2(1− γ1)

2(1− Scenter,surroundγ3)γ4)

(57)

which can be simplified as follows

p(v⃗ center
relative|o⃗ center, o⃗ surround, C center, Scenter,surround, Cgroup, C surround) =

N (v⃗ center
relative; (o⃗

center + o⃗ surroundg)γ4, [σ
2
4 − C centerσ2

prior]γ4)

(58)

p(v⃗ center
relative|o⃗ center, o⃗ surround, C center, Scenter,surround, Cgroup, C surround) =

N (v⃗ center
relative; (o⃗

center + o⃗ surroundg)γ4, C
centerσ2

prior(1− γ4))

(59)

S3 Distribution over responses under perceptual estimates
The distribution over responses can be evaluated for the different perceptual estimates by sub-
stituting the different estimates detailed in the main text (Section: Perceptual estimation) into
Eq. 15.

Posterior sampling

p(R|ν) =
∑

j

N∑

i=0

wquad
j w′

i(o⃗)

∫

θ

Ncircular(R; θ + b, κm)Ncircular[θ;µ
′
i(o⃗), κ

′
i] (60)

which can be simplified using the product rule of von-Mises pdf (56) to get
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p(R|ν) =
∑

j

N∑

i=0

wquad
j w′

i(o⃗)
I0[
√

(κ′
i)
2 + κm + 2κ′

iκm cos(R− b− µ′
i(o⃗)))]

2πI0(κm)I0(κ′
i)

(61)

Structure sampling

p(R|ν) =
∑

j

N∑

i=0

wquad
j w′

i(o⃗)Ncircular(R;µ′
i(o⃗) + b, κm). (62)

Model averaging

p(R|ν) =
∑

j

wquad
j (o⃗)Ncircular

(
R;

N∑

i=0

w′
iµ

′
i(o⃗) + b, κm

)
(63)

Model selection

p(R|ν) =
∑

j

wquad
j (o⃗)Ncircular (R;µ′

i∗(o⃗) + b, κm) (64)
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<latexit sha1_base64="VI4UayF8jYFMHg3qEZW+s0XaCY4=">AAAB9HicbVBNSwMxEM3Wr1q/qh69BIvgQcpuFfVY8OKxgv2A7lKy6Wwbmk3WJFsoS3+HFw+KePXHePPfmLZ70NYHA4/3ZpiZFyacaeO6305hbX1jc6u4XdrZ3ds/KB8etbRMFYUmlVyqTkg0cCagaZjh0EkUkDjk0A5HdzO/PQalmRSPZpJAEJOBYBGjxFgp8MdAM1/FWE57tV654lbdOfAq8XJSQTkavfKX35c0jUEYyonWXc9NTJARZRjlMC35qYaE0BEZQNdSQWLQQTY/eorPrNLHkVS2hMFz9fdERmKtJ3FoO2NihnrZm4n/ed3URLdBxkSSGhB0sShKOTYSzxLAfaaAGj6xhFDF7K2YDoki1NicSjYEb/nlVdKqVb3r6uXDVaV+kcdRRCfoFJ0jD92gOrpHDdREFD2hZ/SK3pyx8+K8Ox+L1oKTzxyjP3A+fwB+ZJHb</latexit>

~o2

<latexit sha1_base64="JPD80+Ir6lZtwQjZKqKfH8yEQ0o=">AAAB9HicbVDLSgNBEOz1GeMr6tHLYBA8SNhVUY8BLx4jmAdklzA7mSRD5rHOzAbCku/w4kERr36MN//GSbIHTSxoKKq66e6KE86M9f1vb2V1bX1js7BV3N7Z3dsvHRw2jEo1oXWiuNKtGBvKmaR1yyynrURTLGJOm/Hwbuo3R1QbpuSjHSc0ErgvWY8RbJ0UhSNKslALpCadoFMq+xV/BrRMgpyUIUetU/oKu4qkgkpLODamHfiJjTKsLSOcTophamiCyRD3adtRiQU1UTY7eoJOndJFPaVdSYtm6u+JDAtjxiJ2nQLbgVn0puJ/Xju1vdsoYzJJLZVkvqiXcmQVmiaAukxTYvnYEUw0c7ciMsAaE+tyKroQgsWXl0njohJcVy4frsrV8zyOAhzDCZxBADdQhXuoQR0IPMEzvMKbN/JevHfvY9664uUzR/AH3ucPfOCR2g==</latexit>

~o1

mixture prior favors stationarity

2

1
<latexit sha1_base64="VI4UayF8jYFMHg3qEZW+s0XaCY4=">AAAB9HicbVBNSwMxEM3Wr1q/qh69BIvgQcpuFfVY8OKxgv2A7lKy6Wwbmk3WJFsoS3+HFw+KePXHePPfmLZ70NYHA4/3ZpiZFyacaeO6305hbX1jc6u4XdrZ3ds/KB8etbRMFYUmlVyqTkg0cCagaZjh0EkUkDjk0A5HdzO/PQalmRSPZpJAEJOBYBGjxFgp8MdAM1/FWE57tV654lbdOfAq8XJSQTkavfKX35c0jUEYyonWXc9NTJARZRjlMC35qYaE0BEZQNdSQWLQQTY/eorPrNLHkVS2hMFz9fdERmKtJ3FoO2NihnrZm4n/ed3URLdBxkSSGhB0sShKOTYSzxLAfaaAGj6xhFDF7K2YDoki1NicSjYEb/nlVdKqVb3r6uXDVaV+kcdRRCfoFJ0jD92gOrpHDdREFD2hZ/SK3pyx8+K8Ox+L1oKTzxyjP3A+fwB+ZJHb</latexit>

~o2

<latexit sha1_base64="JPD80+Ir6lZtwQjZKqKfH8yEQ0o=">AAAB9HicbVDLSgNBEOz1GeMr6tHLYBA8SNhVUY8BLx4jmAdklzA7mSRD5rHOzAbCku/w4kERr36MN//GSbIHTSxoKKq66e6KE86M9f1vb2V1bX1js7BV3N7Z3dsvHRw2jEo1oXWiuNKtGBvKmaR1yyynrURTLGJOm/Hwbuo3R1QbpuSjHSc0ErgvWY8RbJ0UhSNKslALpCadoFMq+xV/BrRMgpyUIUetU/oKu4qkgkpLODamHfiJjTKsLSOcTophamiCyRD3adtRiQU1UTY7eoJOndJFPaVdSYtm6u+JDAtjxiJ2nQLbgVn0puJ/Xju1vdsoYzJJLZVkvqiXcmQVmiaAukxTYvnYEUw0c7ciMsAaE+tyKroQgsWXl0njohJcVy4frsrV8zyOAhzDCZxBADdQhXuoQR0IPMEzvMKbN/JevHfvY9664uUzR/AH3ucPfOCR2g==</latexit>

~o1
<latexit sha1_base64="JLXvaDuygpP3Dukllyq30vs7ULQ=">AAACBHicbVC7TsMwFHXKq5RXgLGLRYXEAFVSEDBWYmEsEn1ITRQ5rtNatePIdipVUQcWfoWFAYRY+Qg2/ga3zVBajnSl43Pule89YcKo0o7zYxXW1jc2t4rbpZ3dvf0D+/CopUQqMWliwYTshEgRRmPS1FQz0kkkQTxkpB0O76Z+e0SkoiJ+1OOE+Bz1YxpRjLSRArvsjQjOPMmhmATuxeKrFtgVp+rMAFeJm5MKyNEI7G+vJ3DKSawxQ0p1XSfRfoakppiRSclLFUkQHqI+6RoaI06Un82OmMBTo/RgJKSpWMOZujiRIa7UmIemkyM9UMveVPzP66Y6uvUzGiepJjGefxSlDGoBp4nAHpUEazY2BGFJza4QD5BEWJvcSiYEd/nkVdKqVd3r6uXDVaV+nsdRBGVwAs6AC25AHdyDBmgCDJ7AC3gD79az9Wp9WJ/z1oKVzxyDP7C+fgEe45ex</latexit>

~o1 �~o2

3
<latexit sha1_base64="tPMLXpS+POCidTpF/fGIlYTzGZw=">AAAB9HicbVBNSwMxEJ2tX7V+VT16CRbBg5RdK+qx4MVjBfsB3aVk02wbmmzWJFsoS3+HFw+KePXHePPfmLZ70NYHA4/3ZpiZFyacaeO6305hbX1jc6u4XdrZ3ds/KB8etbRMFaFNIrlUnRBryllMm4YZTjuJoliEnLbD0d3Mb4+p0kzGj2aS0EDgQcwiRrCxUuCPKcl8JZCc9mq9csWtunOgVeLlpAI5Gr3yl9+XJBU0NoRjrbuem5ggw8owwum05KeaJpiM8IB2LY2xoDrI5kdP0ZlV+iiSylZs0Fz9PZFhofVEhLZTYDPUy95M/M/rpia6DTIWJ6mhMVksilKOjESzBFCfKUoMn1iCiWL2VkSGWGFibE4lG4K3/PIqaV1Wvetq7eGqUr/I4yjCCZzCOXhwA3W4hwY0gcATPMMrvDlj58V5dz4WrQUnnzmGP3A+fwB/6JHc</latexit>

~o3

slow speed prior favors slow relative speeds

C

1
<latexit sha1_base64="JPD80+Ir6lZtwQjZKqKfH8yEQ0o=">AAAB9HicbVDLSgNBEOz1GeMr6tHLYBA8SNhVUY8BLx4jmAdklzA7mSRD5rHOzAbCku/w4kERr36MN//GSbIHTSxoKKq66e6KE86M9f1vb2V1bX1js7BV3N7Z3dsvHRw2jEo1oXWiuNKtGBvKmaR1yyynrURTLGJOm/Hwbuo3R1QbpuSjHSc0ErgvWY8RbJ0UhSNKslALpCadoFMq+xV/BrRMgpyUIUetU/oKu4qkgkpLODamHfiJjTKsLSOcTophamiCyRD3adtRiQU1UTY7eoJOndJFPaVdSYtm6u+JDAtjxiJ2nQLbgVn0puJ/Xju1vdsoYzJJLZVkvqiXcmQVmiaAukxTYvnYEUw0c7ciMsAaE+tyKroQgsWXl0njohJcVy4frsrV8zyOAhzDCZxBADdQhXuoQR0IPMEzvMKbN/JevHfvY9664uUzR/AH3ucPfOCR2g==</latexit>

~o1

penalizes depth
<latexit sha1_base64="UYvBUR9RYSZNKkFObk3eX2j/Nl0=">AAAB+nicbVBNS8NAEN34WetXqkcvi0XwICWpoh4LevBYwX5AE8Nmu22X7iZhd6KU2J/ixYMiXv0l3vw3btsctPXBwOO9GWbmhYngGhzn21paXlldWy9sFDe3tnd27dJeU8epoqxBYxGrdkg0EzxiDeAgWDtRjMhQsFY4vJr4rQemNI+jOxglzJekH/EepwSMFNglT/O+JEHmXTMBZHxfDeyyU3GmwIvEzUkZ5agH9pfXjWkqWQRUEK07rpOAnxEFnAo2LnqpZgmhQ9JnHUMjIpn2s+npY3xklC7uxcpUBHiq/p7IiNR6JEPTKQkM9Lw3Ef/zOin0Lv2MR0kKLKKzRb1UYIjxJAfc5YpRECNDCFXc3IrpgChCwaRVNCG48y8vkma14p5XTm/PyrWTPI4COkCH6Bi56ALV0A2qowai6BE9o1f0Zj1ZL9a79TFrXbLymX30B9bnDyvsk+E=</latexit>

�2
�

<latexit sha1_base64="JPD80+Ir6lZtwQjZKqKfH8yEQ0o=">AAAB9HicbVDLSgNBEOz1GeMr6tHLYBA8SNhVUY8BLx4jmAdklzA7mSRD5rHOzAbCku/w4kERr36MN//GSbIHTSxoKKq66e6KE86M9f1vb2V1bX1js7BV3N7Z3dsvHRw2jEo1oXWiuNKtGBvKmaR1yyynrURTLGJOm/Hwbuo3R1QbpuSjHSc0ErgvWY8RbJ0UhSNKslALpCadoFMq+xV/BrRMgpyUIUetU/oKu4qkgkpLODamHfiJjTKsLSOcTophamiCyRD3adtRiQU1UTY7eoJOndJFPaVdSYtm6u+JDAtjxiJ2nQLbgVn0puJ/Xju1vdsoYzJJLZVkvqiXcmQVmiaAukxTYvnYEUw0c7ciMsAaE+tyKroQgsWXl0njohJcVy4frsrV8zyOAhzDCZxBADdQhXuoQR0IPMEzvMKbN/JevHfvY9664uUzR/AH3ucPfOCR2g==</latexit>

~o1

<latexit sha1_base64="VI4UayF8jYFMHg3qEZW+s0XaCY4=">AAAB9HicbVBNSwMxEM3Wr1q/qh69BIvgQcpuFfVY8OKxgv2A7lKy6Wwbmk3WJFsoS3+HFw+KePXHePPfmLZ70NYHA4/3ZpiZFyacaeO6305hbX1jc6u4XdrZ3ds/KB8etbRMFYUmlVyqTkg0cCagaZjh0EkUkDjk0A5HdzO/PQalmRSPZpJAEJOBYBGjxFgp8MdAM1/FWE57tV654lbdOfAq8XJSQTkavfKX35c0jUEYyonWXc9NTJARZRjlMC35qYaE0BEZQNdSQWLQQTY/eorPrNLHkVS2hMFz9fdERmKtJ3FoO2NihnrZm4n/ed3URLdBxkSSGhB0sShKOTYSzxLAfaaAGj6xhFDF7K2YDoki1NicSjYEb/nlVdKqVb3r6uXDVaV+kcdRRCfoFJ0jD92gOrpHDdREFD2hZ/SK3pyx8+K8Ox+L1oKTzxyjP3A+fwB+ZJHb</latexit>

~o2

<latexit sha1_base64="JPD80+Ir6lZtwQjZKqKfH8yEQ0o=">AAAB9HicbVDLSgNBEOz1GeMr6tHLYBA8SNhVUY8BLx4jmAdklzA7mSRD5rHOzAbCku/w4kERr36MN//GSbIHTSxoKKq66e6KE86M9f1vb2V1bX1js7BV3N7Z3dsvHRw2jEo1oXWiuNKtGBvKmaR1yyynrURTLGJOm/Hwbuo3R1QbpuSjHSc0ErgvWY8RbJ0UhSNKslALpCadoFMq+xV/BrRMgpyUIUetU/oKu4qkgkpLODamHfiJjTKsLSOcTophamiCyRD3adtRiQU1UTY7eoJOndJFPaVdSYtm6u+JDAtjxiJ2nQLbgVn0puJ/Xju1vdsoYzJJLZVkvqiXcmQVmiaAukxTYvnYEUw0c7ciMsAaE+tyKroQgsWXl0njohJcVy4frsrV8zyOAhzDCZxBADdQhXuoQR0IPMEzvMKbN/JevHfvY9664uUzR/AH3ucPfOCR2g==</latexit>

~o1

<latexit sha1_base64="tPMLXpS+POCidTpF/fGIlYTzGZw=">AAAB9HicbVBNSwMxEJ2tX7V+VT16CRbBg5RdK+qx4MVjBfsB3aVk02wbmmzWJFsoS3+HFw+KePXHePPfmLZ70NYHA4/3ZpiZFyacaeO6305hbX1jc6u4XdrZ3ds/KB8etbRMFaFNIrlUnRBryllMm4YZTjuJoliEnLbD0d3Mb4+p0kzGj2aS0EDgQcwiRrCxUuCPKcl8JZCc9mq9csWtunOgVeLlpAI5Gr3yl9+XJBU0NoRjrbuem5ggw8owwum05KeaJpiM8IB2LY2xoDrI5kdP0ZlV+iiSylZs0Fz9PZFhofVEhLZTYDPUy95M/M/rpia6DTIWJ6mhMVksilKOjESzBFCfKUoMn1iCiWL2VkSGWGFibE4lG4K3/PIqaV1Wvetq7eGqUr/I4yjCCZzCOXhwA3W4hwY0gcATPMMrvDlj58V5dz4WrQUnnzmGP3A+fwB/6JHc</latexit>

~o3

<latexit sha1_base64="wg0Td+rbPf5nM2fRGexkRHto7RY=">AAAB8nicbVBNS8NAEN3Ur1q/qh69LBahp5KoqMeCF48V7AckoWy2m3bpZjfsTgol9Gd48aCIV3+NN/+N2zYHbX0w8Hhvhpl5USq4Adf9dkobm1vbO+Xdyt7+weFR9fikY1SmKWtTJZTuRcQwwSVrAwfBeqlmJIkE60bj+7nfnTBtuJJPME1ZmJCh5DGnBKzkBxNG80An2J31qzW34S6A14lXkBoq0OpXv4KBolnCJFBBjPE9N4UwJxo4FWxWCTLDUkLHZMh8SyVJmAnzxckzfGGVAY6VtiUBL9TfEzlJjJkmke1MCIzMqjcX//P8DOK7MOcyzYBJulwUZwKDwvP/8YBrRkFMLSFUc3srpiOiCQWbUsWG4K2+vE46lw3vpnH1eF1r1os4yugMnaM68tAtaqIH1EJtRJFCz+gVvTngvDjvzseyteQUM6foD5zPH+6KkPM=</latexit>

~0

<latexit sha1_base64="wg0Td+rbPf5nM2fRGexkRHto7RY=">AAAB8nicbVBNS8NAEN3Ur1q/qh69LBahp5KoqMeCF48V7AckoWy2m3bpZjfsTgol9Gd48aCIV3+NN/+N2zYHbX0w8Hhvhpl5USq4Adf9dkobm1vbO+Xdyt7+weFR9fikY1SmKWtTJZTuRcQwwSVrAwfBeqlmJIkE60bj+7nfnTBtuJJPME1ZmJCh5DGnBKzkBxNG80An2J31qzW34S6A14lXkBoq0OpXv4KBolnCJFBBjPE9N4UwJxo4FWxWCTLDUkLHZMh8SyVJmAnzxckzfGGVAY6VtiUBL9TfEzlJjJkmke1MCIzMqjcX//P8DOK7MOcyzYBJulwUZwKDwvP/8YBrRkFMLSFUc3srpiOiCQWbUsWG4K2+vE46lw3vpnH1eF1r1os4yugMnaM68tAtaqIH1EJtRJFCz+gVvTngvDjvzseyteQUM6foD5zPH+6KkPM=</latexit>

~0

<latexit sha1_base64="JPD80+Ir6lZtwQjZKqKfH8yEQ0o=">AAAB9HicbVDLSgNBEOz1GeMr6tHLYBA8SNhVUY8BLx4jmAdklzA7mSRD5rHOzAbCku/w4kERr36MN//GSbIHTSxoKKq66e6KE86M9f1vb2V1bX1js7BV3N7Z3dsvHRw2jEo1oXWiuNKtGBvKmaR1yyynrURTLGJOm/Hwbuo3R1QbpuSjHSc0ErgvWY8RbJ0UhSNKslALpCadoFMq+xV/BrRMgpyUIUetU/oKu4qkgkpLODamHfiJjTKsLSOcTophamiCyRD3adtRiQU1UTY7eoJOndJFPaVdSYtm6u+JDAtjxiJ2nQLbgVn0puJ/Xju1vdsoYzJJLZVkvqiXcmQVmiaAukxTYvnYEUw0c7ciMsAaE+tyKroQgsWXl0njohJcVy4frsrV8zyOAhzDCZxBADdQhXuoQR0IPMEzvMKbN/JevHfvY9664uUzR/AH3ucPfOCR2g==</latexit>

~o1

<latexit sha1_base64="wg0Td+rbPf5nM2fRGexkRHto7RY=">AAAB8nicbVBNS8NAEN3Ur1q/qh69LBahp5KoqMeCF48V7AckoWy2m3bpZjfsTgol9Gd48aCIV3+NN/+N2zYHbX0w8Hhvhpl5USq4Adf9dkobm1vbO+Xdyt7+weFR9fikY1SmKWtTJZTuRcQwwSVrAwfBeqlmJIkE60bj+7nfnTBtuJJPME1ZmJCh5DGnBKzkBxNG80An2J31qzW34S6A14lXkBoq0OpXv4KBolnCJFBBjPE9N4UwJxo4FWxWCTLDUkLHZMh8SyVJmAnzxckzfGGVAY6VtiUBL9TfEzlJjJkmke1MCIzMqjcX//P8DOK7MOcyzYBJulwUZwKDwvP/8YBrRkFMLSFUc3srpiOiCQWbUsWG4K2+vE46lw3vpnH1eF1r1os4yugMnaM68tAtaqIH1EJtRJFCz+gVvTngvDjvzseyteQUM6foD5zPH+6KkPM=</latexit>

~0

<latexit sha1_base64="XJQuYjpGU1lQU/3lALM8Dmg0Ztk=">AAAB9HicbVBNS8NAEN34WetX1aOXxSL0VBIV9Vjw4rGC/YAmlM120i7d3cTdTaCE/g4vHhTx6o/x5r9x2+agrQ8GHu/NMDMvTDjTxnW/nbX1jc2t7dJOeXdv/+CwcnTc1nGqKLRozGPVDYkGziS0DDMcuokCIkIOnXB8N/M7GSjNYvloJgkEggwlixglxkqBnwHNfSVwNu17/UrVrbtz4FXiFaSKCjT7lS9/ENNUgDSUE617npuYICfKMMphWvZTDQmhYzKEnqWSCNBBPj96is+tMsBRrGxJg+fq74mcCK0nIrSdgpiRXvZm4n9eLzXRbZAzmaQGJF0silKOTYxnCeABU0ANn1hCqGL2VkxHRBFqbE5lG4K3/PIqaV/Uvev65cNVtVEr4iihU3SGashDN6iB7lETtRBFT+gZvaI3J3NenHfnY9G65hQzJ+gPnM8fhl2R3Q==</latexit>

~v1

<latexit sha1_base64="vjQc7zlh0Ues1k2wth6iyB7uK4U=">AAACCXicbZDLSsNAFIYn9VbrLerSzWARupCSqKjLghuXFewFmlgm09N26OTCzCRQQrZufBU3LhRx6xu4822cpllo64GBj/8/hzPn9yLOpLKsb6O0srq2vlHerGxt7+zumfsHbRnGgkKLhjwUXY9I4CyAlmKKQzcSQHyPQ8eb3Mz8TgJCsjC4V9MIXJ+MAjZklCgt9U3sJEBTR/g4yR5S5zRHAVzbCWRZ3+6bVatu5YWXwS6giopq9s0vZxDS2IdAUU6k7NlWpNyUCMUoh6zixBIiQidkBD2NAfFBuml+SYZPtDLAw1DoFyicq78nUuJLOfU93ekTNZaL3kz8z+vFanjtpiyIYgUBnS8axhyrEM9iwQMmgCo+1UCoYPqvmI6JIFTp8Co6BHvx5GVon9Xty/r53UW1USviKKMjdIxqyEZXqIFuURO1EEWP6Bm9ojfjyXgx3o2PeWvJKGYO0Z8yPn8A1fCaWQ==</latexit>

~v relative
1

<latexit sha1_base64="XJQuYjpGU1lQU/3lALM8Dmg0Ztk=">AAAB9HicbVBNS8NAEN34WetX1aOXxSL0VBIV9Vjw4rGC/YAmlM120i7d3cTdTaCE/g4vHhTx6o/x5r9x2+agrQ8GHu/NMDMvTDjTxnW/nbX1jc2t7dJOeXdv/+CwcnTc1nGqKLRozGPVDYkGziS0DDMcuokCIkIOnXB8N/M7GSjNYvloJgkEggwlixglxkqBnwHNfSVwNu17/UrVrbtz4FXiFaSKCjT7lS9/ENNUgDSUE617npuYICfKMMphWvZTDQmhYzKEnqWSCNBBPj96is+tMsBRrGxJg+fq74mcCK0nIrSdgpiRXvZm4n9eLzXRbZAzmaQGJF0silKOTYxnCeABU0ANn1hCqGL2VkxHRBFqbE5lG4K3/PIqaV/Uvev65cNVtVEr4iihU3SGashDN6iB7lETtRBFT+gZvaI3J3NenHfnY9G65hQzJ+gPnM8fhl2R3Q==</latexit>

~v1

<latexit sha1_base64="vjQc7zlh0Ues1k2wth6iyB7uK4U=">AAACCXicbZDLSsNAFIYn9VbrLerSzWARupCSqKjLghuXFewFmlgm09N26OTCzCRQQrZufBU3LhRx6xu4822cpllo64GBj/8/hzPn9yLOpLKsb6O0srq2vlHerGxt7+zumfsHbRnGgkKLhjwUXY9I4CyAlmKKQzcSQHyPQ8eb3Mz8TgJCsjC4V9MIXJ+MAjZklCgt9U3sJEBTR/g4yR5S5zRHAVzbCWRZ3+6bVatu5YWXwS6giopq9s0vZxDS2IdAUU6k7NlWpNyUCMUoh6zixBIiQidkBD2NAfFBuml+SYZPtDLAw1DoFyicq78nUuJLOfU93ekTNZaL3kz8z+vFanjtpiyIYgUBnS8axhyrEM9iwQMmgCo+1UCoYPqvmI6JIFTp8Co6BHvx5GVon9Xty/r53UW1USviKKMjdIxqyEZXqIFuURO1EEWP6Bm9ojfjyXgx3o2PeWvJKGYO0Z8yPn8A1fCaWQ==</latexit>

~v relative
1

<latexit sha1_base64="XJQuYjpGU1lQU/3lALM8Dmg0Ztk=">AAAB9HicbVBNS8NAEN34WetX1aOXxSL0VBIV9Vjw4rGC/YAmlM120i7d3cTdTaCE/g4vHhTx6o/x5r9x2+agrQ8GHu/NMDMvTDjTxnW/nbX1jc2t7dJOeXdv/+CwcnTc1nGqKLRozGPVDYkGziS0DDMcuokCIkIOnXB8N/M7GSjNYvloJgkEggwlixglxkqBnwHNfSVwNu17/UrVrbtz4FXiFaSKCjT7lS9/ENNUgDSUE617npuYICfKMMphWvZTDQmhYzKEnqWSCNBBPj96is+tMsBRrGxJg+fq74mcCK0nIrSdgpiRXvZm4n9eLzXRbZAzmaQGJF0silKOTYxnCeABU0ANn1hCqGL2VkxHRBFqbE5lG4K3/PIqaV/Uvev65cNVtVEr4iihU3SGashDN6iB7lETtRBFT+gZvaI3J3NenHfnY9G65hQzJ+gPnM8fhl2R3Q==</latexit>

~v1

<latexit sha1_base64="vjQc7zlh0Ues1k2wth6iyB7uK4U=">AAACCXicbZDLSsNAFIYn9VbrLerSzWARupCSqKjLghuXFewFmlgm09N26OTCzCRQQrZufBU3LhRx6xu4822cpllo64GBj/8/hzPn9yLOpLKsb6O0srq2vlHerGxt7+zumfsHbRnGgkKLhjwUXY9I4CyAlmKKQzcSQHyPQ8eb3Mz8TgJCsjC4V9MIXJ+MAjZklCgt9U3sJEBTR/g4yR5S5zRHAVzbCWRZ3+6bVatu5YWXwS6giopq9s0vZxDS2IdAUU6k7NlWpNyUCMUoh6zixBIiQidkBD2NAfFBuml+SYZPtDLAw1DoFyicq78nUuJLOfU93ekTNZaL3kz8z+vFanjtpiyIYgUBnS8axhyrEM9iwQMmgCo+1UCoYPqvmI6JIFTp8Co6BHvx5GVon9Xty/r53UW1USviKKMjdIxqyEZXqIFuURO1EEWP6Bm9ojfjyXgx3o2PeWvJKGYO0Z8yPn8A1fCaWQ==</latexit>

~v relative
1

<latexit sha1_base64="JPD80+Ir6lZtwQjZKqKfH8yEQ0o=">AAAB9HicbVDLSgNBEOz1GeMr6tHLYBA8SNhVUY8BLx4jmAdklzA7mSRD5rHOzAbCku/w4kERr36MN//GSbIHTSxoKKq66e6KE86M9f1vb2V1bX1js7BV3N7Z3dsvHRw2jEo1oXWiuNKtGBvKmaR1yyynrURTLGJOm/Hwbuo3R1QbpuSjHSc0ErgvWY8RbJ0UhSNKslALpCadoFMq+xV/BrRMgpyUIUetU/oKu4qkgkpLODamHfiJjTKsLSOcTophamiCyRD3adtRiQU1UTY7eoJOndJFPaVdSYtm6u+JDAtjxiJ2nQLbgVn0puJ/Xju1vdsoYzJJLZVkvqiXcmQVmiaAukxTYvnYEUw0c7ciMsAaE+tyKroQgsWXl0njohJcVy4frsrV8zyOAhzDCZxBADdQhXuoQR0IPMEzvMKbN/JevHfvY9664uUzR/AH3ucPfOCR2g==</latexit>

~o1

<latexit sha1_base64="XJQuYjpGU1lQU/3lALM8Dmg0Ztk=">AAAB9HicbVBNS8NAEN34WetX1aOXxSL0VBIV9Vjw4rGC/YAmlM120i7d3cTdTaCE/g4vHhTx6o/x5r9x2+agrQ8GHu/NMDMvTDjTxnW/nbX1jc2t7dJOeXdv/+CwcnTc1nGqKLRozGPVDYkGziS0DDMcuokCIkIOnXB8N/M7GSjNYvloJgkEggwlixglxkqBnwHNfSVwNu17/UrVrbtz4FXiFaSKCjT7lS9/ENNUgDSUE617npuYICfKMMphWvZTDQmhYzKEnqWSCNBBPj96is+tMsBRrGxJg+fq74mcCK0nIrSdgpiRXvZm4n9eLzXRbZAzmaQGJF0silKOTYxnCeABU0ANn1hCqGL2VkxHRBFqbE5lG4K3/PIqaV/Uvev65cNVtVEr4iihU3SGashDN6iB7lETtRBFT+gZvaI3J3NenHfnY9G65hQzJ+gPnM8fhl2R3Q==</latexit>

~v1

<latexit sha1_base64="vjQc7zlh0Ues1k2wth6iyB7uK4U=">AAACCXicbZDLSsNAFIYn9VbrLerSzWARupCSqKjLghuXFewFmlgm09N26OTCzCRQQrZufBU3LhRx6xu4822cpllo64GBj/8/hzPn9yLOpLKsb6O0srq2vlHerGxt7+zumfsHbRnGgkKLhjwUXY9I4CyAlmKKQzcSQHyPQ8eb3Mz8TgJCsjC4V9MIXJ+MAjZklCgt9U3sJEBTR/g4yR5S5zRHAVzbCWRZ3+6bVatu5YWXwS6giopq9s0vZxDS2IdAUU6k7NlWpNyUCMUoh6zixBIiQidkBD2NAfFBuml+SYZPtDLAw1DoFyicq78nUuJLOfU93ekTNZaL3kz8z+vFanjtpiyIYgUBnS8axhyrEM9iwQMmgCo+1UCoYPqvmI6JIFTp8Co6BHvx5GVon9Xty/r53UW1USviKKMjdIxqyEZXqIFuURO1EEWP6Bm9ojfjyXgx3o2PeWvJKGYO0Z8yPn8A1fCaWQ==</latexit>

~v relative
1

<latexit sha1_base64="wg0Td+rbPf5nM2fRGexkRHto7RY=">AAAB8nicbVBNS8NAEN3Ur1q/qh69LBahp5KoqMeCF48V7AckoWy2m3bpZjfsTgol9Gd48aCIV3+NN/+N2zYHbX0w8Hhvhpl5USq4Adf9dkobm1vbO+Xdyt7+weFR9fikY1SmKWtTJZTuRcQwwSVrAwfBeqlmJIkE60bj+7nfnTBtuJJPME1ZmJCh5DGnBKzkBxNG80An2J31qzW34S6A14lXkBoq0OpXv4KBolnCJFBBjPE9N4UwJxo4FWxWCTLDUkLHZMh8SyVJmAnzxckzfGGVAY6VtiUBL9TfEzlJjJkmke1MCIzMqjcX//P8DOK7MOcyzYBJulwUZwKDwvP/8YBrRkFMLSFUc3srpiOiCQWbUsWG4K2+vE46lw3vpnH1eF1r1os4yugMnaM68tAtaqIH1EJtRJFCz+gVvTngvDjvzseyteQUM6foD5zPH+6KkPM=</latexit>

~0

<latexit sha1_base64="JPD80+Ir6lZtwQjZKqKfH8yEQ0o=">AAAB9HicbVDLSgNBEOz1GeMr6tHLYBA8SNhVUY8BLx4jmAdklzA7mSRD5rHOzAbCku/w4kERr36MN//GSbIHTSxoKKq66e6KE86M9f1vb2V1bX1js7BV3N7Z3dsvHRw2jEo1oXWiuNKtGBvKmaR1yyynrURTLGJOm/Hwbuo3R1QbpuSjHSc0ErgvWY8RbJ0UhSNKslALpCadoFMq+xV/BrRMgpyUIUetU/oKu4qkgkpLODamHfiJjTKsLSOcTophamiCyRD3adtRiQU1UTY7eoJOndJFPaVdSYtm6u+JDAtjxiJ2nQLbgVn0puJ/Xju1vdsoYzJJLZVkvqiXcmQVmiaAukxTYvnYEUw0c7ciMsAaE+tyKroQgsWXl0njohJcVy4frsrV8zyOAhzDCZxBADdQhXuoQR0IPMEzvMKbN/JevHfvY9664uUzR/AH3ucPfOCR2g==</latexit>

~o1

<latexit sha1_base64="wg0Td+rbPf5nM2fRGexkRHto7RY=">AAAB8nicbVBNS8NAEN3Ur1q/qh69LBahp5KoqMeCF48V7AckoWy2m3bpZjfsTgol9Gd48aCIV3+NN/+N2zYHbX0w8Hhvhpl5USq4Adf9dkobm1vbO+Xdyt7+weFR9fikY1SmKWtTJZTuRcQwwSVrAwfBeqlmJIkE60bj+7nfnTBtuJJPME1ZmJCh5DGnBKzkBxNG80An2J31qzW34S6A14lXkBoq0OpXv4KBolnCJFBBjPE9N4UwJxo4FWxWCTLDUkLHZMh8SyVJmAnzxckzfGGVAY6VtiUBL9TfEzlJjJkmke1MCIzMqjcX//P8DOK7MOcyzYBJulwUZwKDwvP/8YBrRkFMLSFUc3srpiOiCQWbUsWG4K2+vE46lw3vpnH1eF1r1os4yugMnaM68tAtaqIH1EJtRJFCz+gVvTngvDjvzseyteQUM6foD5zPH+6KkPM=</latexit>

~0

<latexit sha1_base64="40lGO7Llyatq32oiskzpLtz8qrM=">AAACCXicbZDLSsNAFIYnXmu9VV26GSxCF1KSKuqy4MZlBXuBpobJ9KQdOpmEmUmhhGzd+CpuXCji1jdw59s4TbvQ1gMDH/9/DmfO78ecKW3b39bK6tr6xmZhq7i9s7u3Xzo4bKkokRSaNOKR7PhEAWcCmpppDp1YAgl9Dm1/dDP122OQikXiXk9i6IVkIFjAKNFG8krYHQNNXRnicfaQumc5SuDGHkOWeTWvVLardl54GZw5lNG8Gl7py+1HNAlBaMqJUl3HjnUvJVIzyiEruomCmNARGUDXoCAhqF6aX5LhU6P0cRBJ84TGufp7IiWhUpPQN50h0UO16E3F/7xuooPrXspEnGgQdLYoSDjWEZ7GgvtMAtV8YoBQycxfMR0SSag24RVNCM7iycvQqlWdy+r53UW5XpnHUUDH6ARVkIOuUB3dogZqIooe0TN6RW/Wk/VivVsfs9YVaz5zhP6U9fkD13SaWg==</latexit>

~v relative
2

<latexit sha1_base64="FBNrZM6d/Zl+6aC55vjHWUUZGNM=">AAAB9HicbVBNSwMxEJ2tX7V+VT16CRahp7JbRT0WvHisYD+gu5RsmrahSXZNsgtl6e/w4kERr/4Yb/4b03YP2vpg4PHeDDPzwpgzbVz32ylsbG5t7xR3S3v7B4dH5eOTto4SRWiLRDxS3RBrypmkLcMMp91YUSxCTjvh5G7ud1KqNIvko5nGNBB4JNmQEWysFPgpJZmvBEpn/Xq/XHFr7gJonXg5qUCOZr/85Q8ikggqDeFY657nxibIsDKMcDor+YmmMSYTPKI9SyUWVAfZ4ugZurDKAA0jZUsatFB/T2RYaD0Voe0U2Iz1qjcX//N6iRneBhmTcWKoJMtFw4QjE6F5AmjAFCWGTy3BRDF7KyJjrDAxNqeSDcFbfXmdtOs177p2+XBVaVTzOIpwBudQBQ9uoAH30IQWEHiCZ3iFNyd1Xpx352PZWnDymVP4A+fzB4fhkd4=</latexit>

~v2

<latexit sha1_base64="40lGO7Llyatq32oiskzpLtz8qrM=">AAACCXicbZDLSsNAFIYnXmu9VV26GSxCF1KSKuqy4MZlBXuBpobJ9KQdOpmEmUmhhGzd+CpuXCji1jdw59s4TbvQ1gMDH/9/DmfO78ecKW3b39bK6tr6xmZhq7i9s7u3Xzo4bKkokRSaNOKR7PhEAWcCmpppDp1YAgl9Dm1/dDP122OQikXiXk9i6IVkIFjAKNFG8krYHQNNXRnicfaQumc5SuDGHkOWeTWvVLardl54GZw5lNG8Gl7py+1HNAlBaMqJUl3HjnUvJVIzyiEruomCmNARGUDXoCAhqF6aX5LhU6P0cRBJ84TGufp7IiWhUpPQN50h0UO16E3F/7xuooPrXspEnGgQdLYoSDjWEZ7GgvtMAtV8YoBQycxfMR0SSag24RVNCM7iycvQqlWdy+r53UW5XpnHUUDH6ARVkIOuUB3dogZqIooe0TN6RW/Wk/VivVsfs9YVaz5zhP6U9fkD13SaWg==</latexit>

~v relative
2

<latexit sha1_base64="FBNrZM6d/Zl+6aC55vjHWUUZGNM=">AAAB9HicbVBNSwMxEJ2tX7V+VT16CRahp7JbRT0WvHisYD+gu5RsmrahSXZNsgtl6e/w4kERr/4Yb/4b03YP2vpg4PHeDDPzwpgzbVz32ylsbG5t7xR3S3v7B4dH5eOTto4SRWiLRDxS3RBrypmkLcMMp91YUSxCTjvh5G7ud1KqNIvko5nGNBB4JNmQEWysFPgpJZmvBEpn/Xq/XHFr7gJonXg5qUCOZr/85Q8ikggqDeFY657nxibIsDKMcDor+YmmMSYTPKI9SyUWVAfZ4ugZurDKAA0jZUsatFB/T2RYaD0Voe0U2Iz1qjcX//N6iRneBhmTcWKoJMtFw4QjE6F5AmjAFCWGTy3BRDF7KyJjrDAxNqeSDcFbfXmdtOs177p2+XBVaVTzOIpwBudQBQ9uoAH30IQWEHiCZ3iFNyd1Xpx352PZWnDymVP4A+fzB4fhkd4=</latexit>

~v2

<latexit sha1_base64="VI4UayF8jYFMHg3qEZW+s0XaCY4=">AAAB9HicbVBNSwMxEM3Wr1q/qh69BIvgQcpuFfVY8OKxgv2A7lKy6Wwbmk3WJFsoS3+HFw+KePXHePPfmLZ70NYHA4/3ZpiZFyacaeO6305hbX1jc6u4XdrZ3ds/KB8etbRMFYUmlVyqTkg0cCagaZjh0EkUkDjk0A5HdzO/PQalmRSPZpJAEJOBYBGjxFgp8MdAM1/FWE57tV654lbdOfAq8XJSQTkavfKX35c0jUEYyonWXc9NTJARZRjlMC35qYaE0BEZQNdSQWLQQTY/eorPrNLHkVS2hMFz9fdERmKtJ3FoO2NihnrZm4n/ed3URLdBxkSSGhB0sShKOTYSzxLAfaaAGj6xhFDF7K2YDoki1NicSjYEb/nlVdKqVb3r6uXDVaV+kcdRRCfoFJ0jD92gOrpHDdREFD2hZ/SK3pyx8+K8Ox+L1oKTzxyjP3A+fwB+ZJHb</latexit>

~o2

<latexit sha1_base64="JPD80+Ir6lZtwQjZKqKfH8yEQ0o=">AAAB9HicbVDLSgNBEOz1GeMr6tHLYBA8SNhVUY8BLx4jmAdklzA7mSRD5rHOzAbCku/w4kERr36MN//GSbIHTSxoKKq66e6KE86M9f1vb2V1bX1js7BV3N7Z3dsvHRw2jEo1oXWiuNKtGBvKmaR1yyynrURTLGJOm/Hwbuo3R1QbpuSjHSc0ErgvWY8RbJ0UhSNKslALpCadoFMq+xV/BrRMgpyUIUetU/oKu4qkgkpLODamHfiJjTKsLSOcTophamiCyRD3adtRiQU1UTY7eoJOndJFPaVdSYtm6u+JDAtjxiJ2nQLbgVn0puJ/Xju1vdsoYzJJLZVkvqiXcmQVmiaAukxTYvnYEUw0c7ciMsAaE+tyKroQgsWXl0njohJcVy4frsrV8zyOAhzDCZxBADdQhXuoQR0IPMEzvMKbN/JevHfvY9664uUzR/AH3ucPfOCR2g==</latexit>

~o1

<latexit sha1_base64="wg0Td+rbPf5nM2fRGexkRHto7RY=">AAAB8nicbVBNS8NAEN3Ur1q/qh69LBahp5KoqMeCF48V7AckoWy2m3bpZjfsTgol9Gd48aCIV3+NN/+N2zYHbX0w8Hhvhpl5USq4Adf9dkobm1vbO+Xdyt7+weFR9fikY1SmKWtTJZTuRcQwwSVrAwfBeqlmJIkE60bj+7nfnTBtuJJPME1ZmJCh5DGnBKzkBxNG80An2J31qzW34S6A14lXkBoq0OpXv4KBolnCJFBBjPE9N4UwJxo4FWxWCTLDUkLHZMh8SyVJmAnzxckzfGGVAY6VtiUBL9TfEzlJjJkmke1MCIzMqjcX//P8DOK7MOcyzYBJulwUZwKDwvP/8YBrRkFMLSFUc3srpiOiCQWbUsWG4K2+vE46lw3vpnH1eF1r1os4yugMnaM68tAtaqIH1EJtRJFCz+gVvTngvDjvzseyteQUM6foD5zPH+6KkPM=</latexit>

~0

<latexit sha1_base64="XJQuYjpGU1lQU/3lALM8Dmg0Ztk=">AAAB9HicbVBNS8NAEN34WetX1aOXxSL0VBIV9Vjw4rGC/YAmlM120i7d3cTdTaCE/g4vHhTx6o/x5r9x2+agrQ8GHu/NMDMvTDjTxnW/nbX1jc2t7dJOeXdv/+CwcnTc1nGqKLRozGPVDYkGziS0DDMcuokCIkIOnXB8N/M7GSjNYvloJgkEggwlixglxkqBnwHNfSVwNu17/UrVrbtz4FXiFaSKCjT7lS9/ENNUgDSUE617npuYICfKMMphWvZTDQmhYzKEnqWSCNBBPj96is+tMsBRrGxJg+fq74mcCK0nIrSdgpiRXvZm4n9eLzXRbZAzmaQGJF0silKOTYxnCeABU0ANn1hCqGL2VkxHRBFqbE5lG4K3/PIqaV/Uvev65cNVtVEr4iihU3SGashDN6iB7lETtRBFT+gZvaI3J3NenHfnY9G65hQzJ+gPnM8fhl2R3Q==</latexit>

~v1

<latexit sha1_base64="vjQc7zlh0Ues1k2wth6iyB7uK4U=">AAACCXicbZDLSsNAFIYn9VbrLerSzWARupCSqKjLghuXFewFmlgm09N26OTCzCRQQrZufBU3LhRx6xu4822cpllo64GBj/8/hzPn9yLOpLKsb6O0srq2vlHerGxt7+zumfsHbRnGgkKLhjwUXY9I4CyAlmKKQzcSQHyPQ8eb3Mz8TgJCsjC4V9MIXJ+MAjZklCgt9U3sJEBTR/g4yR5S5zRHAVzbCWRZ3+6bVatu5YWXwS6giopq9s0vZxDS2IdAUU6k7NlWpNyUCMUoh6zixBIiQidkBD2NAfFBuml+SYZPtDLAw1DoFyicq78nUuJLOfU93ekTNZaL3kz8z+vFanjtpiyIYgUBnS8axhyrEM9iwQMmgCo+1UCoYPqvmI6JIFTp8Co6BHvx5GVon9Xty/r53UW1USviKKMjdIxqyEZXqIFuURO1EEWP6Bm9ojfjyXgx3o2PeWvJKGYO0Z8yPn8A1fCaWQ==</latexit>

~v relative
1

<latexit sha1_base64="40lGO7Llyatq32oiskzpLtz8qrM=">AAACCXicbZDLSsNAFIYnXmu9VV26GSxCF1KSKuqy4MZlBXuBpobJ9KQdOpmEmUmhhGzd+CpuXCji1jdw59s4TbvQ1gMDH/9/DmfO78ecKW3b39bK6tr6xmZhq7i9s7u3Xzo4bKkokRSaNOKR7PhEAWcCmpppDp1YAgl9Dm1/dDP122OQikXiXk9i6IVkIFjAKNFG8krYHQNNXRnicfaQumc5SuDGHkOWeTWvVLardl54GZw5lNG8Gl7py+1HNAlBaMqJUl3HjnUvJVIzyiEruomCmNARGUDXoCAhqF6aX5LhU6P0cRBJ84TGufp7IiWhUpPQN50h0UO16E3F/7xuooPrXspEnGgQdLYoSDjWEZ7GgvtMAtV8YoBQycxfMR0SSag24RVNCM7iycvQqlWdy+r53UW5XpnHUUDH6ARVkIOuUB3dogZqIooe0TN6RW/Wk/VivVsfs9YVaz5zhP6U9fkD13SaWg==</latexit>

~v relative
2

<latexit sha1_base64="FBNrZM6d/Zl+6aC55vjHWUUZGNM=">AAAB9HicbVBNSwMxEJ2tX7V+VT16CRahp7JbRT0WvHisYD+gu5RsmrahSXZNsgtl6e/w4kERr/4Yb/4b03YP2vpg4PHeDDPzwpgzbVz32ylsbG5t7xR3S3v7B4dH5eOTto4SRWiLRDxS3RBrypmkLcMMp91YUSxCTjvh5G7ud1KqNIvko5nGNBB4JNmQEWysFPgpJZmvBEpn/Xq/XHFr7gJonXg5qUCOZr/85Q8ikggqDeFY657nxibIsDKMcDor+YmmMSYTPKI9SyUWVAfZ4ugZurDKAA0jZUsatFB/T2RYaD0Voe0U2Iz1qjcX//N6iRneBhmTcWKoJMtFw4QjE6F5AmjAFCWGTy3BRDF7KyJjrDAxNqeSDcFbfXmdtOs177p2+XBVaVTzOIpwBudQBQ9uoAH30IQWEHiCZ3iFNyd1Xpx352PZWnDymVP4A+fzB4fhkd4=</latexit>

~v2

<latexit sha1_base64="xUN8Chm9clArtvrr0NKWzYMWmbQ=">AAAB+nicbVBNS8NAEN3Ur1q/Uj16WSxCD1KSKuqx4MVjBdsKTQib7aZdursJu5tKifkpXjwo4tVf4s1/47bNQVsfDDzem2FmXpgwqrTjfFultfWNza3ydmVnd2//wK4edlWcSkw6OGaxfAiRIowK0tFUM/KQSIJ4yEgvHN/M/N6ESEVjca+nCfE5GgoaUYy0kQK76k0IzjzJ4SQPMvesmQd2zWk4c8BV4hakBgq0A/vLG8Q45URozJBSfddJtJ8hqSlmJK94qSIJwmM0JH1DBeJE+dn89ByeGmUAo1iaEhrO1d8TGeJKTXloOjnSI7XszcT/vH6qo2s/oyJJNRF4sShKGdQxnOUAB1QSrNnUEIQlNbdCPEISYW3SqpgQ3OWXV0m32XAvG+d3F7VWvYijDI7BCagDF1yBFrgFbdABGDyCZ/AK3qwn68V6tz4WrSWrmDkCf2B9/gCu4pOM</latexit>

~v1,2

<latexit sha1_base64="GzMW3qh8ldEO4V+4P6n/oxte5/c=">AAACDXicbZC7SgNBFIZnvcZ4i1raDEYhRQi7UdQyYGMZwVwgG5fZydlkyOzsMjMbCMu+gI2vYmOhiK29nW/j5FJo4oGBj/8/hzPn92POlLbtb2tldW19YzO3ld/e2d3bLxwcNlWUSAoNGvFItn2igDMBDc00h3YsgYQ+h5Y/vJn4rRFIxSJxr8cxdEPSFyxglGgjeYVTdwQ0dWWIR9lD6panKIEbewRZ5qVOuZp5haJdsaeFl8GZQxHNq+4VvtxeRJMQhKacKNVx7Fh3UyI1oxyyvJsoiAkdkj50DAoSguqm02syfGaUHg4iaZ7QeKr+nkhJqNQ49E1nSPRALXoT8T+vk+jgupsyEScaBJ0tChKOdYQn0eAek0A1HxsgVDLzV0wHRBKqTYB5E4KzePIyNKsV57JyfndRrJXmceTQMTpBJeSgK1RDt6iOGoiiR/SMXtGb9WS9WO/Wx6x1xZrPHKE/ZX3+AKXKm9c=</latexit>

~v relative
1,2

<latexit sha1_base64="VI4UayF8jYFMHg3qEZW+s0XaCY4=">AAAB9HicbVBNSwMxEM3Wr1q/qh69BIvgQcpuFfVY8OKxgv2A7lKy6Wwbmk3WJFsoS3+HFw+KePXHePPfmLZ70NYHA4/3ZpiZFyacaeO6305hbX1jc6u4XdrZ3ds/KB8etbRMFYUmlVyqTkg0cCagaZjh0EkUkDjk0A5HdzO/PQalmRSPZpJAEJOBYBGjxFgp8MdAM1/FWE57tV654lbdOfAq8XJSQTkavfKX35c0jUEYyonWXc9NTJARZRjlMC35qYaE0BEZQNdSQWLQQTY/eorPrNLHkVS2hMFz9fdERmKtJ3FoO2NihnrZm4n/ed3URLdBxkSSGhB0sShKOTYSzxLAfaaAGj6xhFDF7K2YDoki1NicSjYEb/nlVdKqVb3r6uXDVaV+kcdRRCfoFJ0jD92gOrpHDdREFD2hZ/SK3pyx8+K8Ox+L1oKTzxyjP3A+fwB+ZJHb</latexit>

~o2

<latexit sha1_base64="wg0Td+rbPf5nM2fRGexkRHto7RY=">AAAB8nicbVBNS8NAEN3Ur1q/qh69LBahp5KoqMeCF48V7AckoWy2m3bpZjfsTgol9Gd48aCIV3+NN/+N2zYHbX0w8Hhvhpl5USq4Adf9dkobm1vbO+Xdyt7+weFR9fikY1SmKWtTJZTuRcQwwSVrAwfBeqlmJIkE60bj+7nfnTBtuJJPME1ZmJCh5DGnBKzkBxNG80An2J31qzW34S6A14lXkBoq0OpXv4KBolnCJFBBjPE9N4UwJxo4FWxWCTLDUkLHZMh8SyVJmAnzxckzfGGVAY6VtiUBL9TfEzlJjJkmke1MCIzMqjcX//P8DOK7MOcyzYBJulwUZwKDwvP/8YBrRkFMLSFUc3srpiOiCQWbUsWG4K2+vE46lw3vpnH1eF1r1os4yugMnaM68tAtaqIH1EJtRJFCz+gVvTngvDjvzseyteQUM6foD5zPH+6KkPM=</latexit>

~0

<latexit sha1_base64="40lGO7Llyatq32oiskzpLtz8qrM=">AAACCXicbZDLSsNAFIYnXmu9VV26GSxCF1KSKuqy4MZlBXuBpobJ9KQdOpmEmUmhhGzd+CpuXCji1jdw59s4TbvQ1gMDH/9/DmfO78ecKW3b39bK6tr6xmZhq7i9s7u3Xzo4bKkokRSaNOKR7PhEAWcCmpppDp1YAgl9Dm1/dDP122OQikXiXk9i6IVkIFjAKNFG8krYHQNNXRnicfaQumc5SuDGHkOWeTWvVLardl54GZw5lNG8Gl7py+1HNAlBaMqJUl3HjnUvJVIzyiEruomCmNARGUDXoCAhqF6aX5LhU6P0cRBJ84TGufp7IiWhUpPQN50h0UO16E3F/7xuooPrXspEnGgQdLYoSDjWEZ7GgvtMAtV8YoBQycxfMR0SSag24RVNCM7iycvQqlWdy+r53UW5XpnHUUDH6ARVkIOuUB3dogZqIooe0TN6RW/Wk/VivVsfs9YVaz5zhP6U9fkD13SaWg==</latexit>

~v relative
2

<latexit sha1_base64="FBNrZM6d/Zl+6aC55vjHWUUZGNM=">AAAB9HicbVBNSwMxEJ2tX7V+VT16CRahp7JbRT0WvHisYD+gu5RsmrahSXZNsgtl6e/w4kERr/4Yb/4b03YP2vpg4PHeDDPzwpgzbVz32ylsbG5t7xR3S3v7B4dH5eOTto4SRWiLRDxS3RBrypmkLcMMp91YUSxCTjvh5G7ud1KqNIvko5nGNBB4JNmQEWysFPgpJZmvBEpn/Xq/XHFr7gJonXg5qUCOZr/85Q8ikggqDeFY657nxibIsDKMcDor+YmmMSYTPKI9SyUWVAfZ4ugZurDKAA0jZUsatFB/T2RYaD0Voe0U2Iz1qjcX//N6iRneBhmTcWKoJMtFw4QjE6F5AmjAFCWGTy3BRDF7KyJjrDAxNqeSDcFbfXmdtOs177p2+XBVaVTzOIpwBudQBQ9uoAH30IQWEHiCZ3iFNyd1Xpx352PZWnDymVP4A+fzB4fhkd4=</latexit>

~v2

<latexit sha1_base64="tPMLXpS+POCidTpF/fGIlYTzGZw=">AAAB9HicbVBNSwMxEJ2tX7V+VT16CRbBg5RdK+qx4MVjBfsB3aVk02wbmmzWJFsoS3+HFw+KePXHePPfmLZ70NYHA4/3ZpiZFyacaeO6305hbX1jc6u4XdrZ3ds/KB8etbRMFaFNIrlUnRBryllMm4YZTjuJoliEnLbD0d3Mb4+p0kzGj2aS0EDgQcwiRrCxUuCPKcl8JZCc9mq9csWtunOgVeLlpAI5Gr3yl9+XJBU0NoRjrbuem5ggw8owwum05KeaJpiM8IB2LY2xoDrI5kdP0ZlV+iiSylZs0Fz9PZFhofVEhLZTYDPUy95M/M/rpia6DTIWJ6mhMVksilKOjESzBFCfKUoMn1iCiWL2VkSGWGFibE4lG4K3/PIqaV1Wvetq7eGqUr/I4yjCCZzCOXhwA3W4hwY0gcATPMMrvDlj58V5dz4WrQUnnzmGP3A+fwB/6JHc</latexit>

~o3

<latexit sha1_base64="8HFjA+a886gb9/VWeKmMfWQdQZM=">AAAB9HicbVBNSwMxEJ2tX7V+VT16CRahp7JrRT0WvHisYD+gu5RsmrahSXZNsgtl6e/w4kERr/4Yb/4b03YP2vpg4PHeDDPzwpgzbVz32ylsbG5t7xR3S3v7B4dH5eOTto4SRWiLRDxS3RBrypmkLcMMp91YUSxCTjvh5G7ud1KqNIvko5nGNBB4JNmQEWysFPgpJZmvBEpn/Xq/XHFr7gJonXg5qUCOZr/85Q8ikggqDeFY657nxibIsDKMcDor+YmmMSYTPKI9SyUWVAfZ4ugZurDKAA0jZUsatFB/T2RYaD0Voe0U2Iz1qjcX//N6iRneBhmTcWKoJMtFw4QjE6F5AmjAFCWGTy3BRDF7KyJjrDAxNqeSDcFbfXmdtC9r3nWt/nBVaVTzOIpwBudQBQ9uoAH30IQWEHiCZ3iFNyd1Xpx352PZWnDymVP4A+fzB4llkd8=</latexit>

~v3

<latexit sha1_base64="fQt1Jiuk+8pxaIS1BP8hj+7/xVU=">AAACCXicbZDLSsNAFIYnXmu9RV26GSxCF1ISK+qy4MZlBXuBJpbJ9LQdOrkwMwmUkK0bX8WNC0Xc+gbufBunaRbaemDg4//P4cz5vYgzqSzr21hZXVvf2Cxtlbd3dvf2zYPDtgxjQaFFQx6KrkckcBZASzHFoRsJIL7HoeNNbmZ+JwEhWRjcq2kErk9GARsySpSW+iZ2EqCpI3ycZA+pc5ajAK7tBLKsX++bFatm5YWXwS6ggopq9s0vZxDS2IdAUU6k7NlWpNyUCMUoh6zsxBIiQidkBD2NAfFBuml+SYZPtTLAw1DoFyicq78nUuJLOfU93ekTNZaL3kz8z+vFanjtpiyIYgUBnS8axhyrEM9iwQMmgCo+1UCoYPqvmI6JIFTp8Mo6BHvx5GVon9fsy1r97qLSqBZxlNAxOkFVZKMr1EC3qIlaiKJH9Ixe0ZvxZLwY78bHvHXFKGaO0J8yPn8A2PiaWw==</latexit>

~v relative
3

<latexit sha1_base64="a5iXtP7bk0I4dBc1J+QT2YNT12Q=">AAACDXicbZC7SgNBFIZn4y3G26qlzWAUUoSwm4haBmwsI5gLZNdldnKSDJm9MDMbCMu+gI2vYmOhiK29nW/j5FJo4oGBj/8/hzPn92POpLKsbyO3tr6xuZXfLuzs7u0fmIdHLRklgkKTRjwSHZ9I4CyEpmKKQycWQAKfQ9sf3Uz99hiEZFF4ryYxuAEZhKzPKFFa8swzZww0dUSAx9lD6pRnKIBrewxZ5qXVci3zzKJVsWaFV8FeQBEtquGZX04vokkAoaKcSNm1rVi5KRGKUQ5ZwUkkxISOyAC6GkMSgHTT2TUZPtdKD/cjoV+o8Ez9PZGSQMpJ4OvOgKihXPam4n9eN1H9azdlYZwoCOl8UT/hWEV4Gg3uMQFU8YkGQgXTf8V0SAShSgdY0CHYyyevQqtasS8rtbuLYr20iCOPTtApKiEbXaE6ukUN1EQUPaJn9IrejCfjxXg3PuatOWMxc4z+lPH5A6jWm9k=</latexit>

~v relative
2,3

<latexit sha1_base64="sp70/ejpesHar4gYCyIwz6kmciM=">AAAB+nicbVDLSsNAFJ3UV62vVJduBovQhZSkFXVZcOOygn1AE8JkOmmHzkzCzKRSYj/FjQtF3Pol7vwbp20W2nrgwuGce7n3njBhVGnH+bYKG5tb2zvF3dLe/sHhkV0+7qg4lZi0ccxi2QuRIowK0tZUM9JLJEE8ZKQbjm/nfndCpKKxeNDThPgcDQWNKEbaSIFd9iYEZ57kcDILsvpFYxbYFafmLADXiZuTCsjRCuwvbxDjlBOhMUNK9V0n0X6GpKaYkVnJSxVJEB6jIekbKhAnys8Wp8/guVEGMIqlKaHhQv09kSGu1JSHppMjPVKr3lz8z+unOrrxMyqSVBOBl4uilEEdw3kOcEAlwZpNDUFYUnMrxCMkEdYmrZIJwV19eZ106jX3qta4v6w0q3kcRXAKzkAVuOAaNMEdaIE2wOARPINX8GY9WS/Wu/WxbC1Y+cwJ+APr8wex7pOO</latexit>

~v2,3

<latexit sha1_base64="40lGO7Llyatq32oiskzpLtz8qrM=">AAACCXicbZDLSsNAFIYnXmu9VV26GSxCF1KSKuqy4MZlBXuBpobJ9KQdOpmEmUmhhGzd+CpuXCji1jdw59s4TbvQ1gMDH/9/DmfO78ecKW3b39bK6tr6xmZhq7i9s7u3Xzo4bKkokRSaNOKR7PhEAWcCmpppDp1YAgl9Dm1/dDP122OQikXiXk9i6IVkIFjAKNFG8krYHQNNXRnicfaQumc5SuDGHkOWeTWvVLardl54GZw5lNG8Gl7py+1HNAlBaMqJUl3HjnUvJVIzyiEruomCmNARGUDXoCAhqF6aX5LhU6P0cRBJ84TGufp7IiWhUpPQN50h0UO16E3F/7xuooPrXspEnGgQdLYoSDjWEZ7GgvtMAtV8YoBQycxfMR0SSag24RVNCM7iycvQqlWdy+r53UW5XpnHUUDH6ARVkIOuUB3dogZqIooe0TN6RW/Wk/VivVsfs9YVaz5zhP6U9fkD13SaWg==</latexit>

~v relative
2

<latexit sha1_base64="FBNrZM6d/Zl+6aC55vjHWUUZGNM=">AAAB9HicbVBNSwMxEJ2tX7V+VT16CRahp7JbRT0WvHisYD+gu5RsmrahSXZNsgtl6e/w4kERr/4Yb/4b03YP2vpg4PHeDDPzwpgzbVz32ylsbG5t7xR3S3v7B4dH5eOTto4SRWiLRDxS3RBrypmkLcMMp91YUSxCTjvh5G7ud1KqNIvko5nGNBB4JNmQEWysFPgpJZmvBEpn/Xq/XHFr7gJonXg5qUCOZr/85Q8ikggqDeFY657nxibIsDKMcDor+YmmMSYTPKI9SyUWVAfZ4ugZurDKAA0jZUsatFB/T2RYaD0Voe0U2Iz1qjcX//N6iRneBhmTcWKoJMtFw4QjE6F5AmjAFCWGTy3BRDF7KyJjrDAxNqeSDcFbfXmdtOs177p2+XBVaVTzOIpwBudQBQ9uoAH30IQWEHiCZ3iFNyd1Xpx352PZWnDymVP4A+fzB4fhkd4=</latexit>

~v2

<latexit sha1_base64="8HFjA+a886gb9/VWeKmMfWQdQZM=">AAAB9HicbVBNSwMxEJ2tX7V+VT16CRahp7JrRT0WvHisYD+gu5RsmrahSXZNsgtl6e/w4kERr/4Yb/4b03YP2vpg4PHeDDPzwpgzbVz32ylsbG5t7xR3S3v7B4dH5eOTto4SRWiLRDxS3RBrypmkLcMMp91YUSxCTjvh5G7ud1KqNIvko5nGNBB4JNmQEWysFPgpJZmvBEpn/Xq/XHFr7gJonXg5qUCOZr/85Q8ikggqDeFY657nxibIsDKMcDor+YmmMSYTPKI9SyUWVAfZ4ugZurDKAA0jZUsatFB/T2RYaD0Voe0U2Iz1qjcX//N6iRneBhmTcWKoJMtFw4QjE6F5AmjAFCWGTy3BRDF7KyJjrDAxNqeSDcFbfXmdtC9r3nWt/nBVaVTzOIpwBudQBQ9uoAH30IQWEHiCZ3iFNyd1Xpx352PZWnDymVP4A+fzB4llkd8=</latexit>

~v3

<latexit sha1_base64="fQt1Jiuk+8pxaIS1BP8hj+7/xVU=">AAACCXicbZDLSsNAFIYnXmu9RV26GSxCF1ISK+qy4MZlBXuBJpbJ9LQdOrkwMwmUkK0bX8WNC0Xc+gbufBunaRbaemDg4//P4cz5vYgzqSzr21hZXVvf2Cxtlbd3dvf2zYPDtgxjQaFFQx6KrkckcBZASzHFoRsJIL7HoeNNbmZ+JwEhWRjcq2kErk9GARsySpSW+iZ2EqCpI3ycZA+pc5ajAK7tBLKsX++bFatm5YWXwS6ggopq9s0vZxDS2IdAUU6k7NlWpNyUCMUoh6zsxBIiQidkBD2NAfFBuml+SYZPtTLAw1DoFyicq78nUuJLOfU93ekTNZaL3kz8z+vFanjtpiyIYgUBnS8axhyrEM9iwQMmgCo+1UCoYPqvmI6JIFTp8Mo6BHvx5GVon9fsy1r97qLSqBZxlNAxOkFVZKMr1EC3qIlaiKJH9Ixe0ZvxZLwY78bHvHXFKGaO0J8yPn8A2PiaWw==</latexit>

~v relative
3

<latexit sha1_base64="ySelC/wb5+uP6sB4NbQhZIOutW8=">AAACD3icbZC7SgNBFIZn4y3G26qlzWBQUoSwm4haBmwsI5gLZNdldnKSDJm9MDMbCMu+gY2vYmOhiK2tnW/j5FJo4oGBj/8/hzPn92POpLKsbyO3tr6xuZXfLuzs7u0fmIdHLRklgkKTRjwSHZ9I4CyEpmKKQycWQAKfQ9sf3Uz99hiEZFF4ryYxuAEZhKzPKFFa8sxzZww0dUSAx9lD6pRnKIBrewxZ5qV2uVquZZ5ZtCrWrPAq2AsookU1PPPL6UU0CSBUlBMpu7YVKzclQjHKISs4iYSY0BEZQFdjSAKQbjq7J8NnWunhfiT0CxWeqb8nUhJIOQl83RkQNZTL3lT8z+smqn/tpiyMEwUhnS/qJxyrCE/DwT0mgCo+0UCoYPqvmA6JIFTpCAs6BHv55FVoVSv2ZaV2d1GslxZx5NEJOkUlZKMrVEe3qIGaiKJH9Ixe0ZvxZLwY78bHvDVnLGaO0Z8yPn8Am6acSg==</latexit>

~v relative
1,2,3

<latexit sha1_base64="zYXTYe6CHZ1IpslC8wDnltwxv74=">AAAB/HicbVDLSsNAFJ3UV62vaJduBovQRSlJK+qy4MZlBfuAJoTJdNIOnUnCzKQQQvwVNy4UceuHuPNvnLZZaOuBC4dz7uXee/yYUaks69sobW3v7O6V9ysHh0fHJ+bpWV9GicCkhyMWiaGPJGE0JD1FFSPDWBDEfUYG/uxu4Q/mREgahY8qjYnL0SSkAcVIackzq86c4MwRHM5zL7MbrUY798ya1bSWgJvELkgNFOh65pczjnDCSagwQ1KObCtWboaEopiRvOIkksQIz9CEjDQNESfSzZbH5/BSK2MYREJXqOBS/T2RIS5lyn3dyZGaynVvIf7njRIV3LoZDeNEkRCvFgUJgyqCiyTgmAqCFUs1QVhQfSvEUyQQVjqvig7BXn95k/RbTfu62X64qnXqRRxlcA4uQB3Y4AZ0wD3ogh7AIAXP4BW8GU/Gi/FufKxaS0YxUwV/YHz+AJVYk/8=</latexit>

~v1,2,3

<latexit sha1_base64="JPD80+Ir6lZtwQjZKqKfH8yEQ0o=">AAAB9HicbVDLSgNBEOz1GeMr6tHLYBA8SNhVUY8BLx4jmAdklzA7mSRD5rHOzAbCku/w4kERr36MN//GSbIHTSxoKKq66e6KE86M9f1vb2V1bX1js7BV3N7Z3dsvHRw2jEo1oXWiuNKtGBvKmaR1yyynrURTLGJOm/Hwbuo3R1QbpuSjHSc0ErgvWY8RbJ0UhSNKslALpCadoFMq+xV/BrRMgpyUIUetU/oKu4qkgkpLODamHfiJjTKsLSOcTophamiCyRD3adtRiQU1UTY7eoJOndJFPaVdSYtm6u+JDAtjxiJ2nQLbgVn0puJ/Xju1vdsoYzJJLZVkvqiXcmQVmiaAukxTYvnYEUw0c7ciMsAaE+tyKroQgsWXl0njohJcVy4frsrV8zyOAhzDCZxBADdQhXuoQR0IPMEzvMKbN/JevHfvY9664uUzR/AH3ucPfOCR2g==</latexit>

~o1

<latexit sha1_base64="XJQuYjpGU1lQU/3lALM8Dmg0Ztk=">AAAB9HicbVBNS8NAEN34WetX1aOXxSL0VBIV9Vjw4rGC/YAmlM120i7d3cTdTaCE/g4vHhTx6o/x5r9x2+agrQ8GHu/NMDMvTDjTxnW/nbX1jc2t7dJOeXdv/+CwcnTc1nGqKLRozGPVDYkGziS0DDMcuokCIkIOnXB8N/M7GSjNYvloJgkEggwlixglxkqBnwHNfSVwNu17/UrVrbtz4FXiFaSKCjT7lS9/ENNUgDSUE617npuYICfKMMphWvZTDQmhYzKEnqWSCNBBPj96is+tMsBRrGxJg+fq74mcCK0nIrSdgpiRXvZm4n9eLzXRbZAzmaQGJF0silKOTYxnCeABU0ANn1hCqGL2VkxHRBFqbE5lG4K3/PIqaV/Uvev65cNVtVEr4iihU3SGashDN6iB7lETtRBFT+gZvaI3J3NenHfnY9G65hQzJ+gPnM8fhl2R3Q==</latexit>

~v1

<latexit sha1_base64="vjQc7zlh0Ues1k2wth6iyB7uK4U=">AAACCXicbZDLSsNAFIYn9VbrLerSzWARupCSqKjLghuXFewFmlgm09N26OTCzCRQQrZufBU3LhRx6xu4822cpllo64GBj/8/hzPn9yLOpLKsb6O0srq2vlHerGxt7+zumfsHbRnGgkKLhjwUXY9I4CyAlmKKQzcSQHyPQ8eb3Mz8TgJCsjC4V9MIXJ+MAjZklCgt9U3sJEBTR/g4yR5S5zRHAVzbCWRZ3+6bVatu5YWXwS6giopq9s0vZxDS2IdAUU6k7NlWpNyUCMUoh6zixBIiQidkBD2NAfFBuml+SYZPtDLAw1DoFyicq78nUuJLOfU93ekTNZaL3kz8z+vFanjtpiyIYgUBnS8axhyrEM9iwQMmgCo+1UCoYPqvmI6JIFTp8Co6BHvx5GVon9Xty/r53UW1USviKKMjdIxqyEZXqIFuURO1EEWP6Bm9ojfjyXgx3o2PeWvJKGYO0Z8yPn8A1fCaWQ==</latexit>

~v relative
1

<latexit sha1_base64="wg0Td+rbPf5nM2fRGexkRHto7RY=">AAAB8nicbVBNS8NAEN3Ur1q/qh69LBahp5KoqMeCF48V7AckoWy2m3bpZjfsTgol9Gd48aCIV3+NN/+N2zYHbX0w8Hhvhpl5USq4Adf9dkobm1vbO+Xdyt7+weFR9fikY1SmKWtTJZTuRcQwwSVrAwfBeqlmJIkE60bj+7nfnTBtuJJPME1ZmJCh5DGnBKzkBxNG80An2J31qzW34S6A14lXkBoq0OpXv4KBolnCJFBBjPE9N4UwJxo4FWxWCTLDUkLHZMh8SyVJmAnzxckzfGGVAY6VtiUBL9TfEzlJjJkmke1MCIzMqjcX//P8DOK7MOcyzYBJulwUZwKDwvP/8YBrRkFMLSFUc3srpiOiCQWbUsWG4K2+vE46lw3vpnH1eF1r1os4yugMnaM68tAtaqIH1EJtRJFCz+gVvTngvDjvzseyteQUM6foD5zPH+6KkPM=</latexit>

~0

Figure S1: Generative model in Figure 2 with the inferred velocities indicated. Dot veloci-
ties and the corresponding inferred structures for stimuli with one moving dot (A), two moving
dots (B) or three moving dots (C)
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A

B causal structure 1

<latexit sha1_base64="23bx019mbYlFL8srrFTa3Z071vI=">AAACBXicbVDLSsNAFJ34rPUVdamLwSK4KCVRUZcFNy4r2Ac0sUymN+3QyYOZSaGEbNz4K25cKOLWf3Dn3zhNs9DWAwOHc+7hzj1ezJlUlvVtLC2vrK6tlzbKm1vbO7vm3n5LRomg0KQRj0THIxI4C6GpmOLQiQWQwOPQ9kY3U789BiFZFN6rSQxuQAYh8xklSks988gZA00dEeAoe0idak4phApElvXMilWzcuBFYhekggo0euaX049oEug85UTKrm3Fyk2JUIxyyMpOIiEmdEQG0NU0JAFIN82vyPCJVvrYj4R+ocK5+juRkkDKSeDpyYCooZz3puJ/XjdR/rWbsjBOFIR0tshPOFYRnlaC+0wAVXyiCaGC6b9iOiSCUF2CLOsS7PmTF0nrrGZf1s7vLir1alFHCR2iY3SKbHSF6ugWNVATUfSIntErejOejBfj3fiYjS4ZReYA/YHx+QPh8pjD</latexit>

~o center
<latexit sha1_base64="Fvdx9ByGZhP9u6sZQp8SUPz1XQc=">AAACB3icbZDLSsNAFIYnXmu9RV0KMlgEF6UkKuqy4MZlBXuBJpbJZNoOncyEmUmhhOzc+CpuXCji1ldw59s4TbPQ1h8GPv5zDmfOH8SMKu0439bS8srq2nppo7y5tb2za+/tt5RIJCZNLJiQnQApwignTU01I51YEhQFjLSD0c203h4Tqajg93oSEz9CA077FCNtrJ595I0JTj0ZQZE9pF41R5VIKRIeZlnPrjg1JxdcBLeACijU6NlfXihwEhGuMUNKdV0n1n6KpKaYkazsJYrECI/QgHQNchQR5af5HRk8MU4I+0KaxzXM3d8TKYqUmkSB6YyQHqr52tT8r9ZNdP/aTymPE004ni3qJwxqAaehwJBKgjWbGEBYUvNXiIdIIqxNdGUTgjt/8iK0zmruZe387qJSrxZxlMAhOAanwAVXoA5uQQM0AQaP4Bm8gjfryXqx3q2PWeuSVcwcgD+yPn8AyaCZ2A==</latexit>

~o surround

<latexit sha1_base64="k6oa0tEpf1H25tJLzu4URxsgreQ=">AAACBXicbVDLSsNAFJ34rPUVdamLwSK4KCVRUZcFNy4r2Ac0sUymN+3QyYOZSaGEbNz4K25cKOLWf3Dn3zhNs9DWAwOHc+7hzj1ezJlUlvVtLC2vrK6tlzbKm1vbO7vm3n5LRomg0KQRj0THIxI4C6GpmOLQiQWQwOPQ9kY3U789BiFZFN6rSQxuQAYh8xklSks988gZA00dEeBx9pA61ZxSCBWILOuZFatm5cCLxC5IBRVo9Mwvpx/RJNB5yomUXduKlZsSoRjlkJWdREJM6IgMoKtpSAKQbppfkeETrfSxHwn9QoVz9XciJYGUk8DTkwFRQznvTcX/vG6i/Gs3ZWGcKAjpbJGfcKwiPK0E95kAqvhEE0IF03/FdEgEoboEWdYl2PMnL5LWWc2+rJ3fXVTq1aKOEjpEx+gU2egK1dEtaqAmougRPaNX9GY8GS/Gu/ExG10yiswB+gPj8wftDJjK</latexit>

~v center
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~v surround
relative

<latexit sha1_base64="7+pXoVLOsKrGfjMQhCya5JQ64fw=">AAACB3icbZDLSsNAFIYnXmu9RV0KMlgEF6UkKuqy4MZlBXuBJpbJZNoOnZmEmUmhhOzc+CpuXCji1ldw59s4TbPQ1h8GPv5zDmfOH8SMKu0439bS8srq2nppo7y5tb2za+/tt1SUSEyaOGKR7ARIEUYFaWqqGenEkiAeMNIORjfTentMpKKRuNeTmPgcDQTtU4y0sXr2kTcmOPUkh+PsIfWqOapEyigRYZb17IpTc3LBRXALqIBCjZ795YURTjgRGjOkVNd1Yu2nSGqKGcnKXqJIjPAIDUjXoECcKD/N78jgiXFC2I+keULD3P09kSKu1IQHppMjPVTztan5X62b6P61n1IRJ5oIPFvUTxjUEZyGAkMqCdZsYgBhSc1fIR4iibA20ZVNCO78yYvQOqu5l7Xzu4tKvVrEUQKH4BicAhdcgTq4BQ3QBBg8gmfwCt6sJ+vFerc+Zq1LVjFzAP7I+vwB1MiZ3w==</latexit>

~v surround
<latexit sha1_base64="ptg6TiaTQEQd+BMt5HZmDc94enc=">AAACGHicbVDLSgMxFM3UV62vqks3wSK4KHVGRV0W3LisYB/QqSWT3mlDk5khyQyUYT7Djb/ixoUibrvzb0wfgrYeCBzOOTfJPV7EmdK2/WXlVlbX1jfym4Wt7Z3dveL+QUOFsaRQpyEPZcsjCjgLoK6Z5tCKJBDhcWh6w9uJ30xAKhYGD3oUQUeQfsB8Rok2Urd45iZAU1cKnGSPqVueUgqBBpll3R9BAjf5BIxULNkVewq8TJw5KaE5at3i2O2FNBbmSsqJUm3HjnQnJVIzyiEruLGCiNAh6UPb0IAIUJ10uliGT4zSw34ozQk0nqq/J1IilBoJzyQF0QO16E3E/7x2rP2bTsqCKNYQ0NlDfsyxDvGkJdxjEqjmI0MIlcz8FdMBkYSaXlTBlOAsrrxMGucV56pycX9ZqpbndeTRETpGp8hB16iK7lAN1RFFT+gFvaF369l6tT6sz1k0Z81nDtEfWONvOSOhFg==</latexit>

~v center
relative

<latexit sha1_base64="3hUSB0zLa5dJRDOMHec/s6axKqE=">AAACBHicbZC7TsMwFIadcivlFmDsYlEhMVRVAggYK7EwFolepCZUjuO0Vp04sp2iKsrAwquwMIAQKw/Bxtvgphmg5ZcsffrPOTo+vxczKpVlfRulldW19Y3yZmVre2d3z9w/6EieCEzamDMueh6ShNGItBVVjPRiQVDoMdL1xtezendChKQ8ulPTmLghGkY0oBgpbQ3MqjMhOHVECCfZferUc3zggvlZNjBrVsPKBZfBLqAGCrUG5pfjc5yEJFKYISn7thUrN0VCUcxIVnESSWKEx2hI+hojFBLppvkRGTzWjg8DLvSLFMzd3xMpCqWchp7uDJEaycXazPyv1k9UcOWmNIoTRSI8XxQkDCoOZ4lAnwqCFZtqQFhQ/VeIR0ggrHRuFR2CvXjyMnROG/ZF4+z2vNasF3GUQRUcgRNgg0vQBDegBdoAg0fwDF7Bm/FkvBjvxse8tWQUM4fgj4zPHzcEmGc=</latexit>

~v world

causal structure 2

<latexit sha1_base64="23bx019mbYlFL8srrFTa3Z071vI=">AAACBXicbVDLSsNAFJ34rPUVdamLwSK4KCVRUZcFNy4r2Ac0sUymN+3QyYOZSaGEbNz4K25cKOLWf3Dn3zhNs9DWAwOHc+7hzj1ezJlUlvVtLC2vrK6tlzbKm1vbO7vm3n5LRomg0KQRj0THIxI4C6GpmOLQiQWQwOPQ9kY3U789BiFZFN6rSQxuQAYh8xklSks988gZA00dEeAoe0idak4phApElvXMilWzcuBFYhekggo0euaX049oEug85UTKrm3Fyk2JUIxyyMpOIiEmdEQG0NU0JAFIN82vyPCJVvrYj4R+ocK5+juRkkDKSeDpyYCooZz3puJ/XjdR/rWbsjBOFIR0tshPOFYRnlaC+0wAVXyiCaGC6b9iOiSCUF2CLOsS7PmTF0nrrGZf1s7vLir1alFHCR2iY3SKbHSF6ugWNVATUfSIntErejOejBfj3fiYjS4ZReYA/YHx+QPh8pjD</latexit>

~o center
<latexit sha1_base64="Fvdx9ByGZhP9u6sZQp8SUPz1XQc=">AAACB3icbZDLSsNAFIYnXmu9RV0KMlgEF6UkKuqy4MZlBXuBJpbJZNoOncyEmUmhhOzc+CpuXCji1ldw59s4TbPQ1h8GPv5zDmfOH8SMKu0439bS8srq2nppo7y5tb2za+/tt5RIJCZNLJiQnQApwignTU01I51YEhQFjLSD0c203h4Tqajg93oSEz9CA077FCNtrJ595I0JTj0ZQZE9pF41R5VIKRIeZlnPrjg1JxdcBLeACijU6NlfXihwEhGuMUNKdV0n1n6KpKaYkazsJYrECI/QgHQNchQR5af5HRk8MU4I+0KaxzXM3d8TKYqUmkSB6YyQHqr52tT8r9ZNdP/aTymPE004ni3qJwxqAaehwJBKgjWbGEBYUvNXiIdIIqxNdGUTgjt/8iK0zmruZe387qJSrxZxlMAhOAanwAVXoA5uQQM0AQaP4Bm8gjfryXqx3q2PWeuSVcwcgD+yPn8AyaCZ2A==</latexit>

~o surround

<latexit sha1_base64="k6oa0tEpf1H25tJLzu4URxsgreQ=">AAACBXicbVDLSsNAFJ34rPUVdamLwSK4KCVRUZcFNy4r2Ac0sUymN+3QyYOZSaGEbNz4K25cKOLWf3Dn3zhNs9DWAwOHc+7hzj1ezJlUlvVtLC2vrK6tlzbKm1vbO7vm3n5LRomg0KQRj0THIxI4C6GpmOLQiQWQwOPQ9kY3U789BiFZFN6rSQxuQAYh8xklSks988gZA00dEeBx9pA61ZxSCBWILOuZFatm5cCLxC5IBRVo9Mwvpx/RJNB5yomUXduKlZsSoRjlkJWdREJM6IgMoKtpSAKQbppfkeETrfSxHwn9QoVz9XciJYGUk8DTkwFRQznvTcX/vG6i/Gs3ZWGcKAjpbJGfcKwiPK0E95kAqvhEE0IF03/FdEgEoboEWdYl2PMnL5LWWc2+rJ3fXVTq1aKOEjpEx+gU2egK1dEtaqAmougRPaNX9GY8GS/Gu/ExG10yiswB+gPj8wftDJjK</latexit>

~v center
<latexit sha1_base64="EQUHz3YCnHa8bVDkEEfuNGdtNzY=">AAACGnicbVDLSsNAFJ34rPVVdelmsAguSklU1GXBjcsK9gFNLJPpbTt0Mgkzk0AJ+Q43/oobF4q4Ezf+jdO0grYeGDiccw937vEjzpS27S9raXlldW29sFHc3Nre2S3t7TdVGEsKDRryULZ9ooAzAQ3NNId2JIEEPoeWP7qe+K0EpGKhuNPjCLyADATrM0q0kbolx02Apq4McJLdp24lpyqWMoxFL8u6P5IEbhIJGKlUtqt2DrxInBkpoxnq3dKH2wtpHIDQlBOlOo4daS8lUjPKISu6sYKI0BEZQMdQQQJQXpqfluFjo/RwP5TmCY1z9XciJYFS48A3kwHRQzXvTcT/vE6s+1deykQUaxB0uqgfc6xDPOkJ95gEqvnYEEIlM3/FdEgkodq0WTQlOPMnL5LmadW5qJ7dnpdrlVkdBXSIjtAJctAlqqEbVEcNRNEDekIv6NV6tJ6tN+t9OrpkzTIH6A+sz280PqIr</latexit>

~v surround
relative

<latexit sha1_base64="7+pXoVLOsKrGfjMQhCya5JQ64fw=">AAACB3icbZDLSsNAFIYnXmu9RV0KMlgEF6UkKuqy4MZlBXuBJpbJZNoOnZmEmUmhhOzc+CpuXCji1ldw59s4TbPQ1h8GPv5zDmfOH8SMKu0439bS8srq2nppo7y5tb2za+/tt1SUSEyaOGKR7ARIEUYFaWqqGenEkiAeMNIORjfTentMpKKRuNeTmPgcDQTtU4y0sXr2kTcmOPUkh+PsIfWqOapEyigRYZb17IpTc3LBRXALqIBCjZ795YURTjgRGjOkVNd1Yu2nSGqKGcnKXqJIjPAIDUjXoECcKD/N78jgiXFC2I+keULD3P09kSKu1IQHppMjPVTztan5X62b6P61n1IRJ5oIPFvUTxjUEZyGAkMqCdZsYgBhSc1fIR4iibA20ZVNCO78yYvQOqu5l7Xzu4tKvVrEUQKH4BicAhdcgTq4BQ3QBBg8gmfwCt6sJ+vFerc+Zq1LVjFzAP7I+vwB1MiZ3w==</latexit>

~v surround
<latexit sha1_base64="ptg6TiaTQEQd+BMt5HZmDc94enc=">AAACGHicbVDLSgMxFM3UV62vqks3wSK4KHVGRV0W3LisYB/QqSWT3mlDk5khyQyUYT7Djb/ixoUibrvzb0wfgrYeCBzOOTfJPV7EmdK2/WXlVlbX1jfym4Wt7Z3dveL+QUOFsaRQpyEPZcsjCjgLoK6Z5tCKJBDhcWh6w9uJ30xAKhYGD3oUQUeQfsB8Rok2Urd45iZAU1cKnGSPqVueUgqBBpll3R9BAjf5BIxULNkVewq8TJw5KaE5at3i2O2FNBbmSsqJUm3HjnQnJVIzyiEruLGCiNAh6UPb0IAIUJ10uliGT4zSw34ozQk0nqq/J1IilBoJzyQF0QO16E3E/7x2rP2bTsqCKNYQ0NlDfsyxDvGkJdxjEqjmI0MIlcz8FdMBkYSaXlTBlOAsrrxMGucV56pycX9ZqpbndeTRETpGp8hB16iK7lAN1RFFT+gFvaF369l6tT6sz1k0Z81nDtEfWONvOSOhFg==</latexit>

~v center
relative
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~v world
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<latexit sha1_base64="23bx019mbYlFL8srrFTa3Z071vI=">AAACBXicbVDLSsNAFJ34rPUVdamLwSK4KCVRUZcFNy4r2Ac0sUymN+3QyYOZSaGEbNz4K25cKOLWf3Dn3zhNs9DWAwOHc+7hzj1ezJlUlvVtLC2vrK6tlzbKm1vbO7vm3n5LRomg0KQRj0THIxI4C6GpmOLQiQWQwOPQ9kY3U789BiFZFN6rSQxuQAYh8xklSks988gZA00dEeAoe0idak4phApElvXMilWzcuBFYhekggo0euaX049oEug85UTKrm3Fyk2JUIxyyMpOIiEmdEQG0NU0JAFIN82vyPCJVvrYj4R+ocK5+juRkkDKSeDpyYCooZz3puJ/XjdR/rWbsjBOFIR0tshPOFYRnlaC+0wAVXyiCaGC6b9iOiSCUF2CLOsS7PmTF0nrrGZf1s7vLir1alFHCR2iY3SKbHSF6ugWNVATUfSIntErejOejBfj3fiYjS4ZReYA/YHx+QPh8pjD</latexit>

~o center

<latexit sha1_base64="Fvdx9ByGZhP9u6sZQp8SUPz1XQc=">AAACB3icbZDLSsNAFIYnXmu9RV0KMlgEF6UkKuqy4MZlBXuBJpbJZNoOncyEmUmhhOzc+CpuXCji1ldw59s4TbPQ1h8GPv5zDmfOH8SMKu0439bS8srq2nppo7y5tb2za+/tt5RIJCZNLJiQnQApwignTU01I51YEhQFjLSD0c203h4Tqajg93oSEz9CA077FCNtrJ595I0JTj0ZQZE9pF41R5VIKRIeZlnPrjg1JxdcBLeACijU6NlfXihwEhGuMUNKdV0n1n6KpKaYkazsJYrECI/QgHQNchQR5af5HRk8MU4I+0KaxzXM3d8TKYqUmkSB6YyQHqr52tT8r9ZNdP/aTymPE004ni3qJwxqAaehwJBKgjWbGEBYUvNXiIdIIqxNdGUTgjt/8iK0zmruZe387qJSrxZxlMAhOAanwAVXoA5uQQM0AQaP4Bm8gjfryXqx3q2PWeuSVcwcgD+yPn8AyaCZ2A==</latexit>

~o surround

<latexit sha1_base64="Q+Lw6vRGMxcyxZsLwzd8FokHrJ8=">AAACJHicbZDLSgMxFIYzXmu9VV26CRbBRS0zKiq4KbhxWcFeoFNLJj1tQzPJkGQKZZiHceOruHHhBRdufBbTy0LbHgh8/P85Sc4fRJxp47rfztLyyuraemYju7m1vbOb29uvahkrChUquVT1gGjgTEDFMMOhHikgYcChFvRvR35tAEozKR7MMIJmSLqCdRglxkqt3I0/AJr4KsQyfUz8whgpCAMqTU8XmTpWSsainaatXN4tuuPC8+BNIY+mVW7lPvy2pHFor6ecaN3w3Mg0E6IMoxzSrB9riAjtky40LAoSgm4m4yVTfGyVNu5IZY8weKz+nUhIqPUwDGxnSExPz3ojcZHXiE3nupkwEcUGBJ081Ik5NhKPEsNtpoAaPrRAqGL2r5j2iCLUZqSzNgRvduV5qJ4Vvcvi+f1FvlSYxpFBh+gInSAPXaESukNlVEEUPaEX9IbenWfn1fl0viatS8505gD9K+fnF/qIpjU=</latexit>

~o center �~o surround

Figure S2: Scenes with two moving elements. A Stimulus with two coherently moving groups
of dots whose velocities are chosen such that the target (green dots) moves perpendicularly to
the surround (red dots). The stimulus is designed to separate three possible percepts of the
target velocity as predicted by our model: (a) perceiving the retinal velocity (light green vector)
if the target and group are not inferred to be part of the same motion structure (b) perceiving the
group velocity (red vector) if the target is inferred to be part of the same motion structure as the
surround and the target moves with the surround (c) perceiving the relative velocity (dark green
vector) if the target is inferred to be part of the same motion structure as the surround but the
target moves differently from the surround B The different motion structures that the model can
infer with two moving elements. The colored arrows indicate the relative velocities inferred in
each motif for the stimulus in A. Black dots indicate stationary relative velocities.
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Figure S3: Individual observer responses in experiment 1. Response across all observers
and different ratios of surround to center dots along with best fit model predictions. Each
color indicates a different observer and each row corresponds to a different number of surround
patches (indicated by the title).
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Figure S4: Summary statistics of observer responses. (A) Difference in median reports be-
tween moving and stationary surround conditions with 68% confidence intervals. Negative
values indicate integration and positive values indicate segmentation.(B) Difference in report
variability between moving and stationary surround with 68% confidence intervals, quantified
by the difference in median absolute deviation (MAD). The MAD (57) is a robust estimate of
variability defined as the median absolute difference between individual trial reports and median
reports across trials. Each color corresponds to a different observer and the black line shows
the average across observers. The average difference in median reports is consistently negative
for 2.5◦ (not significant with p = 0.07 across observers, with p < 0.05 individually for 3 out of
5 observers) indicating integration, and is significantly positive for larger separations (greater
than 10 degrees; p < 0.001 across observers, also p < 0.001 individually for all observers)
indicating segmentation. The small effect sizes for integration are a consequence of the experi-
ment design as the maximum possible difference in median reports for a retinal center direction
2.5◦ is −2.5◦ which is small compared to the reporting noise. This shortcoming is addressed
in Experiment 2 described in the next section. The average MAD at 5◦ (Fig. 3D) is signifi-
cantly greater than the MAD at 2.5◦ and 45◦ (p < 0.001 across observers, with p < 0.05 for 3
out of 5 observers individually) indicating greater variability in reports for intermediate sepa-
rations reflecting the higher uncertainty in causal structures expected from the causal inference
model.Significance was estimated by bootstrapping using 104 samples.
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Figure S5: Posterior probability of structures for varying numbers of dots. Posterior prob-
ability of the four structures in Figure 4A-D similar to those shown in Figure 4E-H for 10
surround patches, but for all numbers of surround patches (1,2,3,5 and 10).
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Figure S6: Modulation indices corresponding to each structure for varying numbers of
dots. Modulation indices predicted under the four structures in Figure 4A-D similar to those
shown in Figure 4I-L for 10 surround patches, but for all numbers of surround patches (1,2,3,5
and 10).

25



A

~M
M ~A ~B ~C ~D
M  ~A  B ~C ~D
M  ~A  B ~C   D
M   A ~B ~C ~D
M   A ~B   C ~D
M   A   B ~C ~D
M   A   B ~C   D
M   A   B   C ~D
M   A   B   C   D

Observer 1

P Q R S P Q R S

Observer 2

P Q R S

Observer 3

P Q R S

Observer 4

P Q R S

Observer 5

~M
M ~A ~B ~C ~D

M  ~A  B ~C ~D
M  ~A  B ~C   D

M   A ~B ~C ~D

M   A ~B   C ~D

M   A   B ~C ~D
M   A   B ~C   D
M   A   B   C ~D

M   A   B   C   D

P Q R S

Population B

C

winning model models as good as winning model (no strong evidence against)

-4500

-2.3 

0    

2.3  

Model characteristic Compact 
Notation

Model characteristic Compact 
Notation

no mixture prior ~M mixture prior M

shared prior width 
between objects

~A different prior width 
between objects

A

shared weight on 
spike between 
objects

~B different weight on 
spike between 
objects

B

shared prior width for 
different object sizes

~C different prior width 
for different object 
sizes

C

shared weight on 
spike for different 
object sizes

~D different weight on 
spike for different 
object sizes

D

decision strategy: 
probability matching

P decision strategy: 
model averaging

Q

decision strategy: 
model selection

R decision strategy: 
structure sampling

S

-4500

-2.3 

0    

2.3  

Figure S7: Factorial model comparison. Factorial model comparison using relative log like-
lihood (shown in grayscale) computed using AIC as in Figure 4B but across all simplifications
of the model depicted in (B) shown for each observer in (C) and across all observers in (A).
The filled green circle indicates the best model through model comparison and the open green
circles show models that are not the best but the evidence against them is not strong as com-
pared to the best model. The most simplified model had the same prior parameters (weight on
the delta and width of the slow speed prior) for: (a) the different velocities variables (i.e. center,
surround, group) in our model, and (b) the inferred velocities for stimuli with different numbers
of surround patches. We systematically allowed these parameters to vary to get to the most
complex model where all parameters were allowed to vary (but with a weak prior preferring a
shared value).
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Figure S8: Experiment 1: dependency on number of surround dots. (A) The posterior pre-
dictive distribution over modulation indices across observers. (B) Predicted modulation index
at 0◦ from (A) plotted as a function of the number of surround patches. 4/5 observers show a
decrease in the predicted modulation index at 0 degrees (3 significantly with p< 0.001) with in-
creasing number of surround patches indicating a higher strength of integration as the reliability
of the surround increases. (C) Predicted modulation index at 45◦ from (A) plotted as a function
of the number of surround patches. All observers show a significant increase in modulation
index (p< 0.001) with increasing number of surround patches indicating a higher strength of
segmentation as the reliability of the surround increases. The square markers in (B,C) indicate
that these are model-predicted transition directions and not empirically measured data. All the
statistical tests were done using samples obtained through posterior sampling of the model pa-
rameters. Two statistical tests were done to assess change in modulation indices as a function
of the number of surround patches. First, the probability of modulation indices for 10 surround
patches was estimated as being greater/lesser than those for 1 surround patch by comparing
the posterior samples over the corresponding modulation indices. Second, the posterior slope
distribution of the line fit to the modulation indices as a function of the number of dots was
used to assess the increasing/decreasing trend by estimating the proportion of samples from the
slope distribution that were greater/lesser than zero. (D) We quantify the region of integration
by defining a transition direction difference which is the difference in direction between cen-
ter and surround where the probability of integration is 0.5. The probability of integration is
plotted in Figure S5 (first column) for different number of surround dots. (E) We find that the
transition direction difference decreases with increase in number of surround dots in agreement
with earlier causal inference studies that the region of integration increases with increase in cue
uncertainty. The difference is significant (p< 0.05) for 4/5 observers.
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~o target
retina

<latexit sha1_base64="BXNqGj4XPFaHy52mekYECyw26bU=">AAACG3icbVDLSgMxFM34rPVVdekmWAQXpcyoqLgquHFZwT6gU0smvW1DM8mQZCplmP9w46+4caGIK8GFf2P6ELT1QOBwzr3cnBNEnGnjul/OwuLS8spqZi27vrG5tZ3b2a1qGSsKFSq5VPWAaOBMQMUww6EeKSBhwKEW9K9Gfm0ASjMpbs0wgmZIuoJ1GCXGSq3csT8AmvgqxIP0LvELYypjA+ryXireTtPWj6rAMEGskMu7RXcMPE+8KcmjKcqt3IffljQOQRjKidYNz41MMyHKMMohzfqxhojQPulCw1JBQtDNZJwtxYdWaeOOVPYJg8fq742EhFoPw8BOhsT09Kw3Ev/zGrHpXDQTJiIbVtDJoU7MsZF4VBRuMwXU8KElhCpm/4ppjyhCbTc6a0vwZiPPk+px0Tsrntyc5kuFaR0ZtI8O0BHy0DkqoWtURhVE0QN6Qi/o1Xl0np03530yuuBMd/bQHzif37tToms=</latexit>

~v outer:world
retina

<latexit sha1_base64="4py0DMmoZsM7oJoDoPRRsfTlG+w=">AAACHXicbZDNSgMxFIUz/lv/qi7dBIvgQsqMFhVXBTcuFawtdMYhk97WYCYZkkylDPMibnwVNy4UceFGfBvTOoK2HggcvnsvN/dECWfauO6nMzU9Mzs3v7BYWlpeWV0rr29caZkqCg0quVStiGjgTEDDMMOhlSggccShGd2eDuvNPijNpLg0gwSCmPQE6zJKjEVhueb3gWa+inE/v878vZHtKZkmoXdyJxXv5Hn4wxUYJogF5YpbdUfCk8YrTAUVOg/L735H0jQGYSgnWrc9NzFBRpRhlENe8lMNCaG3pAdtawWJQQfZ6Loc71jSwV2p7BMGj+jviYzEWg/iyHbGxNzo8doQ/ldrp6Z7HGRMJKkBQb8XdVOOjcTDqHCHKaCGD6whVDH7V0xviCLU2EBLNgRv/ORJc7Vf9Q6rBxe1Sn2viGMBbaFttIs8dITq6Aydowai6B49omf04jw4T86r8/bdOuUUM5voj5yPL/8Oow0=</latexit>

~v group1:world
retina

<latexit sha1_base64="lLN0JyZwaQ/oW1SZiBB6nNJMzNg=">AAACFXicbVDLSgMxFM34rPU16tJNsAguSplRUZcFNy4r2Ad0xpJJb9vQTGZIMoUyzE+48VfcuFDEreDOvzFtR9DWA4GTc+4lOSeIOVPacb6speWV1bX1wkZxc2t7Z9fe22+oKJEU6jTikWwFRAFnAuqaaQ6tWAIJAw7NYHg98ZsjkIpF4k6PY/BD0hesxyjRRurYZW8ENPVkiKPsPvXKM5pokFnW+blL0EwQI9glp+JMgReJm5MSylHr2J9eN6JJCEJTTpRqu06s/ZRIzSiHrOglCmJCh6QPbUMFCUH56TRVho+N0sW9SJojNJ6qvzdSEio1DgMzGRI9UPPeRPzPaye6d+WnTMQmpqCzh3oJxzrCk4pwl0mgmo8NIVQy81dMB0QSalpRRVOCOx95kTROK+5F5ez2vFQt53UU0CE6QifIRZeoim5QDdURRQ/oCb2gV+vRerberPfZ6JKV7xygP7A+vgHFK5/G</latexit>

~o outer
retina

<latexit sha1_base64="67X37bKlYeiFg18L46g+EN8R3RE=">AAACFXicbZDLSgMxFIYzXmu9VV26CRbBRSkzKuqy4MZlBXuBzlgy6Zk2NJMZkkyhDPMSbnwVNy4UcSu4821MpxW09YfAl/+cQ3J+P+ZMadv+spaWV1bX1gsbxc2t7Z3d0t5+U0WJpNCgEY9k2ycKOBPQ0ExzaMcSSOhzaPnD60m9NQKpWCTu9DgGLyR9wQJGiTZWt1RxR0BTV4Y4yu5Tt5IjEwJklnV/7hI0E8QYpbJdtXPhRXBmUEYz1bulT7cX0SQEoSknSnUcO9ZeSqRmlENWdBMFMaFD0oeOQUFCUF6ab5XhY+P0cBBJc4TGuft7IiWhUuPQN50h0QM1X5uY/9U6iQ6uvJSJONEg6PShIOFYR3gSEe4xCVTzsQFCJTN/xXRAJKHaBFk0ITjzKy9C87TqXFTPbs/LtcosjgI6REfoBDnoEtXQDaqjBqLoAT2hF/RqPVrP1pv1Pm1dsmYzB+iPrI9vpr2fsw==</latexit>

~o inner
retina

<latexit sha1_base64="IJrZUS/iOSn4oc//n7aVOq9ifOw=">AAACFnicbZDLSsNAFIYnXmu9VV26GSyCCy2JiroU3LisYC/QxDKZntbBySTMnAgl5Cnc+CpuXCjiVtz5Nk7bCN5+GPj5zjmcOX+YSGHQdT+cqemZ2bn50kJ5cWl5ZbWytt40cao5NHgsY90OmQEpFDRQoIR2ooFFoYRWeHM2qrduQRsRq0scJhBEbKBEX3CGFnUre/4t8MzXEY3zq8zfHVtkegCY590voAGFYhZUqm7NHYv+NV5hqqRQvVt593sxTyNQyCUzpuO5CQYZ0yi4hLzspwYSxm/YADrWKhaBCbLxWTndtqRH+7G2TyEd0+8TGYuMGUah7YwYXpvftRH8r9ZJsX8SZEIlKYLik0X9VFKM6Sgj2hMaOMqhNYxrYf9K+TXTjKNNsmxD8H6f/Nc092veUe3g4rB6ulvEUSKbZIvsEI8ck1NyTuqkQTi5Iw/kiTw7986j8+K8TlqnnGJmg/yQ8/YJf/egKA==</latexit>

~o target
retina

<latexit sha1_base64="4py0DMmoZsM7oJoDoPRRsfTlG+w=">AAACHXicbZDNSgMxFIUz/lv/qi7dBIvgQsqMFhVXBTcuFawtdMYhk97WYCYZkkylDPMibnwVNy4UceFGfBvTOoK2HggcvnsvN/dECWfauO6nMzU9Mzs3v7BYWlpeWV0rr29caZkqCg0quVStiGjgTEDDMMOhlSggccShGd2eDuvNPijNpLg0gwSCmPQE6zJKjEVhueb3gWa+inE/v878vZHtKZkmoXdyJxXv5Hn4wxUYJogF5YpbdUfCk8YrTAUVOg/L735H0jQGYSgnWrc9NzFBRpRhlENe8lMNCaG3pAdtawWJQQfZ6Loc71jSwV2p7BMGj+jviYzEWg/iyHbGxNzo8doQ/ldrp6Z7HGRMJKkBQb8XdVOOjcTDqHCHKaCGD6whVDH7V0xviCLU2EBLNgRv/ORJc7Vf9Q6rBxe1Sn2viGMBbaFttIs8dITq6Aydowai6B49omf04jw4T86r8/bdOuUUM5voj5yPL/8Oow0=</latexit>

~v group1:world
retina

<latexit sha1_base64="lLN0JyZwaQ/oW1SZiBB6nNJMzNg=">AAACFXicbVDLSgMxFM34rPU16tJNsAguSplRUZcFNy4r2Ad0xpJJb9vQTGZIMoUyzE+48VfcuFDEreDOvzFtR9DWA4GTc+4lOSeIOVPacb6speWV1bX1wkZxc2t7Z9fe22+oKJEU6jTikWwFRAFnAuqaaQ6tWAIJAw7NYHg98ZsjkIpF4k6PY/BD0hesxyjRRurYZW8ENPVkiKPsPvXKM5pokFnW+blL0EwQI9glp+JMgReJm5MSylHr2J9eN6JJCEJTTpRqu06s/ZRIzSiHrOglCmJCh6QPbUMFCUH56TRVho+N0sW9SJojNJ6qvzdSEio1DgMzGRI9UPPeRPzPaye6d+WnTMQmpqCzh3oJxzrCk4pwl0mgmo8NIVQy81dMB0QSalpRRVOCOx95kTROK+5F5ez2vFQt53UU0CE6QifIRZeoim5QDdURRQ/oCb2gV+vRerberPfZ6JKV7xygP7A+vgHFK5/G</latexit>

~o outer
retina

<latexit sha1_base64="67X37bKlYeiFg18L46g+EN8R3RE=">AAACFXicbZDLSgMxFIYzXmu9VV26CRbBRSkzKuqy4MZlBXuBzlgy6Zk2NJMZkkyhDPMSbnwVNy4UcSu4821MpxW09YfAl/+cQ3J+P+ZMadv+spaWV1bX1gsbxc2t7Z3d0t5+U0WJpNCgEY9k2ycKOBPQ0ExzaMcSSOhzaPnD60m9NQKpWCTu9DgGLyR9wQJGiTZWt1RxR0BTV4Y4yu5Tt5IjEwJklnV/7hI0E8QYpbJdtXPhRXBmUEYz1bulT7cX0SQEoSknSnUcO9ZeSqRmlENWdBMFMaFD0oeOQUFCUF6ab5XhY+P0cBBJc4TGuft7IiWhUuPQN50h0QM1X5uY/9U6iQ6uvJSJONEg6PShIOFYR3gSEe4xCVTzsQFCJTN/xXRAJKHaBFk0ITjzKy9C87TqXFTPbs/LtcosjgI6REfoBDnoEtXQDaqjBqLoAT2hF/RqPVrP1pv1Pm1dsmYzB+iPrI9vpr2fsw==</latexit>

~o inner
retina

<latexit sha1_base64="kvKwauHUVaFSHk4zdUeOz0+jF+0=">AAACHXicbVDLSgMxFM34rPVVdekmWAQXpcxoUXFVcOOygn1Ap5ZMetuGZpIhyRTKMD/ixl9x40IRF27EvzF9CNp6IHA4515uzgkizrRx3S9naXlldW09s5Hd3Nre2c3t7de0jBWFKpVcqkZANHAmoGqY4dCIFJAw4FAPBtdjvz4EpZkUd2YUQSskPcG6jBJjpXau5A+BJr4K8TC9T/zChMrYgLrqKRlHbS9N2z+6AsMEsUIu7xbdCfAi8WYkj2aotHMffkfSOARhKCdaNz03Mq2EKMMohzTrxxoiQgekB01LBQlBt5JJuhQfW6WDu1LZJwyeqL83EhJqPQoDOxkS09fz3lj8z2vGpnvZSpiIbFxBp4e6McdG4nFVuMMUUMNHlhCqmP0rpn2iCLXt6KwtwZuPvEhqp0XvvHh2W8qXC7M6MugQHaET5KELVEY3qIKqiKIH9IRe0Kvz6Dw7b877dHTJme0coD9wPr8BC6ujFA==</latexit>

~v outer:group1

retina

<latexit sha1_base64="gMwRs00oCGJClfZpU3aZSnfd0SU=">AAACHXicbZDLSsNAFIYnXmu9VV26GSyCi1ISLSquCm5cVrAXaGKYTE/boZNJmJkUSsiLuPFV3LhQxIUb8W2cXgRt/WHg5zvncOb8QcyZ0rb9ZS0tr6yurec28ptb2zu7hb39hooSSaFOIx7JVkAUcCagrpnm0IolkDDg0AwG1+N6cwhSsUjc6VEMXkh6gnUZJdogv1Bxh0BTV4Z4mN2nbmlimRAgr3oySmLfyTL/h0vQTBADCkW7bE+EF40zM0U0U80vfLidiCYhCE05Uart2LH2UiI1oxyyvJsoiAkdkB60jRUkBOWlk+syfGxIB3cjaZ7QeEJ/T6QkVGoUBqYzJLqv5mtj+F+tnejupZcyEScaBJ0u6iYc6wiPo8IdJoFqPjKGUMnMXzHtE0moNoHmTQjO/MmLpnFads7LZ7eVYrU0iyOHDtEROkEOukBVdINqqI4oekBP6AW9Wo/Ws/VmvU9bl6zZzAH6I+vzG+yWowE=</latexit>

~v inner:group1

retina

causal structure 6

<latexit sha1_base64="4py0DMmoZsM7oJoDoPRRsfTlG+w=">AAACHXicbZDNSgMxFIUz/lv/qi7dBIvgQsqMFhVXBTcuFawtdMYhk97WYCYZkkylDPMibnwVNy4UceFGfBvTOoK2HggcvnsvN/dECWfauO6nMzU9Mzs3v7BYWlpeWV0rr29caZkqCg0quVStiGjgTEDDMMOhlSggccShGd2eDuvNPijNpLg0gwSCmPQE6zJKjEVhueb3gWa+inE/v878vZHtKZkmoXdyJxXv5Hn4wxUYJogF5YpbdUfCk8YrTAUVOg/L735H0jQGYSgnWrc9NzFBRpRhlENe8lMNCaG3pAdtawWJQQfZ6Loc71jSwV2p7BMGj+jviYzEWg/iyHbGxNzo8doQ/ldrp6Z7HGRMJKkBQb8XdVOOjcTDqHCHKaCGD6whVDH7V0xviCLU2EBLNgRv/ORJc7Vf9Q6rBxe1Sn2viGMBbaFttIs8dITq6Aydowai6B49omf04jw4T86r8/bdOuUUM5voj5yPL/8Oow0=</latexit>

~v group1:world
retina

<latexit sha1_base64="IJrZUS/iOSn4oc//n7aVOq9ifOw=">AAACFnicbZDLSsNAFIYnXmu9VV26GSyCCy2JiroU3LisYC/QxDKZntbBySTMnAgl5Cnc+CpuXCjiVtz5Nk7bCN5+GPj5zjmcOX+YSGHQdT+cqemZ2bn50kJ5cWl5ZbWytt40cao5NHgsY90OmQEpFDRQoIR2ooFFoYRWeHM2qrduQRsRq0scJhBEbKBEX3CGFnUre/4t8MzXEY3zq8zfHVtkegCY590voAGFYhZUqm7NHYv+NV5hqqRQvVt593sxTyNQyCUzpuO5CQYZ0yi4hLzspwYSxm/YADrWKhaBCbLxWTndtqRH+7G2TyEd0+8TGYuMGUah7YwYXpvftRH8r9ZJsX8SZEIlKYLik0X9VFKM6Sgj2hMaOMqhNYxrYf9K+TXTjKNNsmxD8H6f/Nc092veUe3g4rB6ulvEUSKbZIvsEI8ck1NyTuqkQTi5Iw/kiTw7986j8+K8TlqnnGJmg/yQ8/YJf/egKA==</latexit>

~o target
retina

<latexit sha1_base64="lLN0JyZwaQ/oW1SZiBB6nNJMzNg=">AAACFXicbVDLSgMxFM34rPU16tJNsAguSplRUZcFNy4r2Ad0xpJJb9vQTGZIMoUyzE+48VfcuFDEreDOvzFtR9DWA4GTc+4lOSeIOVPacb6speWV1bX1wkZxc2t7Z9fe22+oKJEU6jTikWwFRAFnAuqaaQ6tWAIJAw7NYHg98ZsjkIpF4k6PY/BD0hesxyjRRurYZW8ENPVkiKPsPvXKM5pokFnW+blL0EwQI9glp+JMgReJm5MSylHr2J9eN6JJCEJTTpRqu06s/ZRIzSiHrOglCmJCh6QPbUMFCUH56TRVho+N0sW9SJojNJ6qvzdSEio1DgMzGRI9UPPeRPzPaye6d+WnTMQmpqCzh3oJxzrCk4pwl0mgmo8NIVQy81dMB0QSalpRRVOCOx95kTROK+5F5ez2vFQt53UU0CE6QifIRZeoim5QDdURRQ/oCb2gV+vRerberPfZ6JKV7xygP7A+vgHFK5/G</latexit>

~o outer
retina

<latexit sha1_base64="67X37bKlYeiFg18L46g+EN8R3RE=">AAACFXicbZDLSgMxFIYzXmu9VV26CRbBRSkzKuqy4MZlBXuBzlgy6Zk2NJMZkkyhDPMSbnwVNy4UcSu4821MpxW09YfAl/+cQ3J+P+ZMadv+spaWV1bX1gsbxc2t7Z3d0t5+U0WJpNCgEY9k2ycKOBPQ0ExzaMcSSOhzaPnD60m9NQKpWCTu9DgGLyR9wQJGiTZWt1RxR0BTV4Y4yu5Tt5IjEwJklnV/7hI0E8QYpbJdtXPhRXBmUEYz1bulT7cX0SQEoSknSnUcO9ZeSqRmlENWdBMFMaFD0oeOQUFCUF6ab5XhY+P0cBBJc4TGuft7IiWhUuPQN50h0QM1X5uY/9U6iQ6uvJSJONEg6PShIOFYR3gSEe4xCVTzsQFCJTN/xXRAJKHaBFk0ITjzKy9C87TqXFTPbs/LtcosjgI6REfoBDnoEtXQDaqjBqLoAT2hF/RqPVrP1pv1Pm1dsmYzB+iPrI9vpr2fsw==</latexit>

~o inner
retina

<latexit sha1_base64="kvKwauHUVaFSHk4zdUeOz0+jF+0=">AAACHXicbVDLSgMxFM34rPVVdekmWAQXpcxoUXFVcOOygn1Ap5ZMetuGZpIhyRTKMD/ixl9x40IRF27EvzF9CNp6IHA4515uzgkizrRx3S9naXlldW09s5Hd3Nre2c3t7de0jBWFKpVcqkZANHAmoGqY4dCIFJAw4FAPBtdjvz4EpZkUd2YUQSskPcG6jBJjpXau5A+BJr4K8TC9T/zChMrYgLrqKRlHbS9N2z+6AsMEsUIu7xbdCfAi8WYkj2aotHMffkfSOARhKCdaNz03Mq2EKMMohzTrxxoiQgekB01LBQlBt5JJuhQfW6WDu1LZJwyeqL83EhJqPQoDOxkS09fz3lj8z2vGpnvZSpiIbFxBp4e6McdG4nFVuMMUUMNHlhCqmP0rpn2iCLXt6KwtwZuPvEhqp0XvvHh2W8qXC7M6MugQHaET5KELVEY3qIKqiKIH9IRe0Kvz6Dw7b877dHTJme0coD9wPr8BC6ujFA==</latexit>

~v outer:group1

retina

<latexit sha1_base64="9UMbjaq4zifL7dcvjvwdxc0xkwM=">AAACG3icbZDLSgMxFIYz9VbrrerSTbAILkqZqaLiquDGZQV7gU4tmfS0Dc1khiRTKcO8hxtfxY0LRVwJLnwb02kFbf0h8POdczg5vxdyprRtf1mZpeWV1bXsem5jc2t7J7+7V1dBJCnUaMAD2fSIAs4E1DTTHJqhBOJ7HBre8GpSb4xAKhaIWz0Ooe2TvmA9Rok2qJMvuyOgsSt9PEruYreYWiYEyMv7QPJuknR+qATNBDEgX7BLdiq8aJyZKaCZqp38h9sNaOSD0JQTpVqOHep2TKRmlEOScyMFIaFD0oeWsYL4oNpxeluCjwzp4l4gzRMap/T3REx8pca+Zzp9ogdqvjaB/9Vake5dtGMmwkiDoNNFvYhjHeBJULjLJFDNx8YQKpn5K6YDIgnVJs6cCcGZP3nR1Msl56x0cnNaqBRncWTRATpEx8hB56iCrlEV1RBFD+gJvaBX69F6tt6s92lrxprN7KM/sj6/AZxzolg=</latexit>

~v inner:world
retina

causal structure 4

A

C

<latexit sha1_base64="mRu6ggxvxJfnXJP71v7DcO3uMTI=">AAAB7XicbVBNS8NAEJ34WetX1aOXYBE8lURFPRa8eKxgP6ANZbOdtGs3u3F3Uyih/8GLB0W8+n+8+W/ctjlo64OBx3szzMwLE8608bxvZ2V1bX1js7BV3N7Z3dsvHRw2tEwVxTqVXKpWSDRyJrBumOHYShSSOOTYDIe3U785QqWZFA9mnGAQk75gEaPEWKnRwaeUjbqlslfxZnCXiZ+TMuSodUtfnZ6kaYzCUE60bvteYoKMKMMox0mxk2pMCB2SPrYtFSRGHWSzayfuqVV6biSVLWHcmfp7IiOx1uM4tJ0xMQO96E3F/7x2aqKbIGMiSQ0KOl8Updw10p2+7vaYQmr42BJCFbO3unRAFKHGBlS0IfiLLy+TxnnFv6pc3F+Wq14eRwGO4QTOwIdrqMId1KAOFB7hGV7hzZHOi/PufMxbV5x85gj+wPn8Ab9tjzI=</latexit>⌘
<latexit sha1_base64="io3zW4Wtn1kXKEkkW0movTnQNjo=">AAACD3icbVC7SgNBFJ2Nrxhfq5Y2g0GxkLCromIVsLGMYB6QjWF2cjcZM/tgZjYQlv0DG3/FxkIRW1s7/8bJZgtNPDBwOOde7pzjRpxJZVnfRmFhcWl5pbhaWlvf2Nwyt3caMowFhToNeShaLpHAWQB1xRSHViSA+C6Hpju8nvjNEQjJwuBOjSPo+KQfMI9RorTUNQ+dEdDEET4epfeJc5zR0H0Aqq4EeCAgoJCmXbNsVawMeJ7YOSmjHLWu+eX0Qhr7ECjKiZRt24pUJyFCMcohLTmxhIjQIelDW9OA+CA7SZYnxQda6WEvFPoFCmfq742E+FKOfVdP+kQN5Kw3Ef/z2rHyLjsJC6JY6VzTQ17MsQrxpBzcY0IH52NNCBVM/xXTARGEKl1hSZdgz0aeJ42Tin1eOb09K1etvI4i2kP76AjZ6AJV0Q2qoTqi6BE9o1f0ZjwZL8a78TEdLRj5zi76A+PzB76knRE=</latexit>

~v object:reference

<latexit sha1_base64="qXTvjIB2JyNtk4wHwWr21ZxydSA=">AAACCHicbVDLSsNAFJ34rPUVdenCwSK4KCVRUZcFNy4r2Ac0sUymN+3QyYOZSaGELN34K25cKOLWT3Dn3zhNs9DWAwOHc+7lzjlezJlUlvVtLC2vrK6tlzbKm1vbO7vm3n5LRomg0KQRj0THIxI4C6GpmOLQiQWQwOPQ9kY3U789BiFZFN6rSQxuQAYh8xklSks988gZA00dEeBx9pA61ZwK8EFASCHLembFqlk58CKxC1JBBRo988vpRzQJIFSUEym7thUrNyVCMcohKzuJhJjQERlAV9OQBCDdNA+S4ROt9LEfCf1ChXP190ZKAikngacnA6KGct6biv953UT5127KwjhROtfskJ9wrCI8bQX3mQCq+EQTQgXTf8V0SAShSndX1iXY85EXSeusZl/Wzu8uKvVqUUcJHaJjdIpsdIXq6BY1UBNR9Iie0St6M56MF+Pd+JiNLhnFzgH6A+PzB0iYmhY=</latexit>

~v reference

<latexit sha1_base64="rTjEafGYx7NxoA3S+thXBsAKIZA=">AAACBXicbVC7TsMwFHXKq5RXgBEGiwqJoaoSQMBYiYWxSPQhNaFyXKc1tePIdipVURYWfoWFAYRY+Qc2/gY37QAtR7J0dM69uj4niBlV2nG+rcLS8srqWnG9tLG5tb1j7+41lUgkJg0smJDtACnCaEQammpG2rEkiAeMtILh9cRvjYhUVER3ehwTn6N+REOKkTZS1z70RgSnnuRwlN2nXiWnInggWGdZ1y47VScHXCTujJTBDPWu/eX1BE44iTRmSKmO68TaT5HUFDOSlbxEkRjhIeqTjqER4kT5aZ4ig8dG6cFQSPMiDXP190aKuFJjHphJjvRAzXsT8T+vk+jwyk9pFCeaRHh6KEwY1AJOKoE9Kk1cNjYEYUnNXyEeIImwNsWVTAnufORF0jytuhfVs9vzcq0yq6MIDsAROAEuuAQ1cAPqoAEweATP4BW8WU/Wi/VufUxHC9ZsZx/8gfX5A93UmMA=</latexit>

~v object
<latexit sha1_base64="acIJb+IY2AJaml9ZFrAd7krVjfY=">AAACGHicbVBNSwMxFMzWr1q/Vj16CRbBQ6m7Kuqx4MVjBVsL3Vqy6Wsbm+wuSbZQlv0ZXvwrXjwo4rU3/43ptoK2DgSGmXm8vPEjzpR2nC8rt7S8srqWXy9sbG5t79i7e3UVxpJCjYY8lA2fKOAsgJpmmkMjkkCEz+HeH1xP/PshSMXC4E6PImgJ0gtYl1GijdS2T7wh0MSTAg/Th8QrZTT0H4HqNG3/CBK4yQ/BSHbRKTsZ8CJxZ6SIZqi27bHXCWksINCUE6WarhPpVkKkZpRDWvBiBRGhA9KDpqEBEaBaSXZYio+M0sHdUJoXaJypvycSIpQaCd8kBdF9Ne9NxP+8Zqy7V62EBVGsIaDTRd2YYx3iSUu4w6RpgI8MIVQy81dM+0QSqk2XBVOCO3/yIqmflt2L8tntebFSmtWRRwfoEB0jF12iCrpBVVRDFD2hF/SG3q1n69X6sD6n0Zw1m9lHf2CNvwEpLaEM</latexit>

~v object
relative

modular graphical model notationB

<latexit sha1_base64="bGQl/B0UsPjO+dmrCNdVVe7J8uk=">AAACGHicbVDLSgMxFM3UV62vqks3wSK4KHVGRV0W3LisYB/QGUsmvW1DM5khyRTKMJ/hxl9x40IRt935N6btCNp6IHByzr03ucePOFPatr+s3Mrq2vpGfrOwtb2zu1fcP2ioMJYU6jTkoWz5RAFnAuqaaQ6tSAIJfA5Nf3g79ZsjkIqF4kGPI/AC0hesxyjRRuoUz9wR0MSVAXZFnD4mbnl2oSA0yDTt/AgSNBPECMWSXbFnwMvEyUgJZah1ihO3G9I4MAMpJ0q1HTvSXkKkZpRDWnBjBRGhQ9KHtqGCBKC8ZLZYik+M0sW9UJojNJ6pvzsSEig1DnxTGRA9UIveVPzPa8e6d+MlTESxBkHnD/VijnWIpynhLpNANR8bQqhk5q+YDogk1KSiCiYEZ3HlZdI4rzhXlYv7y1K1nMWRR0foGJ0iB12jKrpDNVRHFD2hF/SG3q1n69X6sD7npTkr6zlEf2BNvgEgwqEG</latexit>

~⌫ center
retina

<latexit sha1_base64="O62K72+wBndwFE/lKxiPbLpmEII=">AAACIHicbVDLSgMxFM34rPVVdekmWAQXpcyoWHFVcOOygn1AZyyZ9E4bmskMSaZQhvkUN/6KGxeK6E6/xvQhaOuFwMk599zkHj/mTGnb/rSWlldW19ZzG/nNre2d3cLefkNFiaRQpxGPZMsnCjgTUNdMc2jFEkjoc2j6g+ux3hyCVCwSd3oUgxeSnmABo0QbqlOouEOgqStD7Ioku0/d0uRCQWiQV0wIkFnW+aElcOMbgqEKRbtsTwovAmcGimhWtU7hw+1GNAnNYMqJUm3HjrWXEqkZ5ZDl3URBTOiA9KBtoCAhKC+dLJjhY8N0cRBJc4TGE/a3IyWhUqPQN50h0X01r43J/7R2ooNLL2UiTjQIOn0oSDjWER6nhbtMAtV8ZAChkpm/YtonklCTjsqbEJz5lRdB47TsXJTPbs+L1dIsjhw6REfoBDmogqroBtVQHVH0gJ7QC3q1Hq1n6816n7YuWTPPAfpT1tc3vHOkhQ==</latexit>

~⌫ center:inner
relative

<latexit sha1_base64="zB5nHWPtLGBUXhbym5X9LKRS7Zw=">AAACIHicbVDLSgMxFM34rPVVdekmWAQXpcyoWHFVcOOygn1AZyyZ9E4bmskMSaZQhvkUN/6KGxeK6E6/xvQhaOuFhJNz70lyjh9zprRtf1pLyyura+u5jfzm1vbObmFvv6GiRFKo04hHsuUTBZwJqGumObRiCST0OTT9wfW43xyCVCwSd3oUgxeSnmABo0QbqlOouEOgqStD7Ioku0/d0uRAQWiQV1Fi9izr/NASuNENwVCFol22J4UXgTMDRTSrWqfw4XYjmoTmYsqJUm3HjrWXEqkZ5ZDl3URBTOiA9KBtoCAhKC+dGMzwsWG6OIikWULjCftbkZJQqVHom8mQ6L6a743J/3rtRAeXXspEbIwKOn0oSDjWER6nhbtMAtV8ZAChkpm/YtonklCTi8qbEJx5y4ugcVp2Lspnt+fFamkWRw4doiN0ghxUQVV0g2qojih6QE/oBb1aj9az9Wa9T0eXrJnmAP0p6+sb2wekmA==</latexit>

~⌫ center:outer
relative

<latexit sha1_base64="Lu5ytJ3q3K/kSo4rWYpiAft56Eo=">AAACHHicbZDLSgMxFIYz9VbrrerSTbAILkqZsaLiquDGZQV7gU4tmfS0Dc1khiRTKcM8iBtfxY0LRdy4EHwb03YEbf0h8PGfc5Kc3ws5U9q2v6zM0vLK6lp2PbexubW9k9/dq6sgkhRqNOCBbHpEAWcCapppDs1QAvE9Dg1veDWpN0YgFQvErR6H0PZJX7Aeo0Qbq5MvuyOgsSt9PEruYrc4RQpCg7y8DyTvJknnx5agmSDGyBfskj0VXgQnhQJKVe3kP9xuQCPfXEs5Uarl2KFux0RqRjkkOTdSEBI6JH1oGRTEB9WOp8sl+Mg4XdwLpDlC46n7eyImvlJj3zOdPtEDNV+bmP/VWpHuXbRjJsJIg6Czh3oRxzrAk6Rwl0mgmo8NECqZ+SumAyIJNdmonAnBmV95EeonJeesVL45LVSKaRxZdIAO0TFy0DmqoGtURTVE0QN6Qi/o1Xq0nq03633WmrHSmX30R9bnN25dosc=</latexit>

~v center:world
retina

<latexit sha1_base64="2PeHugHjJ/jN4Pr9EMcTEFUXVnU=">AAACHnicbZDLSgMxFIYzXmu9VV26CRbBRSkz3nFVcOOygr1AZxwy6WkbmskMSaZQhnkSN76KGxeKCK70bUwvgrYeCHz8/zlJzh/EnClt21/WwuLS8spqbi2/vrG5tV3Y2a2rKJEUajTikWwGRAFnAmqaaQ7NWAIJAw6NoH898hsDkIpF4k4PY/BC0hWswyjRRvILZ+4AaOrKEA+y+9QtjZGC0CCvujJKYt/JMv/HkKCZIEYoFO2yPS48D84UimhaVb/w4bYjmoTmYsqJUi3HjrWXEqkZ5ZDl3URBTGifdKFlUJAQlJeO18vwoVHauBNJc4TGY/X3REpCpYZhYDpDontq1huJ/3mtRHcuvZSJONEg6OShTsKxjvAoK9xmEqjmQwOESmb+immPSEJNOipvQnBmV56H+nHZOS+f3J4WK6VpHDm0jw7QEXLQBaqgG1RFNUTRA3pCL+jVerSerTfrfdK6YE1n9tCfsj6/Ab9Oo3A=</latexit>

~v center:group1

retina

<latexit sha1_base64="2PeHugHjJ/jN4Pr9EMcTEFUXVnU=">AAACHnicbZDLSgMxFIYzXmu9VV26CRbBRSkz3nFVcOOygr1AZxwy6WkbmskMSaZQhnkSN76KGxeKCK70bUwvgrYeCHz8/zlJzh/EnClt21/WwuLS8spqbi2/vrG5tV3Y2a2rKJEUajTikWwGRAFnAmqaaQ7NWAIJAw6NoH898hsDkIpF4k4PY/BC0hWswyjRRvILZ+4AaOrKEA+y+9QtjZGC0CCvujJKYt/JMv/HkKCZIEYoFO2yPS48D84UimhaVb/w4bYjmoTmYsqJUi3HjrWXEqkZ5ZDl3URBTGifdKFlUJAQlJeO18vwoVHauBNJc4TGY/X3REpCpYZhYDpDontq1huJ/3mtRHcuvZSJONEg6OShTsKxjvAoK9xmEqjmQwOESmb+immPSEJNOipvQnBmV56H+nHZOS+f3J4WK6VpHDm0jw7QEXLQBaqgG1RFNUTRA3pCL+jVerSerTfrfdK6YE1n9tCfsj6/Ab9Oo3A=</latexit>

~v center:group1

retina

<latexit sha1_base64="Lu5ytJ3q3K/kSo4rWYpiAft56Eo=">AAACHHicbZDLSgMxFIYz9VbrrerSTbAILkqZsaLiquDGZQV7gU4tmfS0Dc1khiRTKcM8iBtfxY0LRdy4EHwb03YEbf0h8PGfc5Kc3ws5U9q2v6zM0vLK6lp2PbexubW9k9/dq6sgkhRqNOCBbHpEAWcCapppDs1QAvE9Dg1veDWpN0YgFQvErR6H0PZJX7Aeo0Qbq5MvuyOgsSt9PEruYrc4RQpCg7y8DyTvJknnx5agmSDGyBfskj0VXgQnhQJKVe3kP9xuQCPfXEs5Uarl2KFux0RqRjkkOTdSEBI6JH1oGRTEB9WOp8sl+Mg4XdwLpDlC46n7eyImvlJj3zOdPtEDNV+bmP/VWpHuXbRjJsJIg6Czh3oRxzrAk6Rwl0mgmo8NECqZ+SumAyIJNdmonAnBmV95EeonJeesVL45LVSKaRxZdIAO0TFy0DmqoGtURTVE0QN6Qi/o1Xq0nq03633WmrHSmX30R9bnN25dosc=</latexit>

~v center:world
retina

<latexit sha1_base64="gMwRs00oCGJClfZpU3aZSnfd0SU=">AAACHXicbZDLSsNAFIYnXmu9VV26GSyCi1ISLSquCm5cVrAXaGKYTE/boZNJmJkUSsiLuPFV3LhQxIUb8W2cXgRt/WHg5zvncOb8QcyZ0rb9ZS0tr6yurec28ptb2zu7hb39hooSSaFOIx7JVkAUcCagrpnm0IolkDDg0AwG1+N6cwhSsUjc6VEMXkh6gnUZJdogv1Bxh0BTV4Z4mN2nbmlimRAgr3oySmLfyTL/h0vQTBADCkW7bE+EF40zM0U0U80vfLidiCYhCE05Uart2LH2UiI1oxyyvJsoiAkdkB60jRUkBOWlk+syfGxIB3cjaZ7QeEJ/T6QkVGoUBqYzJLqv5mtj+F+tnejupZcyEScaBJ0u6iYc6wiPo8IdJoFqPjKGUMnMXzHtE0moNoHmTQjO/MmLpnFads7LZ7eVYrU0iyOHDtEROkEOukBVdINqqI4oekBP6AW9Wo/Ws/VmvU9bl6zZzAH6I+vzG+yWowE=</latexit>

~v inner:group1

retina

<latexit sha1_base64="IJrZUS/iOSn4oc//n7aVOq9ifOw=">AAACFnicbZDLSsNAFIYnXmu9VV26GSyCCy2JiroU3LisYC/QxDKZntbBySTMnAgl5Cnc+CpuXCjiVtz5Nk7bCN5+GPj5zjmcOX+YSGHQdT+cqemZ2bn50kJ5cWl5ZbWytt40cao5NHgsY90OmQEpFDRQoIR2ooFFoYRWeHM2qrduQRsRq0scJhBEbKBEX3CGFnUre/4t8MzXEY3zq8zfHVtkegCY590voAGFYhZUqm7NHYv+NV5hqqRQvVt593sxTyNQyCUzpuO5CQYZ0yi4hLzspwYSxm/YADrWKhaBCbLxWTndtqRH+7G2TyEd0+8TGYuMGUah7YwYXpvftRH8r9ZJsX8SZEIlKYLik0X9VFKM6Sgj2hMaOMqhNYxrYf9K+TXTjKNNsmxD8H6f/Nc092veUe3g4rB6ulvEUSKbZIvsEI8ck1NyTuqkQTi5Iw/kiTw7986j8+K8TlqnnGJmg/yQ8/YJf/egKA==</latexit>

~o target
retina

<latexit sha1_base64="lLN0JyZwaQ/oW1SZiBB6nNJMzNg=">AAACFXicbVDLSgMxFM34rPU16tJNsAguSplRUZcFNy4r2Ad0xpJJb9vQTGZIMoUyzE+48VfcuFDEreDOvzFtR9DWA4GTc+4lOSeIOVPacb6speWV1bX1wkZxc2t7Z9fe22+oKJEU6jTikWwFRAFnAuqaaQ6tWAIJAw7NYHg98ZsjkIpF4k6PY/BD0hesxyjRRurYZW8ENPVkiKPsPvXKM5pokFnW+blL0EwQI9glp+JMgReJm5MSylHr2J9eN6JJCEJTTpRqu06s/ZRIzSiHrOglCmJCh6QPbUMFCUH56TRVho+N0sW9SJojNJ6qvzdSEio1DgMzGRI9UPPeRPzPaye6d+WnTMQmpqCzh3oJxzrCk4pwl0mgmo8NIVQy81dMB0QSalpRRVOCOx95kTROK+5F5ez2vFQt53UU0CE6QifIRZeoim5QDdURRQ/oCb2gV+vRerberPfZ6JKV7xygP7A+vgHFK5/G</latexit>

~o outer
retina

<latexit sha1_base64="67X37bKlYeiFg18L46g+EN8R3RE=">AAACFXicbZDLSgMxFIYzXmu9VV26CRbBRSkzKuqy4MZlBXuBzlgy6Zk2NJMZkkyhDPMSbnwVNy4UcSu4821MpxW09YfAl/+cQ3J+P+ZMadv+spaWV1bX1gsbxc2t7Z3d0t5+U0WJpNCgEY9k2ycKOBPQ0ExzaMcSSOhzaPnD60m9NQKpWCTu9DgGLyR9wQJGiTZWt1RxR0BTV4Y4yu5Tt5IjEwJklnV/7hI0E8QYpbJdtXPhRXBmUEYz1bulT7cX0SQEoSknSnUcO9ZeSqRmlENWdBMFMaFD0oeOQUFCUF6ab5XhY+P0cBBJc4TGuft7IiWhUuPQN50h0QM1X5uY/9U6iQ6uvJSJONEg6PShIOFYR3gSEe4xCVTzsQFCJTN/xXRAJKHaBFk0ITjzKy9C87TqXFTPbs/LtcosjgI6REfoBDnoEtXQDaqjBqLoAT2hF/RqPVrP1pv1Pm1dsmYzB+iPrI9vpr2fsw==</latexit>

~o inner
retina

<latexit sha1_base64="wGL6cCKiIEsrjaA1JHb2asjPMUk=">AAACInicbZDLSgMxFIYz9VbrrerSTbAILkqZqeJtVXDjsoK9QKeWTHrahmYyQ5IplGGexY2v4saFoq4EH8Z0WkFbDwS+/P85JOf3Qs6Utu1PK7O0vLK6ll3PbWxube/kd/fqKogkhRoNeCCbHlHAmYCaZppDM5RAfI9DwxteT/zGCKRigbjT4xDaPukL1mOUaCN18pfuCGjsSh+PkvvYLabYl0EUdspXKgpBppck6fyYEjQTxAj5gl2y08KL4MyggGZV7eTf3W5AIx+Eppwo1XLsULdjIjWjHJKcGykICR2SPrQMCuKDasfpigk+MkoX9wJpjtA4VX9PxMRXaux7ptMneqDmvYn4n9eKdO+iHTMRRhoEnT7UizjWAZ7khbtMAtV8bIBQycxfMR0QSag2qeZMCM78yotQL5ecs9LJ7WmhUpzFkUUH6BAdIwedowq6QVVUQxQ9oCf0gl6tR+vZerM+pq0Zazazj/6U9fUNgMSldA==</latexit>

~v group2:supergroup
retina

<latexit sha1_base64="yG5hmpreSIxKJPuQeXQ8z/WtTzw=">AAACInicbZDLSgMxFIYzXmu9jbp0EyyCi1JmVLytCm5cVrAX6NSSSU/b0ExmSDKFMsyzuPFV3LhQ1JXgw5hOK2jrgcCX/z+H5Px+xJnSjvNpLSwuLa+s5tby6xubW9v2zm5NhbGkUKUhD2XDJwo4E1DVTHNoRBJI4HOo+4PrsV8fglQsFHd6FEErID3BuowSbaS2fekNgSaeDPAwvU+8YoY9GcZR271ScQQyu6Rp+8eUoJkgRrALTsnJCs+DO4UCmlalbb97nZDGAQhNOVGq6TqRbiVEakY5pHkvVhAROiA9aBoUJADVSrIVU3xolA7uhtIcoXGm/p5ISKDUKPBNZ0B0X816Y/E/rxnr7kUrYSKKNQg6eagbc6xDPM4Ld5gEqvnIAKGSmb9i2ieSUG1SzZsQ3NmV56F2XHLPSie3p4VycRpHDu2jA3SEXHSOyugGVVAVUfSAntALerUerWfrzfqYtC5Y05k99Kesr29/IqVz</latexit>

~v group1:supergroup
retina

<latexit sha1_base64="5a7GkovQBLuv29tjvATBT5ZIjHA=">AAACIHicbZDLSgMxFIYz9VbrrerSTbAILkqZUVFxJbhxWcFeoFNLJj1tQzPJkGQqZZhHceOruHGhiO70aUwvgrYeCHz8/zmcnD+IONPGdT+dzMLi0vJKdjW3tr6xuZXf3qlqGSsKFSq5VPWAaOBMQMUww6EeKSBhwKEW9K9Gfm0ASjMpbs0wgmZIuoJ1GCXGSq38mT8AmvgqxIP0LvGLY9RxBKqrZBxd3EvF22na+rEUGCaIFfIFt+SOC8+DN4UCmla5lf/w25LGIQhDOdG64bmRaSZEGUY5pDk/1hAR2iddaFgUJATdTMYHpvjAKm3ckco+YfBY/T2RkFDrYRjYzpCYnp71RuJ/XiM2nfNmwkQUGxB0sqgTc2wkHqWF20wBNXxogVDF7F8x7RFFqLGZ5mwI3uzJ81A9KnmnpeObk8JlcRpHFu2hfXSIPHSGLtE1KqMKougBPaEX9Oo8Os/Om/M+ac0405ld9Kecr28ufqTK</latexit>

~v supergroup:world
retina

<latexit sha1_base64="zQGdsY+FM/WeR/edAotTvtSULsM=">AAACHXicbVBNSwMxFMz6WetX1aOXYBE8lLKrRcVTwYtHBauF7rpk09cazCZLki2UZf+IF/+KFw+KePAi/hvTtYK2DgSGmfd4mYkSzrRx3U9nZnZufmGxtFReXlldW69sbF5pmSoKLSq5VO2IaOBMQMsww6GdKCBxxOE6ujsd+dcDUJpJcWmGCQQx6QvWY5QYK4WVhj8AmvkqxoP8JvNrBZWpAXXSVzJNwv08D390BYYJYoVK1a27BfA08cakisY4DyvvflfSNAZhKCdadzw3MUFGlGGUQ172Uw0JoXekDx1LBYlBB1mRLse7VuninlT2CYML9fdGRmKth3FkJ2NibvWkNxL/8zqp6R0HGROJjSvo96FeyrGReFQV7jIF1PChJYQqZv+K6S1RhNp2dNmW4E1GniZX+3XvsH5w0ag2a+M6Smgb7aA95KEj1ERn6By1EEX36BE9oxfnwXlyXp2379EZZ7yzhf7A+fgCDUKjFQ==</latexit>

~v outer:group2

retina

causal structure 3

<latexit sha1_base64="2PeHugHjJ/jN4Pr9EMcTEFUXVnU=">AAACHnicbZDLSgMxFIYzXmu9VV26CRbBRSkz3nFVcOOygr1AZxwy6WkbmskMSaZQhnkSN76KGxeKCK70bUwvgrYeCHz8/zlJzh/EnClt21/WwuLS8spqbi2/vrG5tV3Y2a2rKJEUajTikWwGRAFnAmqaaQ7NWAIJAw6NoH898hsDkIpF4k4PY/BC0hWswyjRRvILZ+4AaOrKEA+y+9QtjZGC0CCvujJKYt/JMv/HkKCZIEYoFO2yPS48D84UimhaVb/w4bYjmoTmYsqJUi3HjrWXEqkZ5ZDl3URBTGifdKFlUJAQlJeO18vwoVHauBNJc4TGY/X3REpCpYZhYDpDontq1huJ/3mtRHcuvZSJONEg6OShTsKxjvAoK9xmEqjmQwOESmb+immPSEJNOipvQnBmV56H+nHZOS+f3J4WK6VpHDm0jw7QEXLQBaqgG1RFNUTRA3pCL+jVerSerTfrfdK6YE1n9tCfsj6/Ab9Oo3A=</latexit>

~v center:group1

retina

<latexit sha1_base64="IJrZUS/iOSn4oc//n7aVOq9ifOw=">AAACFnicbZDLSsNAFIYnXmu9VV26GSyCCy2JiroU3LisYC/QxDKZntbBySTMnAgl5Cnc+CpuXCjiVtz5Nk7bCN5+GPj5zjmcOX+YSGHQdT+cqemZ2bn50kJ5cWl5ZbWytt40cao5NHgsY90OmQEpFDRQoIR2ooFFoYRWeHM2qrduQRsRq0scJhBEbKBEX3CGFnUre/4t8MzXEY3zq8zfHVtkegCY590voAGFYhZUqm7NHYv+NV5hqqRQvVt593sxTyNQyCUzpuO5CQYZ0yi4hLzspwYSxm/YADrWKhaBCbLxWTndtqRH+7G2TyEd0+8TGYuMGUah7YwYXpvftRH8r9ZJsX8SZEIlKYLik0X9VFKM6Sgj2hMaOMqhNYxrYf9K+TXTjKNNsmxD8H6f/Nc092veUe3g4rB6ulvEUSKbZIvsEI8ck1NyTuqkQTi5Iw/kiTw7986j8+K8TlqnnGJmg/yQ8/YJf/egKA==</latexit>

~o target
retina

<latexit sha1_base64="lLN0JyZwaQ/oW1SZiBB6nNJMzNg=">AAACFXicbVDLSgMxFM34rPU16tJNsAguSplRUZcFNy4r2Ad0xpJJb9vQTGZIMoUyzE+48VfcuFDEreDOvzFtR9DWA4GTc+4lOSeIOVPacb6speWV1bX1wkZxc2t7Z9fe22+oKJEU6jTikWwFRAFnAuqaaQ6tWAIJAw7NYHg98ZsjkIpF4k6PY/BD0hesxyjRRurYZW8ENPVkiKPsPvXKM5pokFnW+blL0EwQI9glp+JMgReJm5MSylHr2J9eN6JJCEJTTpRqu06s/ZRIzSiHrOglCmJCh6QPbUMFCUH56TRVho+N0sW9SJojNJ6qvzdSEio1DgMzGRI9UPPeRPzPaye6d+WnTMQmpqCzh3oJxzrCk4pwl0mgmo8NIVQy81dMB0QSalpRRVOCOx95kTROK+5F5ez2vFQt53UU0CE6QifIRZeoim5QDdURRQ/oCb2gV+vRerberPfZ6JKV7xygP7A+vgHFK5/G</latexit>

~o outer
retina

<latexit sha1_base64="67X37bKlYeiFg18L46g+EN8R3RE=">AAACFXicbZDLSgMxFIYzXmu9VV26CRbBRSkzKuqy4MZlBXuBzlgy6Zk2NJMZkkyhDPMSbnwVNy4UcSu4821MpxW09YfAl/+cQ3J+P+ZMadv+spaWV1bX1gsbxc2t7Z3d0t5+U0WJpNCgEY9k2ycKOBPQ0ExzaMcSSOhzaPnD60m9NQKpWCTu9DgGLyR9wQJGiTZWt1RxR0BTV4Y4yu5Tt5IjEwJklnV/7hI0E8QYpbJdtXPhRXBmUEYz1bulT7cX0SQEoSknSnUcO9ZeSqRmlENWdBMFMaFD0oeOQUFCUF6ab5XhY+P0cBBJc4TGuft7IiWhUuPQN50h0QM1X5uY/9U6iQ6uvJSJONEg6PShIOFYR3gSEe4xCVTzsQFCJTN/xXRAJKHaBFk0ITjzKy9C87TqXFTPbs/LtcosjgI6REfoBDnoEtXQDaqjBqLoAT2hF/RqPVrP1pv1Pm1dsmYzB+iPrI9vpr2fsw==</latexit>

~o inner
retina

<latexit sha1_base64="wGL6cCKiIEsrjaA1JHb2asjPMUk=">AAACInicbZDLSgMxFIYz9VbrrerSTbAILkqZqeJtVXDjsoK9QKeWTHrahmYyQ5IplGGexY2v4saFoq4EH8Z0WkFbDwS+/P85JOf3Qs6Utu1PK7O0vLK6ll3PbWxube/kd/fqKogkhRoNeCCbHlHAmYCaZppDM5RAfI9DwxteT/zGCKRigbjT4xDaPukL1mOUaCN18pfuCGjsSh+PkvvYLabYl0EUdspXKgpBppck6fyYEjQTxAj5gl2y08KL4MyggGZV7eTf3W5AIx+Eppwo1XLsULdjIjWjHJKcGykICR2SPrQMCuKDasfpigk+MkoX9wJpjtA4VX9PxMRXaux7ptMneqDmvYn4n9eKdO+iHTMRRhoEnT7UizjWAZ7khbtMAtV8bIBQycxfMR0QSag2qeZMCM78yotQL5ecs9LJ7WmhUpzFkUUH6BAdIwedowq6QVVUQxQ9oCf0gl6tR+vZerM+pq0Zazazj/6U9fUNgMSldA==</latexit>

~v group2:supergroup
retina

<latexit sha1_base64="yG5hmpreSIxKJPuQeXQ8z/WtTzw=">AAACInicbZDLSgMxFIYzXmu9jbp0EyyCi1JmVLytCm5cVrAX6NSSSU/b0ExmSDKFMsyzuPFV3LhQ1JXgw5hOK2jrgcCX/z+H5Px+xJnSjvNpLSwuLa+s5tby6xubW9v2zm5NhbGkUKUhD2XDJwo4E1DVTHNoRBJI4HOo+4PrsV8fglQsFHd6FEErID3BuowSbaS2fekNgSaeDPAwvU+8YoY9GcZR271ScQQyu6Rp+8eUoJkgRrALTsnJCs+DO4UCmlalbb97nZDGAQhNOVGq6TqRbiVEakY5pHkvVhAROiA9aBoUJADVSrIVU3xolA7uhtIcoXGm/p5ISKDUKPBNZ0B0X816Y/E/rxnr7kUrYSKKNQg6eagbc6xDPM4Ld5gEqvnIAKGSmb9i2ieSUG1SzZsQ3NmV56F2XHLPSie3p4VycRpHDu2jA3SEXHSOyugGVVAVUfSAntALerUerWfrzfqYtC5Y05k99Kesr29/IqVz</latexit>

~v group1:supergroup
retina

<latexit sha1_base64="5a7GkovQBLuv29tjvATBT5ZIjHA=">AAACIHicbZDLSgMxFIYz9VbrrerSTbAILkqZUVFxJbhxWcFeoFNLJj1tQzPJkGQqZZhHceOruHGhiO70aUwvgrYeCHz8/zmcnD+IONPGdT+dzMLi0vJKdjW3tr6xuZXf3qlqGSsKFSq5VPWAaOBMQMUww6EeKSBhwKEW9K9Gfm0ASjMpbs0wgmZIuoJ1GCXGSq38mT8AmvgqxIP0LvGLY9RxBKqrZBxd3EvF22na+rEUGCaIFfIFt+SOC8+DN4UCmla5lf/w25LGIQhDOdG64bmRaSZEGUY5pDk/1hAR2iddaFgUJATdTMYHpvjAKm3ckco+YfBY/T2RkFDrYRjYzpCYnp71RuJ/XiM2nfNmwkQUGxB0sqgTc2wkHqWF20wBNXxogVDF7F8x7RFFqLGZ5mwI3uzJ81A9KnmnpeObk8JlcRpHFu2hfXSIPHSGLtE1KqMKougBPaEX9Oo8Os/Om/M+ac0405ld9Kecr28ufqTK</latexit>

~v supergroup:world
retina

<latexit sha1_base64="kvKwauHUVaFSHk4zdUeOz0+jF+0=">AAACHXicbVDLSgMxFM34rPVVdekmWAQXpcxoUXFVcOOygn1Ap5ZMetuGZpIhyRTKMD/ixl9x40IRF27EvzF9CNp6IHA4515uzgkizrRx3S9naXlldW09s5Hd3Nre2c3t7de0jBWFKpVcqkZANHAmoGqY4dCIFJAw4FAPBtdjvz4EpZkUd2YUQSskPcG6jBJjpXau5A+BJr4K8TC9T/zChMrYgLrqKRlHbS9N2z+6AsMEsUIu7xbdCfAi8WYkj2aotHMffkfSOARhKCdaNz03Mq2EKMMohzTrxxoiQgekB01LBQlBt5JJuhQfW6WDu1LZJwyeqL83EhJqPQoDOxkS09fz3lj8z2vGpnvZSpiIbFxBp4e6McdG4nFVuMMUUMNHlhCqmP0rpn2iCLXt6KwtwZuPvEhqp0XvvHh2W8qXC7M6MugQHaET5KELVEY3qIKqiKIH9IRe0Kvz6Dw7b877dHTJme0coD9wPr8BC6ujFA==</latexit>

~v outer:group1

retina

<latexit sha1_base64="8//9ijYNVyunlJZES+kpNTQw8FM=">AAACHXicbZDLSgMxFIYz9VbrrerSTbAILkqZqUXFVcGNywr2Ap1aMulpG5rJDEmmUIZ5ETe+ihsXirhwI76N6bSCtv4Q+PnOOZyc3ws5U9q2v6zMyura+kZ2M7e1vbO7l98/aKggkhTqNOCBbHlEAWcC6pppDq1QAvE9Dk1vdD2tN8cgFQvEnZ6E0PHJQLA+o0Qb1M1X3DHQ2JU+Hif3sVtMLRMC5NVABlHYLSdJ94dL0EwQA/IFu2SnwsvGmZsCmqvWzX+4vYBGPghNOVGq7dih7sREakY5JDk3UhASOiIDaBsriA+qE6fXJfjEkB7uB9I8oXFKf0/ExFdq4num0yd6qBZrU/hfrR3p/mUnZiKMNAg6W9SPONYBnkaFe0wC1XxiDKGSmb9iOiSSUG0CzZkQnMWTl02jXHLOS2e3lUK1OI8ji47QMTpFDrpAVXSDaqiOKHpAT+gFvVqP1rP1Zr3PWjPWfOYQ/ZH1+Q3uLaMC</latexit>

~v inner:group2

retina

causal structure 5

<latexit sha1_base64="2PeHugHjJ/jN4Pr9EMcTEFUXVnU=">AAACHnicbZDLSgMxFIYzXmu9VV26CRbBRSkz3nFVcOOygr1AZxwy6WkbmskMSaZQhnkSN76KGxeKCK70bUwvgrYeCHz8/zlJzh/EnClt21/WwuLS8spqbi2/vrG5tV3Y2a2rKJEUajTikWwGRAFnAmqaaQ7NWAIJAw6NoH898hsDkIpF4k4PY/BC0hWswyjRRvILZ+4AaOrKEA+y+9QtjZGC0CCvujJKYt/JMv/HkKCZIEYoFO2yPS48D84UimhaVb/w4bYjmoTmYsqJUi3HjrWXEqkZ5ZDl3URBTGifdKFlUJAQlJeO18vwoVHauBNJc4TGY/X3REpCpYZhYDpDontq1huJ/3mtRHcuvZSJONEg6OShTsKxjvAoK9xmEqjmQwOESmb+immPSEJNOipvQnBmV56H+nHZOS+f3J4WK6VpHDm0jw7QEXLQBaqgG1RFNUTRA3pCL+jVerSerTfrfdK6YE1n9tCfsj6/Ab9Oo3A=</latexit>

~v center:group1

retina

<latexit sha1_base64="IJrZUS/iOSn4oc//n7aVOq9ifOw=">AAACFnicbZDLSsNAFIYnXmu9VV26GSyCCy2JiroU3LisYC/QxDKZntbBySTMnAgl5Cnc+CpuXCjiVtz5Nk7bCN5+GPj5zjmcOX+YSGHQdT+cqemZ2bn50kJ5cWl5ZbWytt40cao5NHgsY90OmQEpFDRQoIR2ooFFoYRWeHM2qrduQRsRq0scJhBEbKBEX3CGFnUre/4t8MzXEY3zq8zfHVtkegCY590voAGFYhZUqm7NHYv+NV5hqqRQvVt593sxTyNQyCUzpuO5CQYZ0yi4hLzspwYSxm/YADrWKhaBCbLxWTndtqRH+7G2TyEd0+8TGYuMGUah7YwYXpvftRH8r9ZJsX8SZEIlKYLik0X9VFKM6Sgj2hMaOMqhNYxrYf9K+TXTjKNNsmxD8H6f/Nc092veUe3g4rB6ulvEUSKbZIvsEI8ck1NyTuqkQTi5Iw/kiTw7986j8+K8TlqnnGJmg/yQ8/YJf/egKA==</latexit>

~o target
retina

<latexit sha1_base64="lLN0JyZwaQ/oW1SZiBB6nNJMzNg=">AAACFXicbVDLSgMxFM34rPU16tJNsAguSplRUZcFNy4r2Ad0xpJJb9vQTGZIMoUyzE+48VfcuFDEreDOvzFtR9DWA4GTc+4lOSeIOVPacb6speWV1bX1wkZxc2t7Z9fe22+oKJEU6jTikWwFRAFnAuqaaQ6tWAIJAw7NYHg98ZsjkIpF4k6PY/BD0hesxyjRRurYZW8ENPVkiKPsPvXKM5pokFnW+blL0EwQI9glp+JMgReJm5MSylHr2J9eN6JJCEJTTpRqu06s/ZRIzSiHrOglCmJCh6QPbUMFCUH56TRVho+N0sW9SJojNJ6qvzdSEio1DgMzGRI9UPPeRPzPaye6d+WnTMQmpqCzh3oJxzrCk4pwl0mgmo8NIVQy81dMB0QSalpRRVOCOx95kTROK+5F5ez2vFQt53UU0CE6QifIRZeoim5QDdURRQ/oCb2gV+vRerberPfZ6JKV7xygP7A+vgHFK5/G</latexit>

~o outer
retina

<latexit sha1_base64="67X37bKlYeiFg18L46g+EN8R3RE=">AAACFXicbZDLSgMxFIYzXmu9VV26CRbBRSkzKuqy4MZlBXuBzlgy6Zk2NJMZkkyhDPMSbnwVNy4UcSu4821MpxW09YfAl/+cQ3J+P+ZMadv+spaWV1bX1gsbxc2t7Z3d0t5+U0WJpNCgEY9k2ycKOBPQ0ExzaMcSSOhzaPnD60m9NQKpWCTu9DgGLyR9wQJGiTZWt1RxR0BTV4Y4yu5Tt5IjEwJklnV/7hI0E8QYpbJdtXPhRXBmUEYz1bulT7cX0SQEoSknSnUcO9ZeSqRmlENWdBMFMaFD0oeOQUFCUF6ab5XhY+P0cBBJc4TGuft7IiWhUuPQN50h0QM1X5uY/9U6iQ6uvJSJONEg6PShIOFYR3gSEe4xCVTzsQFCJTN/xXRAJKHaBFk0ITjzKy9C87TqXFTPbs/LtcosjgI6REfoBDnoEtXQDaqjBqLoAT2hF/RqPVrP1pv1Pm1dsmYzB+iPrI9vpr2fsw==</latexit>

~o inner
retina

<latexit sha1_base64="wGL6cCKiIEsrjaA1JHb2asjPMUk=">AAACInicbZDLSgMxFIYz9VbrrerSTbAILkqZqeJtVXDjsoK9QKeWTHrahmYyQ5IplGGexY2v4saFoq4EH8Z0WkFbDwS+/P85JOf3Qs6Utu1PK7O0vLK6ll3PbWxube/kd/fqKogkhRoNeCCbHlHAmYCaZppDM5RAfI9DwxteT/zGCKRigbjT4xDaPukL1mOUaCN18pfuCGjsSh+PkvvYLabYl0EUdspXKgpBppck6fyYEjQTxAj5gl2y08KL4MyggGZV7eTf3W5AIx+Eppwo1XLsULdjIjWjHJKcGykICR2SPrQMCuKDasfpigk+MkoX9wJpjtA4VX9PxMRXaux7ptMneqDmvYn4n9eKdO+iHTMRRhoEnT7UizjWAZ7khbtMAtV8bIBQycxfMR0QSag2qeZMCM78yotQL5ecs9LJ7WmhUpzFkUUH6BAdIwedowq6QVVUQxQ9oCf0gl6tR+vZerM+pq0Zazazj/6U9fUNgMSldA==</latexit>

~v group2:supergroup
retina

<latexit sha1_base64="yG5hmpreSIxKJPuQeXQ8z/WtTzw=">AAACInicbZDLSgMxFIYzXmu9jbp0EyyCi1JmVLytCm5cVrAX6NSSSU/b0ExmSDKFMsyzuPFV3LhQ1JXgw5hOK2jrgcCX/z+H5Px+xJnSjvNpLSwuLa+s5tby6xubW9v2zm5NhbGkUKUhD2XDJwo4E1DVTHNoRBJI4HOo+4PrsV8fglQsFHd6FEErID3BuowSbaS2fekNgSaeDPAwvU+8YoY9GcZR271ScQQyu6Rp+8eUoJkgRrALTsnJCs+DO4UCmlalbb97nZDGAQhNOVGq6TqRbiVEakY5pHkvVhAROiA9aBoUJADVSrIVU3xolA7uhtIcoXGm/p5ISKDUKPBNZ0B0X816Y/E/rxnr7kUrYSKKNQg6eagbc6xDPM4Ld5gEqvnIAKGSmb9i2ieSUG1SzZsQ3NmV56F2XHLPSie3p4VycRpHDu2jA3SEXHSOyugGVVAVUfSAntALerUerWfrzfqYtC5Y05k99Kesr29/IqVz</latexit>

~v group1:supergroup
retina

<latexit sha1_base64="5a7GkovQBLuv29tjvATBT5ZIjHA=">AAACIHicbZDLSgMxFIYz9VbrrerSTbAILkqZUVFxJbhxWcFeoFNLJj1tQzPJkGQqZZhHceOruHGhiO70aUwvgrYeCHz8/zmcnD+IONPGdT+dzMLi0vJKdjW3tr6xuZXf3qlqGSsKFSq5VPWAaOBMQMUww6EeKSBhwKEW9K9Gfm0ASjMpbs0wgmZIuoJ1GCXGSq38mT8AmvgqxIP0LvGLY9RxBKqrZBxd3EvF22na+rEUGCaIFfIFt+SOC8+DN4UCmla5lf/w25LGIQhDOdG64bmRaSZEGUY5pDk/1hAR2iddaFgUJATdTMYHpvjAKm3ckco+YfBY/T2RkFDrYRjYzpCYnp71RuJ/XiM2nfNmwkQUGxB0sqgTc2wkHqWF20wBNXxogVDF7F8x7RFFqLGZ5mwI3uzJ81A9KnmnpeObk8JlcRpHFu2hfXSIPHSGLtE1KqMKougBPaEX9Oo8Os/Om/M+ac0405ld9Kecr28ufqTK</latexit>

~v supergroup:world
retina

<latexit sha1_base64="kvKwauHUVaFSHk4zdUeOz0+jF+0=">AAACHXicbVDLSgMxFM34rPVVdekmWAQXpcxoUXFVcOOygn1Ap5ZMetuGZpIhyRTKMD/ixl9x40IRF27EvzF9CNp6IHA4515uzgkizrRx3S9naXlldW09s5Hd3Nre2c3t7de0jBWFKpVcqkZANHAmoGqY4dCIFJAw4FAPBtdjvz4EpZkUd2YUQSskPcG6jBJjpXau5A+BJr4K8TC9T/zChMrYgLrqKRlHbS9N2z+6AsMEsUIu7xbdCfAi8WYkj2aotHMffkfSOARhKCdaNz03Mq2EKMMohzTrxxoiQgekB01LBQlBt5JJuhQfW6WDu1LZJwyeqL83EhJqPQoDOxkS09fz3lj8z2vGpnvZSpiIbFxBp4e6McdG4nFVuMMUUMNHlhCqmP0rpn2iCLXt6KwtwZuPvEhqp0XvvHh2W8qXC7M6MugQHaET5KELVEY3qIKqiKIH9IRe0Kvz6Dw7b877dHTJme0coD9wPr8BC6ujFA==</latexit>

~v outer:group1

retina

<latexit sha1_base64="gMwRs00oCGJClfZpU3aZSnfd0SU=">AAACHXicbZDLSsNAFIYnXmu9VV26GSyCi1ISLSquCm5cVrAXaGKYTE/boZNJmJkUSsiLuPFV3LhQxIUb8W2cXgRt/WHg5zvncOb8QcyZ0rb9ZS0tr6yurec28ptb2zu7hb39hooSSaFOIx7JVkAUcCagrpnm0IolkDDg0AwG1+N6cwhSsUjc6VEMXkh6gnUZJdogv1Bxh0BTV4Z4mN2nbmlimRAgr3oySmLfyTL/h0vQTBADCkW7bE+EF40zM0U0U80vfLidiCYhCE05Uart2LH2UiI1oxyyvJsoiAkdkB60jRUkBOWlk+syfGxIB3cjaZ7QeEJ/T6QkVGoUBqYzJLqv5mtj+F+tnejupZcyEScaBJ0u6iYc6wiPo8IdJoFqPjKGUMnMXzHtE0moNoHmTQjO/MmLpnFads7LZ7eVYrU0iyOHDtEROkEOukBVdINqqI4oekBP6AW9Wo/Ws/VmvU9bl6zZzAH6I+vzG+yWowE=</latexit>

~v inner:group1

retina

causal structure 7

<latexit sha1_base64="2MwTgE6CmDtSeDyKOJ/eP8Gp8+o=">AAACHnicbZDLSgMxFIYz9VbrrerSTbAILkqZqVdcFdy4rGAv0Kklk562oZnMkGQKZZgnceOruHGhiOBK38Z0WkFbDwQ+/v+cJOf3Qs6Utu0vK7O0vLK6ll3PbWxube/kd/fqKogkhRoNeCCbHlHAmYCaZppDM5RAfI9DwxteT/zGCKRigbjT4xDaPukL1mOUaCN18mfuCGjsSh+PkvvYLaZIQWiQV30ZRGGnnCSdH0OCZoIYIV+wS3ZaeBGcGRTQrKqd/IfbDWjkm4spJ0q1HDvU7ZhIzSiHJOdGCkJCh6QPLYOC+KDacbpego+M0sW9QJojNE7V3xMx8ZUa+57p9IkeqHlvIv7ntSLdu2zHTISRBkGnD/UijnWAJ1nhLpNANR8bIFQy81dMB0QSatJROROCM7/yItTLJee8dHJ7WqgUZ3Fk0QE6RMfIQReogm5QFdUQRQ/oCb2gV+vRerberPdpa8aazeyjP2V9fgPA5aNx</latexit>

~v center:group2

retina

<latexit sha1_base64="2PeHugHjJ/jN4Pr9EMcTEFUXVnU=">AAACHnicbZDLSgMxFIYzXmu9VV26CRbBRSkz3nFVcOOygr1AZxwy6WkbmskMSaZQhnkSN76KGxeKCK70bUwvgrYeCHz8/zlJzh/EnClt21/WwuLS8spqbi2/vrG5tV3Y2a2rKJEUajTikWwGRAFnAmqaaQ7NWAIJAw6NoH898hsDkIpF4k4PY/BC0hWswyjRRvILZ+4AaOrKEA+y+9QtjZGC0CCvujJKYt/JMv/HkKCZIEYoFO2yPS48D84UimhaVb/w4bYjmoTmYsqJUi3HjrWXEqkZ5ZDl3URBTGifdKFlUJAQlJeO18vwoVHauBNJc4TGY/X3REpCpYZhYDpDontq1huJ/3mtRHcuvZSJONEg6OShTsKxjvAoK9xmEqjmQwOESmb+immPSEJNOipvQnBmV56H+nHZOS+f3J4WK6VpHDm0jw7QEXLQBaqgG1RFNUTRA3pCL+jVerSerTfrfdK6YE1n9tCfsj6/Ab9Oo3A=</latexit>

~v center:group1

retina

causal structure 8

<latexit sha1_base64="gMwRs00oCGJClfZpU3aZSnfd0SU=">AAACHXicbZDLSsNAFIYnXmu9VV26GSyCi1ISLSquCm5cVrAXaGKYTE/boZNJmJkUSsiLuPFV3LhQxIUb8W2cXgRt/WHg5zvncOb8QcyZ0rb9ZS0tr6yurec28ptb2zu7hb39hooSSaFOIx7JVkAUcCagrpnm0IolkDDg0AwG1+N6cwhSsUjc6VEMXkh6gnUZJdogv1Bxh0BTV4Z4mN2nbmlimRAgr3oySmLfyTL/h0vQTBADCkW7bE+EF40zM0U0U80vfLidiCYhCE05Uart2LH2UiI1oxyyvJsoiAkdkB60jRUkBOWlk+syfGxIB3cjaZ7QeEJ/T6QkVGoUBqYzJLqv5mtj+F+tnejupZcyEScaBJ0u6iYc6wiPo8IdJoFqPjKGUMnMXzHtE0moNoHmTQjO/MmLpnFads7LZ7eVYrU0iyOHDtEROkEOukBVdINqqI4oekBP6AW9Wo/Ws/VmvU9bl6zZzAH6I+vzG+yWowE=</latexit>

~v inner:group1

retina

<latexit sha1_base64="IJrZUS/iOSn4oc//n7aVOq9ifOw=">AAACFnicbZDLSsNAFIYnXmu9VV26GSyCCy2JiroU3LisYC/QxDKZntbBySTMnAgl5Cnc+CpuXCjiVtz5Nk7bCN5+GPj5zjmcOX+YSGHQdT+cqemZ2bn50kJ5cWl5ZbWytt40cao5NHgsY90OmQEpFDRQoIR2ooFFoYRWeHM2qrduQRsRq0scJhBEbKBEX3CGFnUre/4t8MzXEY3zq8zfHVtkegCY590voAGFYhZUqm7NHYv+NV5hqqRQvVt593sxTyNQyCUzpuO5CQYZ0yi4hLzspwYSxm/YADrWKhaBCbLxWTndtqRH+7G2TyEd0+8TGYuMGUah7YwYXpvftRH8r9ZJsX8SZEIlKYLik0X9VFKM6Sgj2hMaOMqhNYxrYf9K+TXTjKNNsmxD8H6f/Nc092veUe3g4rB6ulvEUSKbZIvsEI8ck1NyTuqkQTi5Iw/kiTw7986j8+K8TlqnnGJmg/yQ8/YJf/egKA==</latexit>

~o target
retina

<latexit sha1_base64="lLN0JyZwaQ/oW1SZiBB6nNJMzNg=">AAACFXicbVDLSgMxFM34rPU16tJNsAguSplRUZcFNy4r2Ad0xpJJb9vQTGZIMoUyzE+48VfcuFDEreDOvzFtR9DWA4GTc+4lOSeIOVPacb6speWV1bX1wkZxc2t7Z9fe22+oKJEU6jTikWwFRAFnAuqaaQ6tWAIJAw7NYHg98ZsjkIpF4k6PY/BD0hesxyjRRurYZW8ENPVkiKPsPvXKM5pokFnW+blL0EwQI9glp+JMgReJm5MSylHr2J9eN6JJCEJTTpRqu06s/ZRIzSiHrOglCmJCh6QPbUMFCUH56TRVho+N0sW9SJojNJ6qvzdSEio1DgMzGRI9UPPeRPzPaye6d+WnTMQmpqCzh3oJxzrCk4pwl0mgmo8NIVQy81dMB0QSalpRRVOCOx95kTROK+5F5ez2vFQt53UU0CE6QifIRZeoim5QDdURRQ/oCb2gV+vRerberPfZ6JKV7xygP7A+vgHFK5/G</latexit>

~o outer
retina

<latexit sha1_base64="67X37bKlYeiFg18L46g+EN8R3RE=">AAACFXicbZDLSgMxFIYzXmu9VV26CRbBRSkzKuqy4MZlBXuBzlgy6Zk2NJMZkkyhDPMSbnwVNy4UcSu4821MpxW09YfAl/+cQ3J+P+ZMadv+spaWV1bX1gsbxc2t7Z3d0t5+U0WJpNCgEY9k2ycKOBPQ0ExzaMcSSOhzaPnD60m9NQKpWCTu9DgGLyR9wQJGiTZWt1RxR0BTV4Y4yu5Tt5IjEwJklnV/7hI0E8QYpbJdtXPhRXBmUEYz1bulT7cX0SQEoSknSnUcO9ZeSqRmlENWdBMFMaFD0oeOQUFCUF6ab5XhY+P0cBBJc4TGuft7IiWhUuPQN50h0QM1X5uY/9U6iQ6uvJSJONEg6PShIOFYR3gSEe4xCVTzsQFCJTN/xXRAJKHaBFk0ITjzKy9C87TqXFTPbs/LtcosjgI6REfoBDnoEtXQDaqjBqLoAT2hF/RqPVrP1pv1Pm1dsmYzB+iPrI9vpr2fsw==</latexit>

~o inner
retina

<latexit sha1_base64="4py0DMmoZsM7oJoDoPRRsfTlG+w=">AAACHXicbZDNSgMxFIUz/lv/qi7dBIvgQsqMFhVXBTcuFawtdMYhk97WYCYZkkylDPMibnwVNy4UceFGfBvTOoK2HggcvnsvN/dECWfauO6nMzU9Mzs3v7BYWlpeWV0rr29caZkqCg0quVStiGjgTEDDMMOhlSggccShGd2eDuvNPijNpLg0gwSCmPQE6zJKjEVhueb3gWa+inE/v878vZHtKZkmoXdyJxXv5Hn4wxUYJogF5YpbdUfCk8YrTAUVOg/L735H0jQGYSgnWrc9NzFBRpRhlENe8lMNCaG3pAdtawWJQQfZ6Loc71jSwV2p7BMGj+jviYzEWg/iyHbGxNzo8doQ/ldrp6Z7HGRMJKkBQb8XdVOOjcTDqHCHKaCGD6whVDH7V0xviCLU2EBLNgRv/ORJc7Vf9Q6rBxe1Sn2viGMBbaFttIs8dITq6Aydowai6B49omf04jw4T86r8/bdOuUUM5voj5yPL/8Oow0=</latexit>

~v group1:world
retina

<latexit sha1_base64="kvKwauHUVaFSHk4zdUeOz0+jF+0=">AAACHXicbVDLSgMxFM34rPVVdekmWAQXpcxoUXFVcOOygn1Ap5ZMetuGZpIhyRTKMD/ixl9x40IRF27EvzF9CNp6IHA4515uzgkizrRx3S9naXlldW09s5Hd3Nre2c3t7de0jBWFKpVcqkZANHAmoGqY4dCIFJAw4FAPBtdjvz4EpZkUd2YUQSskPcG6jBJjpXau5A+BJr4K8TC9T/zChMrYgLrqKRlHbS9N2z+6AsMEsUIu7xbdCfAi8WYkj2aotHMffkfSOARhKCdaNz03Mq2EKMMohzTrxxoiQgekB01LBQlBt5JJuhQfW6WDu1LZJwyeqL83EhJqPQoDOxkS09fz3lj8z2vGpnvZSpiIbFxBp4e6McdG4nFVuMMUUMNHlhCqmP0rpn2iCLXt6KwtwZuPvEhqp0XvvHh2W8qXC7M6MugQHaET5KELVEY3qIKqiKIH9IRe0Kvz6Dw7b877dHTJme0coD9wPr8BC6ujFA==</latexit>

~v outer:group1

retina
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Figure S9: Scenes with three moving elements. (A) Stimulus with three coherently moving
groups of dots whose velocities are such that the center (green dots) move perpendicularly to
the surrounding inner and outer rings. The three velocities share a common component such
that the relative velocities between any two elements are either 90 degrees or -90 degrees. (B) A
compact notation for the causal inference motif where an object is inferred in a reference frame
by inferring whether its relative velocity to the reference frame is zero or not. (C) The different
motion structures that the model can infer with three moving elements. Each gray outline box
implies two nested tructures corresponding to whether the relative velocity is inferred to be zero
or not. The colored arrows indicate the inferred relative velocities for the stimulus in A.
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<latexit sha1_base64="SM+He303WsQOmUj4KYkoY1DXaRI=">AAACHnicbVDJSgNBFOyJW4zbqEcvjUHwEMKM+zHgxWMEs0Amhp7OS9KkZ6GXgTDMl3jxV7x4UETwpH9jZxE0saChqHrF61d+zJlUjvNl5ZaWV1bX8uuFjc2t7R17d68uIy0o1GjEI9H0iQTOQqgppjg0YwEk8Dk0/OH12G8kICSLwjs1iqEdkH7IeowSZaSOfe4lQFNPBDjJ7lOvNKFSxyD6ItJxiWZZ50cWwE0qASPZRafsTIAXiTsjRTRDtWN/eN2I6gBCRTmRsuU6sWqnRChGOWQFT0uICR2SPrQMDUkAsp1OzsvwkVG6uBcJ80KFJ+rvREoCKUeBbyYDogZy3huL/3ktrXpX7ZSFsVYQ0uminuZYRXjcFe4yAVTxkSGECmb+iumACEKVabRgSnDnT14k9ZOye1E+vT0rVkqzOvLoAB2iY+SiS1RBN6iKaoiiB/SEXtCr9Wg9W2/W+3Q0Z80y++gPrM9vOSajvA==</latexit>

~v supergroup,c
relative

<latexit sha1_base64="4xtGQ9TBL65/zRfd2EyuWXTdgMs=">AAAB7XicbVBNS8NAEJ34WetX1aOXxSJ4kJKoqMeCF48V7Ae0oWw2m3btJht2J4VS+h+8eFDEq//Hm//GbZuDtj4YeLw3w8y8IJXCoOt+Oyura+sbm4Wt4vbO7t5+6eCwYVSmGa8zJZVuBdRwKRJeR4GSt1LNaRxI3gwGd1O/OeTaCJU84ijlfkx7iYgEo2ilRmcYKjTdUtmtuDOQZeLlpAw5at3SVydULIt5gkxSY9qem6I/phoFk3xS7GSGp5QNaI+3LU1ozI0/nl07IadWCUmktK0EyUz9PTGmsTGjOLCdMcW+WfSm4n9eO8Po1h+LJM2QJ2y+KMokQUWmr5NQaM5QjiyhTAt7K2F9qilDG1DRhuAtvrxMGhcV77py+XBVrp7ncRTgGE7gDDy4gSrcQw3qwOAJnuEV3hzlvDjvzse8dcXJZ47gD5zPH8dtjzQ=</latexit>...

<latexit sha1_base64="eDBhpVVQPE1byNRlsdmUrQEuQlI=">AAAB+XicbVDLSsNAFJ3UV62vqEs3g1VwVRIVlYJQceOygn1AG8pkMmmHziPMTAol9E/cuFDErX/izr9x2mahrQcuHM65l3vvCRNGtfG8b6ewsrq2vlHcLG1t7+zuufsHTS1ThUkDSyZVO0SaMCpIw1DDSDtRBPGQkVY4vJ/6rRFRmkrxZMYJCTjqCxpTjIyVeq6bdRWHkTS6im796t2k55a9ijcDXCZ+TsogR73nfnUjiVNOhMEMad3xvcQEGVKGYkYmpW6qSYLwEPVJx1KBONFBNrt8Ak+tEsFYKlvCwJn6eyJDXOsxD20nR2agF72p+J/XSU18E2RUJKkhAs8XxSmDRsJpDDCiimDDxpYgrKi9FeIBUggbG1bJhuAvvrxMmucV/6py8XhZrp3kcRTBETgGZ8AH16AGHkAdNAAGI/AMXsGbkzkvzrvzMW8tOPnMIfgD5/MHaO6Sxg==</latexit>

dots : a = 1 : A
<latexit sha1_base64="vctK1QtYCMuepefkl7BeFgcORD4=">AAAB+3icbVDLSsNAFJ34rPUV69LNYBVclURFpSAU3bisYB/QhjKZTtqh8wgzE7GE/IobF4q49Ufc+TdO2yy09cCFwzn3cu89YcyoNp737Swtr6yurRc2iptb2zu77l6pqWWiMGlgyaRqh0gTRgVpGGoYaceKIB4y0gpHtxO/9UiUplI8mHFMAo4GgkYUI2OlnltKu4rDgZJJrKvhtV+9yXpu2at4U8BF4uekDHLUe+5Xty9xwokwmCGtO74XmyBFylDMSFbsJprECI/QgHQsFYgTHaTT2zN4bJU+jKSyJQycqr8nUsS1HvPQdnJkhnrem4j/eZ3ERFdBSkWcGCLwbFGUMGgknAQB+1QRbNjYEoQVtbdCPEQKYWPjKtoQ/PmXF0nztOJfVM7uz8u1ozyOAjgAh+AE+OAS1MAdqIMGwOAJPINX8OZkzovz7nzMWpecfGYf/IHz+QMg4JPC</latexit>

groups : b = 1 : B
<latexit sha1_base64="XnW18s4zlhMMbiY8KiDovDtr5wE=">AAACAHicbVDLSgMxFM34rPU16sKFm2AVXJUZFZWCUOjGZQX7gHYomTTThmaSkGSEMszGX3HjQhG3foY7/8a0nYW2HrhwOOde7r0nlIxq43nfztLyyuraemGjuLm1vbPr7u03tUgUJg0smFDtEGnCKCcNQw0jbakIikNGWuGoNvFbj0RpKviDGUsSxGjAaUQxMlbquYdpV8VQJ5KogRKJ1BV861dqWc8teWVvCrhI/JyUQI56z/3q9gVOYsINZkjrju9JE6RIGYoZyYrdRBOJ8AgNSMdSjmKig3T6QAZPrdKHkVC2uIFT9fdEimKtx3FoO2Nkhnrem4j/eZ3ERDdBSrlMDOF4tihKGDQCTtKAfaoINmxsCcKK2lshHiKFsLGZFW0I/vzLi6R5Xvavyhf3l6XqSR5HARyBY3AGfHANquAO1EEDYJCBZ/AK3pwn58V5dz5mrUtOPnMA/sD5/AFXNJYl</latexit>

supergroups : c = 1 : C

<latexit sha1_base64="XQZmwJpNmD3hQpr8T6i1yetOUXk=">AAACF3icbVDLSgMxFM34rPVVdekmWAQXpcyoqMuCG5cV7AM6tWQyd9rQzGRIMoUyzF+48VfcuFDEre78G9NpBW09EDg551ySe7yYM6Vt+8taWl5ZXVsvbBQ3t7Z3dkt7+00lEkmhQQUXsu0RBZxF0NBMc2jHEkjocWh5w+uJ3xqBVExEd3ocQzck/YgFjBJtpF6p6o6Apq4M8Si7T91KTn2hKyTLej93CdzER2CkUtmu2jnwInFmpIxmqPdKn64vaBJCpCknSnUcO9bdlEjNKIes6CYKYkKHpA8dQyMSguqm+V4ZPjaKjwMhzYk0ztXfEykJlRqHnkmGRA/UvDcR//M6iQ6uuimL4kRDRKcPBQnHWuBJSdhnEqjmY0MIlcz8FdMBkYRqU2XRlODMr7xImqdV56J6dnterlVmdRTQITpCJ8hBl6iGblAdNRBFD+gJvaBX69F6tt6s92l0yZrNHKA/sD6+AfWAoF8=</latexit>

~v dot,a
relative

<latexit sha1_base64="uk9QksQpcui3UOVbBFsNLXX3+rQ=">AAACGXicbVDLSsNAFJ34rPUVdelmsAguSklU1GXBjcsK9gFNLJPpbTt08mBmEighv+HGX3HjQhGXuvJvnKYRtPXAwOGce7hzjxdxJpVlfRlLyyura+uljfLm1vbOrrm335JhLCg0achD0fGIBM4CaCqmOHQiAcT3OLS98fXUbycgJAuDOzWJwPXJMGADRonSUs+0nARo6ggfJ9l96lRzOhRhHFW9LOv9KAK4DiSgJbNi1awceJHYBamgAo2e+eH0Qxr7ECjKiZRd24qUmxKhGOWQlZ1YQkTomAyhq2lAfJBuml+W4WOt9PEgFPoFCufq70RKfCknvqcnfaJGct6biv953VgNrtyUBVGsIKCzRYOYYxXiaU24zwRQxSeaECqY/iumIyIIVbrMsi7Bnj95kbROa/ZF7ez2vFKvFnWU0CE6QifIRpeojm5QAzURRQ/oCb2gV+PReDbejPfZ6JJRZA7QHxif38V3oVo=</latexit>

~v group,b
relative

<latexit sha1_base64="3hUSB0zLa5dJRDOMHec/s6axKqE=">AAACBHicbZC7TsMwFIadcivlFmDsYlEhMVRVAggYK7EwFolepCZUjuO0Vp04sp2iKsrAwquwMIAQKw/Bxtvgphmg5ZcsffrPOTo+vxczKpVlfRulldW19Y3yZmVre2d3z9w/6EieCEzamDMueh6ShNGItBVVjPRiQVDoMdL1xtezendChKQ8ulPTmLghGkY0oBgpbQ3MqjMhOHVECCfZferUc3zggvlZNjBrVsPKBZfBLqAGCrUG5pfjc5yEJFKYISn7thUrN0VCUcxIVnESSWKEx2hI+hojFBLppvkRGTzWjg8DLvSLFMzd3xMpCqWchp7uDJEaycXazPyv1k9UcOWmNIoTRSI8XxQkDCoOZ4lAnwqCFZtqQFhQ/VeIR0ggrHRuFR2CvXjyMnROG/ZF4+z2vNasF3GUQRUcgRNgg0vQBDegBdoAg0fwDF7Bm/FkvBjvxse8tWQUM4fgj4zPHzcEmGc=</latexit>

~v world

<latexit sha1_base64="lDMKjmZ/QUDhSTx1+G8b17RhZJA=">AAACC3icbZDLSsNAFIYnXmu9RV26GVoEF6UkKuqy4MZlBXuBJpbJ9KQdOrkwMymUkL0bX8WNC0Xc+gLufBunaRba+sPAx3/O4cz5vZgzqSzr21hZXVvf2Cxtlbd3dvf2zYPDtowSQaFFIx6JrkckcBZCSzHFoRsLIIHHoeONb2b1zgSEZFF4r6YxuAEZhsxnlCht9c2KMwGaOiLAk+whdWo5yiQGMRRREtdolvXNqlW3cuFlsAuookLNvvnlDCKaBBAqyomUPduKlZsSoRjlkJWdREJM6JgMoacxJAFIN81vyfCJdgbYj4R+ocK5+3siJYGU08DTnQFRI7lYm5n/1XqJ8q/dlIVxoiCk80V+wrGK8CwYPGACqOJTDYQKpv+K6YgIQpWOr6xDsBdPXob2Wd2+rJ/fXVQbtSKOEjpGFXSKbHSFGugWNVELUfSIntErejOejBfj3fiYt64YxcwR+iPj8we+TZtw</latexit>

~v supergroup,c

<latexit sha1_base64="VPiICSNvMWuAzjJjEPjKC77Kb7Q=">AAACBnicbZDLSsNAFIYnXmu9RV2KMFgEF6UkKuqy4MZlBXuBJpbJdNIOncyEmUmhhKzc+CpuXCji1mdw59s4TbPQ1h8GPv5zDmfOH8SMKu0439bS8srq2nppo7y5tb2za+/tt5RIJCZNLJiQnQApwignTU01I51YEhQFjLSD0c203h4Tqajg93oSEz9CA05DipE2Vs8+8sYEp56M4Dh7SL1qjgMpkrgaZFnPrjg1JxdcBLeACijU6NlfXl/gJCJcY4aU6rpOrP0USU0xI1nZSxSJER6hAeka5Cgiyk/zMzJ4Ypw+DIU0j2uYu78nUhQpNYkC0xkhPVTztan5X62b6PDaTymPE004ni0KEwa1gNNMYJ9KgjWbGEBYUvNXiIdIIqxNcmUTgjt/8iK0zmruZe387qJSrxZxlMAhOAanwAVXoA5uQQM0AQaP4Bm8gjfryXqx3q2PWeuSVcwcgD+yPn8AdPuZDg==</latexit>

~v group,b

<latexit sha1_base64="L66Xgk3Vb8g7bKm7kt/3n7MZEgI=">AAACBHicbZC7TsMwFIYdrqXcAoxdLCokhqpKAAFjJRbGItGL1ITKcdzWqmNHtlOpijKw8CosDCDEykOw8Ta4aQZo+SVLn/5zjo7PH8SMKu0439bK6tr6xmZpq7y9s7u3bx8ctpVIJCYtLJiQ3QApwignLU01I91YEhQFjHSC8c2s3pkQqajg93oaEz9CQ04HFCNtrL5d8SYEp56M4CR7SL1ajqHQNZRlfbvq1J1ccBncAqqgULNvf3mhwElEuMYMKdVznVj7KZKaYkayspcoEiM8RkPSM8hRRJSf5kdk8MQ4IRwIaR7XMHd/T6QoUmoaBaYzQnqkFmsz879aL9GDaz+lPE404Xi+aJAwqAWcJQJDKgnWbGoAYUnNXyEeIYmwNrmVTQju4snL0D6ru5f187uLaqNWxFECFXAMToELrkAD3IImaAEMHsEzeAVv1pP1Yr1bH/PWFauYOQJ/ZH3+ALZ1mBM=</latexit>

~v dot,a

<latexit sha1_base64="ncPS+P6cfMYJFjcN9bd79WNQO5E=">AAACBHicbZC7TsMwFIYdrqXcAoxdLCokhqpKAAFjJRbGItGL1ITKcdzWqmNHtlOpijKw8CosDCDEykOw8Ta4aQZo+SVLn/5zjo7PH8SMKu0439bK6tr6xmZpq7y9s7u3bx8ctpVIJCYtLJiQ3QApwignLU01I91YEhQFjHSC8c2s3pkQqajg93oaEz9CQ04HFCNtrL5d8SYEp56MoMgeUq+WYyh0DWVZ3646dScXXAa3gCoo1OzbX14ocBIRrjFDSvVcJ9Z+iqSmmJGs7CWKxAiP0ZD0DHIUEeWn+REZPDFOCAdCmsc1zN3fEymKlJpGgemMkB6pxdrM/K/WS/Tg2k8pjxNNOJ4vGiQMagFnicCQSoI1mxpAWFLzV4hHSCKsTW5lE4K7ePIytM/q7mX9/O6i2qgVcZRABRyDU+CCK9AAt6AJWgCDR/AMXsGb9WS9WO/Wx7x1xSpmjsAfWZ8/q2KYDA==</latexit>

~o dot,a

Figure S10: Alternative (hypothetical) model for hierarchical motion perception. The motif
presented in Figure 1F could be stacked alternatively to Figure 1G such that the perceived
velocity (gray shaded box) forms the reference frame for the level below. Such a model would
be consistent with previous work in orientation perception (47,48) where the perceived context
value influences the perception of target stimuli. Experiment 1 cannot separate between this
structure and Figure 1G as both the perceived and retinal group velocities are the same. But
results from experiment 2 (with an additional level of hierarchy) flalsify this model and support
our causal inference model presented in Figure 1G.
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Figure S11: Individual responses in experiment 2. Individual responses across trials for
observers in experiment 2 for the experimental condition shown in Figure 5A. Each dot cor-
responds to the response on a single trial and the violin plot is the empirical histogram of
responses. The responses are summarized using the circular marginal median along with 95%
CI as indicated by the errorbars to the left of each violin plot.
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<latexit sha1_base64="e6wwPgirwbvBCDJqfhiWWlKjH+4=">AAACBnicbVDNS8MwHE3n15xfVY8iBKfgQUaroh4HXjxOcB+w1pFm6RaWJiVJB6P05MV/xYsHRbz6N3jzvzHretDpg8DLe78fyXtBzKjSjvNllRYWl5ZXyquVtfWNzS17e6elRCIxaWLBhOwESBFGOWlqqhnpxJKgKGCkHYyup357TKSigt/pSUz8CA04DSlG2kg9e98bE5x6MoIeT7L71DvJLyLRRGZZz646NScH/EvcglRBgUbP/vT6AicR4RozpFTXdWLtp0hqihnJKl6iSIzwCA1I11COIqL8NI+RwSOj9GEopDlcw1z9uZGiSKlJFJjJCOmhmvem4n9eN9HhlZ9SHptUHM8eChMGtYDTTmCfSoI1mxiCsKTmrxAPkUTYlKAqpgR3PvJf0jqtuRe1s9vzav2wqKMM9sABOAYuuAR1cAMaoAkweABP4AW8Wo/Ws/Vmvc9GS1axswt+wfr4Bs+3mUM=</latexit>
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Figure S12: Additional empirical results with three moving elements. (A) Stimulus
schematic. The observer performs an estimation task in which they have to report the direc-
tion of green dots (center) using a dial. (B) Stimulus schematic. The observer performs an
estimation task in which they have to report the direction of green dots (inner ring) using a
dial.(C,D,G,H) Observer responses (and 95 % CI) for center percept for different stimulus con-
ditions that define the velocities of the center, inner ring, and outer ring. The group of dots
that are displayed in the inset are the coherently moving dots in that condition with velocities
indicated by the vectors. The dots not displayed move randomly. The velocities are chosen
such that the center always moves at 0 degrees (horizontally) and the two rings move with the
same horizontal component but opposite vertical components such that the relative velocities
are either 90 degrees (center and inner ring) or -90 degrees (center and outer ring). This ar-
rangement is rotated around the circle across trials to account for any reporting biases. (E,F,I,J)
Observer responses (and 95 % CI) for inner ring percepts for different stimulus conditions sim-
ilar to C,D,G,H. The observer always reports the direction of the green dots and in these trials
the green dots form the inner ring whereas they formed the center in C,D,G,H. For (I), the tick-
labels indicate the absolute angular difference between the inner and outer ring directions and
the brackets indicate the inner ring direction.
In two control conditions (C,E), the observers reported either the center or the inner ring’s di-
rection respectively, which was found to be aligned with the presented retinal direction demon-
strating no reporting biases. When the center and inner ring moved coherently (D,F), the center
direction reports followed the same pattern as predicted in experiment 1 (integration for small
inner ring directions and segmentation for larger inner ring directions). The inner ring percepts
(F) were largely unaffected by the center suggesting that the inner ring predominantly deter-
mines the group velocity. When the center and outer ring moved coherently (G), seven out of
nine observers displayed significant negative biases. This outcome supports the notion of per-
ceiving the relative velocity of the center to the outer ring, albeit with a low modulation index
suggesting the effect of a surround on the center diminishes with increasing spatial separation
between them. Similarly, when the inner and outer rings moved together (I), a weak integration
was visible (flattening of the curve beyond the dashed line) for an absolute angular difference is
8 degrees (significant with p<0.05 across observers; significant with p<0.05 for 5/9 observers).
We also see significant biases (p<0.001 across observers and also for each observer) consistent
with perceiving the inner ring relative to the outer ring for larger separations. Reporting the in-
ner ring directions in the condition in which all the elements move coherently (J), the observer
responses are significantly negative across and for individual observers (p<0.001) consistent
with the model predicts that the observers perceive the inner ring relative to the outer ring. The
absolute angular differences between the inner and outer ring lie between 60 to 81 degrees and
are similar to the responses when only the inner and outer rings move coherently (for large
separations) supporting the model prediction that the percept of the inner ring is the perceived
velocity of the center-inner group in the outer ring reference frame and that the group velocity
is predominantly determined by the inner ring.
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Parameter Prior Remarks
σ2
prior Lognormal(−2, 2) ∼ 90% mass ∈ [0.5◦, 75◦];

σ2
∆ Lognormal(−2, 2) see previous

σ2
center/σ

2
prior Beta prime(1, 1)

chosen this way such that
weight on the observation
in the posterior given by(

σ2
prior

σ2
center+σ2

prior

)
is uniformly

distributed
σ2
surround/σ

2
prior Beta prime(1, 1) see previous

α Beta(1.25, 1.25)
weakly informative prior with
a mode at 0.5

β center,surround Beta(1.25, 1.25) see previous

λ Beta(1, 5)
prior incorporating knowl-
edge that lapse rates are likely
to be small

µ lapse Normal(0, π)
symmetric prior over lapse
mean probabilities in radians

κ lapse Lognormal(0, 2.35) 95% mass ∈ [0.01, 100]

b Normal(0, π/2)
symmetric prior over re-
sponse biasin radians

κm Lognormal(0, 2.35) 95% mass ∈ [0.01, 100]

Table S1: The weakly informative priors used over parameters for MAP and posterior esti-
mation. When different parameters for σ2

prior are estimated for center and surround, and for
different number of surround patches, a Normal prior [N (0, 4)] is placed on the difference be-
tween the parameters incorporating knowledge that apriori all parameters are likely to be similar
for reduced displays. Similarly, a Normal prior [N (0, 0.5)] is placed on the log odds between
the estimated α values for center and surround, and for different number of surround patches
preferring similar estimates
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